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viii

Directly decoding speech from human cortical activity enables neuroprosthetic appli-
cations. An accurate auditory decoding model also facilitates neuroscientific research for
dynamic brain mechanisms through model interpretation. This work aims to decode speech
from human brain activities recorded by electrocorticography (ECoG) devices implanted
in the human cortex. The main challenge in developing such decoding models lies in the
scarcity of training data. We demonstrate that models designed with domain knowledge
of speech perception and production can decode high-quality speech with limited training
data. The interpretation of corresponding models corroborates established neuroscience
theories and provides evidence for novel neuroscientific phenomena. Our earlier effort
focuses on decoding perceived speech from neural activity in the superior temporal gyrus
(STG) cortex. We show that acceptable decoding results are achievable even with a small
amount of training data, and the trained decoder reflects the phoneme selectivity of STG.
In the second approach, we further improve the stimuli decoding performance by intro-
ducing a transfer learning method with a pre-trained GAN using a large corpus of speech
data to produce spectrograms from an abstract representation space. We then transfer it to
a bigger network with an encoder attached before, which maps the neural signal to the rep-
resentation space. By visualizing the attention mask embedded in the encoder, we observe
brain dynamics that are consistent with findings from neuroscience studies investigating dy-
namics in the superior temporal gyrus (STG), precentral gyrus (motor), and inferior frontal
gyrus (IFG). Our recent approach focuses on speech production, and we develop a novel
deep learning architecture that translates neural signals to an interpretable representational
space that can directly synthesize speech. By using either causal or anti-causal temporal
convolution, we can disentangle feedforward vs. feedback processing. Unlike prevailing
neuroscientific models for speech production, we find a mixed cortical architecture wherein
the frontal cortex processes both feedforward and feedback information in tandem across
precentral and inferior frontal sites.
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Chapter 1

Introduction

1.1 Overview and motivation

Our understanding of speech processing in the human cortex has come a long way in

the past century. Cardinal among human high order functions is the ability to perceive and

understand, as well as to plan and execute complex speech sequences which carry semantic

and linguistic meaning [11,43]. One approach to studying different cortical regions’ activity

during speech processing is to reconstruct the perceived or produced speech from intracranial

Electrocorticographic (ECoG) recordings. In addition to a finer scope study of the speech

cortical networks, a better understanding of speech processing can help the development of

better brain-computer-interface (BCI) systems to help patients with neurological conditions

that lead to loss of verbal communication.

1.2 History and previous research

Towards decoding speech perception, linear models have been utilized to quantitatively

demonstrate STG cortical representations [61]. Although the intelligibility of the recovered

speech is limited, this approach provides a means to study how the STG area reacts to speech

stimulus. Compared to speech stimulus decoding, speech production decoding for neural

speech prosthesis is generally a more challenging problem. The advances in modern deep

neural networks have brought new trust towards higher quality neural decoding for produced

1
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speech. Both convolutional neural networks (CNN) and recurrent neural networks (RNN)

have being adapted towards this goal. Akbari et al. [2] trained a feedforward neural network

to map the neural responses into vocoder parameter space for decoding the speech with a

vocoder. Densely connected 3D convolutional network has been adapted to decode speech

spectrogram directly [4, 38]. RNN has shown promising performance towards intelligible

produced speech decoding from motor cortex by introducing articulatory trajectory as an

intermediate representation [5]. In addition, natural language processing (NLP) models

have also played an essential role in decoding text from brain activity. Inspired by natural

language translation, Makin et al. [55] employed LSTM to translate text directly from the

neural signal. NLP has also been used to model the transition probability of decoded words

when reconstructing text sentences from brain [58].

Many existing studies have shown promising decoding performance towards speech neu-

ral prosthetics. However, the invasive nature of ECoG impedes convenient large-scale neural

data collection. Thus, the obtained training data is generally limited compared to the com-

mon practice of deep learning applications (such as classification on ImageNet with 14

million images). Also, despite the good quality of the decoded results, few existing works

systematically study the speech decoding network as a tool for interpreting speech cortical

networks.

We focus our research on novel speech neural decoding frameworks with higher data

efficiency and better interpretability to tackle the challenges mentioned above.

1.3 Contributions

Our goal in this work is to leverage deep learning models to decode intelligible audio

stimuli from ECoG recordings of the cortical regions, including superiortemporal, inferi-

orfrontal, precentral, and postcentral gyri. One major challenge that limits the success of

deep learning methods is the scarcity of training data. In this study, we tackle this challeng-

ing problem from two different perspectives. We propose a network structure containing an

ECoG decoder followed by a generator (Sec. 3.1 and Fig. 3.1). The ECoG decoder performs

feature extraction and maps the ECoG signal to a representation space (Sec. 3.3). The
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generator predicts realistic spectrograms from the representation space (Sec. 3.2).

For the first approach, we show that a proposed deep network inspired by WaveNet,

trained with limited available data, can reconstruct speech stimuli from STG intracra-

nial recordings. We further investigate the impulse response of the fitted model for each

recording electrode and observe phoneme level temporospectral tuning properties in some

recorded areas. This discovery is consistent with previous studies implicating the poste-

rior STG (pSTG) in speech phonetic speech representation. It provides detailed acoustic

features that specific electrode sites possibly extract during speech recognition.

For the second approach, the generator is a full capacity convolutional neural net-

work. We choose to encourage an independent and identically distributed (i.i.d.) standard

Gaussian distribution for the representation vector to pre-train the generator without prior

knowledge of the distribution of the ECoG decoder output. To address the shortage of

ECoG and speech stimuli pairs, we propose a training scheme that trains the generator

using a large corpus of natural speech data. Additionally, we introduce a regularization

term for the fine-tuning loss function that encourages the ECoG decoder’s output to fol-

low the desired distribution and helps the network increase generalization. By introducing

an attention mechanism in the ECoG decoder, we can reveal the activation of different

cortical regions during speech perception. Our results show state-of-the-art decoding of

English word stimuli from the cortical areas, including STG. Additionally, the visualization

of the attention mechanism reveals brain regions’ dynamics that are consistent with prior

neuroscientific findings.

For the third approach, we propose a novel speech synthesizer as the generator

to reconstruct a speech spectrogram from a set of interpretable speech parameters. The

speech synthesizer is constructed by several parameter-free signal processing equations so

that it dramatically reduces the network capacity; thus entire framework is less prone

to over-fit. Also, the speech parameter space we chose is biologically plausible so that

the mapping from the brain signal to the intermediate representation is efficient. This

further reduces the number of trainable parameters needed and increases the training data

efficiency. We demonstrate state-of-the-art performance for decoding produced speech. By

learning neural network architectures that apply either casual, anticausal (or both) spatial-
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temporal convolutions, we can analyze the overall feedforward and feedback contributions,

respectively, and elucidate the temporal receptive fields of recruited cortical regions. Our

analyses reveal a surprisingly mixed architecture of causal and anticausal processing across

the cortex while achieving speech decoding performance on-par or better than previously

reported. We also leverage the proposed framework to decode perceived speech and yield

accurate performance.

Although the focus of this study is on speech decoding from recorded ECoG signals, the

philosophy of intermediate representation design is general. It can be of interest in other

applications with limited training data.

1.4 Organization of the thesis

This dissertation is organized as follows: Part I (Chapter 2 - Chapter 4) will introduce

details of model design for leveraging limited training data. Part II (Chapter 6 - Chapter

8) will introduce how we interpret the decoding models that either confirm discoveries of

previous neuroscience studies or reveal new cortical phenomena during speech processing.

Finally, Chapter 9 will summarize our contributions and the plan for future works.
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PART I

Decoding Speech from Human Cortex



Chapter 2

SpecWaveNet: Wavenet Model for Stimuli

Decoding

This chapter explores the performance of a very straightforward speech neural decoding

solution: applying generic (convolutional) neural network designs and training the network

end-to-end. We show that a deep network inspired by WaveNet, trained with limited

available data, can reconstruct speech stimuli from STG intracranial recordings. We further

investigate the impulse response of the fitted model for each recording electrode and observe

phoneme level temporospectral tuning properties in some recorded areas. This discovery is

consistent with previous studies implicating the posterior STG (pSTG) in speech phonetic

speech representation. It provides detailed acoustic features that specific electrode sites

possibly extract during speech recognition.

2.1 SpecWaveNet Structure

With the constraint of a small dataset on which trained models are easily overfitted, a

trade-off between expressive power and generalization performance must be considered. To

achieve the same representation power, the model with higher parameter efficiency should

have fewer trainable parameters and, thus, less likely to overfit.

Based on the above consideration, we modified the WaveNet model, the state-of-art

model for waveform generation, to recover speech spectrograms from recorded ECoG re-

6
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sponses. The original WaveNet takes noise samples as input and sequentially generates

random-meaning audio. If trained on the natural speech dataset, the model can pro-

duce real sounding speech. It has shown success in many audio generation applications

[20, 59, 63, 68, 74]. Here, we modified Wavenet to a regression model that takes time series

ECoG signal input and outputs the spectrogram of speech.

Figure 2.1: SpecWavenet structure.

The structure of WaveNet is illustrated in Figure 2.1. The model is based on a 1d

convolution that filters along the time axis. The multiple electrodes of ECoG and frequency

bands of the spectrogram are treated as channels. After the initial convolutional layer, the

model is constructed with several residual blocks. In each block, a gated unit is used

as nonlinear activation to model the possible modulation effect of certain input temporal

patterns on the output of the speech spectrogram. The signal then passes two branches of

1×1 convolution. The first branch is added to the input of the block as the residual. The

second branch of all blocks are skipped and summed at the final post-processing layers that

convert the extracted ECoG representation to the final spectrogram output.

Dilated convolution in the gated units contributes the most to capturing spectro-temporal

patterns. This convolution has a larger perspective field than its filter length by skipping

input values with steps of a certain dilation rate. Convolution with a larger dilation rate

has a larger perspective field with the same filter length. By stacking residual blocks with

dilated convolution layers of exponentially increasing dilation rate, the WaveNet can cover

a large range of temporal samples with the number of parameters approximately equal to

the logarithm of the temporal range. This significantly improves the parameter efficiency
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in terms of temporal coverage. Meanwhile, exponentially increasing dilation rate extracts a

multi-scale representation of the ECoG signal. The summation of skip-connections from the

residual blocks allows each block to only process residual information of a certain scale. Skip

connections and residual connections improve parameter efficiency by incrementally decom-

posing the model to process multi-scale information. Batch normalization and dropout are

included between each convolutional layer to prevent the model from overfitting.

2.2 Experimental Performance of SpecWaveNet

2.2.1 Data Acquisition

The brain activities were obtained from two patients with epilepsy and undergoing

neurosurgery with an ECoG recording device [23]. The ECoG arrays have 8 by 8 electrodes

with inter-electrode spacing of 4mm and sampling rate of 3051 Hz. Electrode arrays were

implanted to cover the posterior lateral surface of the superior temporal gyrus. ECoG signals

were recorded simultaneously when subjects were participating in short tasks within five

minutes. During the task, both subjects were instructed to listen to speech audio (24 kHz

sampling rate) of 50 different English words recorded by a native English female speaker.

The first subject (S1) passively listened to each word. The same 50 words were repeated

three times in different pseudo-random order. The second subject (S2) participated in two

tasks with the same stimuli as S1. The subject was required to repeat the words they

heard during the first task and translate the perceived words to Spanish during the second

task. Each word was played twice for both tasks thus four ECoG signal examples of hearing

the same word were recorded for S2. For the current work, only the response during the

“listening” period is used to reconstruct the stimuli speech.

After synchronizing the speech waveform with ECoG signal by lagging speech with 168

ms behind, the speech spectrogram was generated by applying a 128 band-pass filter bank

on the waveform. Center frequencies of filters are logarithmically spaced from 180-7000 Hz

and have a bandwidth of 1/12 octave. The spectrogram is then subsampled to 32 bands in

frequency and 100 Hz in time. ECoG signals were preprocessed with high gamma band-pass

filter (70-150 Hz). The envelope of the filtered signal was then extracted by a Hilbert Huang
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transform and downsampled to 100 Hz to match the sampling rate of the spectrogram.

2.2.2 Spectrogram Reconstruction

For spectrogram reconstruction, we used a WaveNet with 10 residual blocks. Convolu-

tion with a filter width of 2 is used for dilated convolutions of each residual block. With

the exponentially increasing dilation rate, the network covers 1240 ms temporal perspective

field.

We also implemented linear convolution (equivalent to linear regression) and ResNet [37]

as benchmark models. One-layer linear convolution has previously been used for correlating

pSTG cortex responses and speech stimuli and for decoding speech from ECoG signals [61].

ResNet is widely used in various machine learning based audio signal processing tasks [39,48,

62,75]. Linear convolution and ResNet are designed to have the same temporal perspective

field width (1240ms) as the WaveNet. The linear convolution model uses one-layer of 1d

convolution without activation function to transform ECoG signal with 64 channels to

speech spectrogram with 32 channels. The ResNet model contains 8 residual blocks with

filter length 4 and feature number 32. These settings are also optimized by hyper-parameter

search.

Figure 2.2: Reconstruction samples of (a) linear convolution, (b) Resnet, and (c) WaveNet.

We separate the datasets into training and testing set for k-fold (k=3 for S1 and k=4

for S2) cross-validation. Each partition contains 50 individual words in the testing set. The

quantitative evaluation is based on the averaged testing result for each cross-validation.
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linear conv ResNet SpecWaveNet

MSE 0.86 0.79 0.68

CC 0.57 0.61 0.65

Table 2.1: Quantitive evaluation of SpecWavenet for S1 dataset

linear conv ResNet SpecWaveNet

MSE 0.71 0.70 0.69

CC 0.69 0.70 0.71

Table 2.2: Quantitive evaluation of SpecWavenet for S2 dataset

The datasets were segmented into short sequences of 1000 ms with overlapping 10 ms. Note

that each word lasts around 400 ms and the spacing between words is about 1000 ms. Some

of the short sequences contain only a single word, others have a partial word, and some

contain only the silent period. 17k training sequences for S1 dataset and 26k for S2 dataset

are included in each cross-validation partition. Despite a large number of segments, the

actual words contained in the training set are limited (50 words, each repeated twice for S1

and 50 words, each repeated 3 times for S2).

Both mean squared error (MSE) and correlation coefficient (CC) are used as metrics

to evaluate each method. CC is calculated based on the averaged correlation coefficient

of all 32 spectrogram frequency channels. Table 2.1 and 2.2 report the testing result for

subjects S1 and S2. Overall, WaveNet achieved the highest CC and lowest MSE for both

datasets and deep models (WaveNet and ResNet) performed better than the linear con-

volution network. The number of trainable parameters for WaveNet, ResNet, and linear

convolution was 509K, 132K, and 204K respectively. The fact that WaveNet obtained

better results with more parameters suggests that the proposed WaveNet structure has a

richer expressive power while having a better generalization capability with limited training

data. Figure 2.2 illustrates reconstructed samples of each model. Linear convolution leads

to over-smoothed spectrograms and fails to recover detailed spectral features. ResNet, on

the contrary, has over-sharpened results and suffers from artificial spectro-temporal aliasing

that causes discontinuity across time.

Even though the spectrograms of recovered and original words can be visually similar,

to decode the word waveform intelligibly and correctly requires more precise reconstruction
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of the complex acoustic features, such as Formant frequencies and fast spectro-temporal

fluctuation. We inverted the decoded spectrogram to a waveform using an iterative convex

projection approach [7] for qualitative evaluation. We have found that, although the words

in the testing set have already appeared in the training set, the ECoG recordings for the

repeated words are quite different. There is no significant higher correlation between ECoG

recordings of the same repeated words than of different words. Without sufficient data to

uncover the complex non-linear relationship between ECoG signal and speech spectrogram,

intelligible reconstruction of all speech stimuli is not expected. Nevertheless, several de-

coded words from WaveNet (“waldo”, “yich” and “pave”) are definitely intelligible. Even

though some of the reconstructed spectrograms by ResNet looked quite similar to those by

WaveNet, the reconstructed speech by ResNet is much less intelligible. The intelligible re-

construction further validates better expressive power and generalization ability of WaveNet

than benchmark models.



Chapter 3

Stimuli Decoding with Generative Transfer

Learning

3.1 Transfer-GAN: a generative network transfer learning

framework for spectrogram decoding

In our preliminary experiments (Chapter 2), we discovered that it is nearly impossible

to directly reconstruct intelligible word with complex speech structure from ECoG signal

with limited number of data pairs. On the other hand, there are plenty of natural speech

data that allows one to discriminate “fake” from “real” speech. One naive solution is

to use a GAN loss while training a network to map the ECoG signal to the Speech signal.

However, this is still limited by the number of paired ECOG and speech data. To circumvent

this challenge, we propose the transfer-GAN framework, an innovative transfer learning

approach for generative network.

The transfer-GAN framework (Fig. 3.1) contains an ECoG decoder that maps an ECoG

signal to a representation space with a prescribed distribution, followed by a generator that

generates a spectrogram from the representation vector (output of the ECoG decoder). Fi-

nally, the spectrogram is converted to the sound waveform using another network (vocoder).

Both the generator and the vocoder can be pre-trained using any large corpus of speech

data. To encourage realist spectrograms generation, a GAN loss is applied during generator

pre-training. Then, the ECoG decoder and the generator can be refined together using the

12
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paired data. This approach not only allows us to efficiently exploit the prior information

about real speech spectrograms and waveforms, but also prevents the mode collapse problem

often associated with small training data [65].

In the following, we will introduce the structure of the generator and the ECoG decoder,

the transfer learning approach to fine-tune the ECoG decoder and generator together, as

well as the vocoder used to reconstruct waveforms.

ECoG recordings

Encoder Generator Vocoderz
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Figure 3.1: Overview of the transfer-GAN framework.

3.2 Generator Network Structure

The limitation of the ECoG and speech training pairs is tackled by using a generator

network which is pre-trained on a larger corpus dataset. The generator takes a representa-

tion vector z and generates a spectrogram of a spoken word. The structure of the generator

network is shown in Fig. 3.2. Here, we introduce a structure inspired by WaveNet [74]

which has been shown to successfully generate waveforms. The efficiency of WaveNet is

that it encodes the input with multiple temporal scales. Convolutions with different di-

lation rates allow filters to span small to large temporal durations without increasing the

number of parameters. We show that a similar structure is also suitable for generating

speech spectrograms.

First, the generator projects the input vector into temporal domain with a fully con-

nected layer and reshaping. Then, several WaveNet residual blocks follow the initial con-

volution layer. In each block, signal is processed with a gated unit with certain temporal

filtering scale controlled by a dilation rate. The output of each gated unit flows into two

paths of 1×1 convolution with temporal filter width of 1. One path is further fed into the

next residual block with another temporal scale and deeper feature extraction, while the

other path (skip convolution) contributes to the final spectrogram generation by adding the
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features to the sub-network.
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Figure 3.2: Overview of the generator network. Total K = 5 residual blocks are used.
The BN, DO, and 1 × 1 in the figure denote batch normalization, dropout, and temporal
convolution with filter width 1, respectively.

Generator Pre-training. For pre-training the generator network, we use random

vectors ẑ with an i.i.d. standard Gaussian distribution as the input and try to predict real

spectrograms. In addition to common practice in training GAN networks, the sampling

from i.i.d. Gaussian distribution is used here since

• the posterior distribution of the ECoG decoder output is not known ahead of time and

a common output/input distribution should be agreed for the ECoG decoder/generator

to follow.

• Gaussian distribution has the largest entropy among all sources with the same variance

and hence maximizes the representation capacity of the representation space [14].

We use a Wasserstein Generative Adversarial Network (wGAN) [6] scheme to help with

generator pre-training. The wGAN has been proved to be a stable variation in GAN family

and has shown success for image and audio generation [1, 6, 17,64,81].

Wasserstein Generative Adversarial Network. wGAN [6] uses the Wasserstein

distance (w-distance) to measure the distance between real and generated data distributions.

Compared with the Jensen–Shannon (JS) distance used in previous GAN structure, w-

distance is continuous and differentiable with respect to the distributions. Although the

computation of such distances is not trivial, a critic network is used in wGAN to estimate

the w-distance.
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Figure 3.3: Samples from real and generated spectrogram on big corpus English word
dataset.

During training, generator learns to produce “fake” spectrograms that look like the

“real” spectrograms, ŷ, from input vector ẑ by minimizing the estimated w-distance pro-

vided by the critic network. The critic network C(y, ŷ) takes “real” spectrograms randomly

sampled from the training data, y, and the “fake” spectrograms ŷ as inputs and learns to

update the measured w-distance between y and ŷ. The generator and critic network are

trained alternatively. In our experiments, we use ResNet [37] as our critic network and

set the input vector dimension to 64. Figure 3.3 show some generated spectrogram after

generator pretraining. The generation looks very realistic.

3.3 ECoG decoder Network Structure

The ECoG decoder in our framework serves as a feature extractor that maps the ECoG

signals to a representation vector z. We use a ResNet [37] as the backbone of the ECoG

decoder. Fig. 3.4 demonstrates the structure of the ECoG decoder. In the beginning layers,

only temporal filtering along the signal from each electrode is used because the ECoG signal

has less correlations between electrodes than across time. Along with the last temporal

residual block, an attention gated unit is applied that allows the network to focus only on

more significant electrodes at each time step. This not only helps to improve the network

accuracy by ignoring the uninformative electrodes with low signal-to-noise ratio (SNR), but

also provides a way to analyze the dynamics of each cortical area. We discovered that the

evolution of the visualized attention mask over time follows prior neuroscientific findings of

the brain dynamics (see Sec. 7.2).

After extracting temporal features for several layers, the later parts of the ECoG de-
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coder further extract spatiotemporal features with residual blocks using 3D convolution.

At the output layer, instead of embedding to latent vector z directly, we use the “repa-

rameterization trick” [52] to encourage the generated vector z to follow the desired i.i.d.

Gaussian distribution as the input to the pre-trained generator. This also regularizes the

ECoG decoder during fine-tuning, which in turn results in better generalization with small

amount of training data.

C
on

v
(1

6 
x 

1 
x 

1)

Res block
(4 x 1 x 1)

Conv
(8 x 1 x 1)

⇥<latexit sha1_base64="y3ZFcWqBEabekax7ttofWU1jMYg=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48V7Ae0oWy2m3btZhN2J0IJ/Q9ePCji1f/jzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6wEnC/YgOlQgFo2ilVg9FxE2/XHGr7hxklXg5qUCORr/81RvELI24QiapMV3PTdDPqEbBJJ+WeqnhCWVjOuRdSxW1S/xsfu2UnFllQMJY21JI5urviYxGxkyiwHZGFEdm2ZuJ/3ndFMNrPxMqSZErtlgUppJgTGavk4HQnKGcWEKZFvZWwkZUU4Y2oJINwVt+eZW0alXvolq7v6zUb/I4inACp3AOHlxBHe6gAU1g8AjP8ApvTuy8OO/Ox6K14OQzx/AHzucPt3mPOA==</latexit>

R
es

 b
lo

ck
(4

 x
 2

 x
 2

)

R
es

 b
lo

ck
(4

 x
 2

 x
 2

)

Sp
at

ia
l 

Po
ol

in
g

C
on

v
(4

 x
 1

 x
 1

)

Fl
at

te
n

FC

FC

EC
oG

T
⇥

H
⇥

W
<latexit sha1_base64="VVIlb/0qPJNOrgGhimTGs3SIKW0=">AAAB/HicbZDLSsNAFIYn9VbrLdqlm8EiuCpJFXRZdNNlhd6gDWUynbRDJ5MwcyKEUF/FjQtF3Pog7nwbp20Ebf1h4OM/53DO/H4suAbH+bIKG5tb2zvF3dLe/sHhkX180tFRoihr00hEqucTzQSXrA0cBOvFipHQF6zrT+/m9e4DU5pHsgVpzLyQjCUPOCVgrKFdbuEB8JBp3PiB7tCuOFVnIbwObg4VlKs5tD8Ho4gmIZNABdG67zoxeBlRwKlgs9Ig0SwmdErGrG9QErPGyxbHz/C5cUY4iJR5EvDC/T2RkVDrNPRNZ0hgoldrc/O/Wj+B4MbLuIwTYJIuFwWJwBDheRJ4xBWjIFIDhCpubsV0QhShYPIqmRDc1S+vQ6dWdS+rtfurSv02j6OITtEZukAuukZ11EBN1EYUpegJvaBX69F6tt6s92VrwcpnyuiPrI9vPZOT3A==</latexit>

R
es

 b
lo

ck
(4

 x
 1

 x
 1

)

FC �
<latexit sha1_base64="uveq51XskeZ/BmBbyb/DEzkG8yU=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKexGQY9BLx4jmAckS5idzCZj5rHMzAphyT948aCIV//Hm3/jJNmDJhY0FFXddHdFCWfG+v63V1hb39jcKm6Xdnb39g/Kh0cto1JNaJMornQnwoZyJmnTMstpJ9EUi4jTdjS+nfntJ6oNU/LBThIaCjyULGYEWye1eoYNBe6XK37VnwOtkiAnFcjR6Je/egNFUkGlJRwb0w38xIYZ1pYRTqelXmpogskYD2nXUYkFNWE2v3aKzpwyQLHSrqRFc/X3RIaFMRMRuU6B7cgsezPxP6+b2vg6zJhMUkslWSyKU46sQrPX0YBpSiyfOIKJZu5WREZYY2JdQCUXQrD88ipp1arBRbV2f1mp3+RxFOEETuEcAriCOtxBA5pA4BGe4RXePOW9eO/ex6K14OUzx/AH3ucPna2PJw==</latexit>

Attention Gate

T
⇥

H
⇥

W
<latexit sha1_base64="VVIlb/0qPJNOrgGhimTGs3SIKW0=">AAAB/HicbZDLSsNAFIYn9VbrLdqlm8EiuCpJFXRZdNNlhd6gDWUynbRDJ5MwcyKEUF/FjQtF3Pog7nwbp20Ebf1h4OM/53DO/H4suAbH+bIKG5tb2zvF3dLe/sHhkX180tFRoihr00hEqucTzQSXrA0cBOvFipHQF6zrT+/m9e4DU5pHsgVpzLyQjCUPOCVgrKFdbuEB8JBp3PiB7tCuOFVnIbwObg4VlKs5tD8Ho4gmIZNABdG67zoxeBlRwKlgs9Ig0SwmdErGrG9QErPGyxbHz/C5cUY4iJR5EvDC/T2RkVDrNPRNZ0hgoldrc/O/Wj+B4MbLuIwTYJIuFwWJwBDheRJ4xBWjIFIDhCpubsV0QhShYPIqmRDc1S+vQ6dWdS+rtfurSv02j6OITtEZukAuukZ11EBN1EYUpegJvaBX69F6tt6s92VrwcpnyuiPrI9vPZOT3A==</latexit>

T 2
⇥

H
⇥

W
<latexit sha1_base64="Oz+n+rq+CFbnzZS4YK/9geCs29A=">AAACBnicbZDLSsNAFIYn9VbrLepShMEiuCpJFXRZdNNlhd6gCWUynbRDJ5MwcyKU0JUbX8WNC0Xc+gzufBunbRba+sPAx3/O4cz5g0RwDY7zbRXW1jc2t4rbpZ3dvf0D+/CoreNUUdaisYhVNyCaCS5ZCzgI1k0UI1EgWCcY383qnQemNI9lEyYJ8yMylDzklICx+vapFypCs+Y0q0494BHTuI5z6OC+XXYqzlx4FdwcyihXo29/eYOYphGTQAXRuuc6CfgZUcCpYNOSl2qWEDomQ9YzKInZ42fzM6b43DgDHMbKPAl47v6eyEik9SQKTGdEYKSXazPzv1ovhfDGz7hMUmCSLhaFqcAQ41kmeMAVoyAmBghV3PwV0xExuYBJrmRCcJdPXoV2teJeVqr3V+XabR5HEZ2gM3SBXHSNaqiOGqiFKHpEz+gVvVlP1ov1bn0sWgtWPnOM/sj6/AFND5ha</latexit> T 4
⇥

H
⇥

W
<latexit sha1_base64="R//P6BewxdafOvUEG2VXfkBI2gw=">AAACBnicbZDLSsNAFIZPvNZ6i7oUYbAIrkpSC7osuumyQm/QhDKZTtqhk0mYmQgldOXGV3HjQhG3PoM738Zpm4W2/jDw8Z9zOHP+IOFMacf5ttbWNza3tgs7xd29/YND++i4reJUEtoiMY9lN8CKciZoSzPNaTeRFEcBp51gfDerdx6oVCwWTT1JqB/hoWAhI1gbq2+feaHEJGtOs+rU0yyiCtVRDh3Ut0tO2ZkLrYKbQwlyNfr2lzeISRpRoQnHSvVcJ9F+hqVmhNNp0UsVTTAZ4yHtGRTY7PGz+RlTdGGcAQpjaZ7QaO7+nshwpNQkCkxnhPVILddm5n+1XqrDGz9jIkk1FWSxKEw50jGaZYIGTFKi+cQAJpKZvyIywiYXbZIrmhDc5ZNXoV0pu1flyn21VLvN4yjAKZzDJbhwDTWoQwNaQOARnuEV3qwn68V6tz4WrWtWPnMCf2R9/gBQPZhc</latexit>

T 8
⇥

H 2
⇥

W 2
<latexit sha1_base64="5VBIbgJ2+a0aLlhFFe+epKzVzbQ=">AAACGnicbZDLSsNAFIZPvNZ6i7p0M1gEVyWpgl0W3XRZoTdoQplMJ+3QyYWZiVBCnsONr+LGhSLuxI1v4zTNwrb+MPDznXM4c34v5kwqy/oxNja3tnd2S3vl/YPDo2Pz5LQro0QQ2iERj0Tfw5JyFtKOYorTfiwoDjxOe970fl7vPVIhWRS21SymboDHIfMZwUqjoWk7vsAkbWdpPXMUC6hEC9LM0lqGllAvR0OzYlWtXGjd2IWpQKHW0PxyRhFJAhoqwrGUA9uKlZtioRjhNCs7iaQxJlM8pgNtQ6w3uml+WoYuNRkhPxL6hQrl9O9EigMpZ4GnOwOsJnK1Nof/1QaJ8utuysI4UTQki0V+wpGK0DwnNGKCEsVn2mAimP4rIhOsY1A6zbIOwV49ed10a1X7ulp7uKk07oo4SnAOF3AFNtxCA5rQgg4QeIIXeIN349l4NT6Mz0XrhlHMnMGSjO9f3i2hXA==</latexit>

T 1
6
⇥

H 2
⇥

W 2
<latexit sha1_base64="r24YDijiKkMhivlfNSsf9pbSqlQ=">AAACG3icbZDLSsNAFIYnXmu9RV26GSyCq5JUUZdFN11W6A2aUCbTSTt0cmHmRCgh7+HGV3HjQhFXggvfxmmahW39YeDnO+dw5vxeLLgCy/ox1tY3Nre2Szvl3b39g0Pz6LijokRS1qaRiGTPI4oJHrI2cBCsF0tGAk+wrje5n9W7j0wqHoUtmMbMDcgo5D6nBDQamDXHl4SmrSy1rzMHeMAUnqNGltYyvIC6ORqYFatq5cKrxi5MBRVqDswvZxjRJGAhUEGU6ttWDG5KJHAqWFZ2EsViQidkxPrahkRvdNP8tgyfazLEfiT1CwHn9O9ESgKlpoGnOwMCY7Vcm8H/av0E/Fs35WGcAAvpfJGfCAwRngWFh1wyCmKqDaGS679iOiY6BtBxlnUI9vLJq6ZTq9qX1drDVaV+V8RRQqfoDF0gG92gOmqgJmojip7QC3pD78az8Wp8GJ/z1jWjmDlBCzK+fwFV9KGV</latexit>

T 16
⇥

1
⇥

1
<latexit sha1_base64="oNTnQjsgDyWdRMVRCypXfKe8eGo=">AAACBnicbZDLSsNAFIZPvNZ6i7oUYbAIrkpSRV0W3bis0Bs0oUymk3boZBJmJkIJXbnxVdy4UMStz+DOt3HaRtDWHwY+/nMOZ84fJJwp7Thf1tLyyuraemGjuLm1vbNr7+03VZxKQhsk5rFsB1hRzgRtaKY5bSeS4ijgtBUMbyb11j2VisWirkcJ9SPcFyxkBGtjde0jL5SYZPVx5l6MPc0iqpCLfqBrl5yyMxVaBDeHEuSqde1PrxeTNKJCE46V6rhOov0MS80Ip+OilyqaYDLEfdoxKLBZ42fTM8boxDg9FMbSPKHR1P09keFIqVEUmM4I64Gar03M/2qdVIdXfsZEkmoqyGxRmHKkYzTJBPWYpETzkQFMJDN/RWSATS7aJFc0IbjzJy9Cs1J2z8qVu/NS9TqPowCHcAyn4MIlVOEWatAAAg/wBC/waj1az9ab9T5rXbLymQP4I+vjGwzhmDI=</latexit>

T 16
⇥

1
⇥

1
<latexit sha1_base64="oNTnQjsgDyWdRMVRCypXfKe8eGo=">AAACBnicbZDLSsNAFIZPvNZ6i7oUYbAIrkpSRV0W3bis0Bs0oUymk3boZBJmJkIJXbnxVdy4UMStz+DOt3HaRtDWHwY+/nMOZ84fJJwp7Thf1tLyyuraemGjuLm1vbNr7+03VZxKQhsk5rFsB1hRzgRtaKY5bSeS4ijgtBUMbyb11j2VisWirkcJ9SPcFyxkBGtjde0jL5SYZPVx5l6MPc0iqpCLfqBrl5yyMxVaBDeHEuSqde1PrxeTNKJCE46V6rhOov0MS80Ip+OilyqaYDLEfdoxKLBZ42fTM8boxDg9FMbSPKHR1P09keFIqVEUmM4I64Gar03M/2qdVIdXfsZEkmoqyGxRmHKkYzTJBPWYpETzkQFMJDN/RWSATS7aJFc0IbjzJy9Cs1J2z8qVu/NS9TqPowCHcAyn4MIlVOEWatAAAg/wBC/waj1az9ab9T5rXbLymQP4I+vjGwzhmDI=</latexit>

51
2

<latexit sha1_base64="XoyE3X5p3eQDj6RBhfP4oRf3Kww=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KklV9Fj04rGi/YA2lM120i7dbMLuRiihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLEsG1cd1vZ2V1bX1js7BV3N7Z3dsvHRw2dZwqhg0Wi1i1A6pRcIkNw43AdqKQRoHAVjC6nfqtJ1Sax/LRjBP0IzqQPOSMGis9XHrVXqnsVtwZyDLxclKGHPVe6avbj1kaoTRMUK07npsYP6PKcCZwUuymGhPKRnSAHUsljVD72ezUCTm1Sp+EsbIlDZmpvycyGmk9jgLbGVEz1IveVPzP66QmvPYzLpPUoGTzRWEqiInJ9G/S5wqZEWNLKFPc3krYkCrKjE2naEPwFl9eJs1qxTuvVO8vyrWbPI4CHMMJnIEHV1CDO6hDAxgM4Ble4c0Rzovz7nzMW1ecfOYI/sD5/AFie400</latexit>

51
2

<latexit sha1_base64="XoyE3X5p3eQDj6RBhfP4oRf3Kww=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KklV9Fj04rGi/YA2lM120i7dbMLuRiihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLEsG1cd1vZ2V1bX1js7BV3N7Z3dsvHRw2dZwqhg0Wi1i1A6pRcIkNw43AdqKQRoHAVjC6nfqtJ1Sax/LRjBP0IzqQPOSMGis9XHrVXqnsVtwZyDLxclKGHPVe6avbj1kaoTRMUK07npsYP6PKcCZwUuymGhPKRnSAHUsljVD72ezUCTm1Sp+EsbIlDZmpvycyGmk9jgLbGVEz1IveVPzP66QmvPYzLpPUoGTzRWEqiInJ9G/S5wqZEWNLKFPc3krYkCrKjE2naEPwFl9eJs1qxTuvVO8vyrWbPI4CHMMJnIEHV1CDO6hDAxgM4Ble4c0Rzovz7nzMW1ecfOYI/sD5/AFie400</latexit>

64 <latexit sha1_base64="mCxqiH5IF4a+6poVeMQKRVa873M=">AAAB6XicbVDLTgJBEOzFF+IL9ehlIjHxRHaRqEeiF49o5JHAhswOvTBhdnYzM2tCCH/gxYPGePWPvPk3DrAHBSvppFLVne6uIBFcG9f9dnJr6xubW/ntws7u3v5B8fCoqeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7cxvPaHSPJaPZpygH9GB5CFn1Fjp4bLaK5bcsjsHWSVeRkqQod4rfnX7MUsjlIYJqnXHcxPjT6gynAmcFrqpxoSyER1gx1JJI9T+ZH7plJxZpU/CWNmShszV3xMTGmk9jgLbGVEz1MveTPzP66QmvPYnXCapQckWi8JUEBOT2dukzxUyI8aWUKa4vZWwIVWUGRtOwYbgLb+8SpqVsndRrtxXS7WbLI48nMApnIMHV1CDO6hDAxiE8Ayv8OaMnBfn3flYtOacbOYY/sD5/AH3aYz8</latexit>
64 <latexit sha1_base64="mCxqiH5IF4a+6poVeMQKRVa873M=">AAAB6XicbVDLTgJBEOzFF+IL9ehlIjHxRHaRqEeiF49o5JHAhswOvTBhdnYzM2tCCH/gxYPGePWPvPk3DrAHBSvppFLVne6uIBFcG9f9dnJr6xubW/ntws7u3v5B8fCoqeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7cxvPaHSPJaPZpygH9GB5CFn1Fjp4bLaK5bcsjsHWSVeRkqQod4rfnX7MUsjlIYJqnXHcxPjT6gynAmcFrqpxoSyER1gx1JJI9T+ZH7plJxZpU/CWNmShszV3xMTGmk9jgLbGVEz1MveTPzP66QmvPYnXCapQckWi8JUEBOT2dukzxUyI8aWUKa4vZWwIVWUGRtOwYbgLb+8SpqVsndRrtxXS7WbLI48nMApnIMHV1CDO6hDAxiE8Ayv8OaMnBfn3flYtOacbOYY/sD5/AH3aYz8</latexit>

Sig µ
<latexit sha1_base64="YUIm7Tsc5b5P2pMGLKWRa4Nw0cU=">AAAB6nicbVBNSwMxEJ3Ur1q/qh69BIvgqexWQY9FLx4r2g9ol5JNs21okl2SrFCW/gQvHhTx6i/y5r8xbfegrQ8GHu/NMDMvTAQ31vO+UWFtfWNzq7hd2tnd2z8oHx61TJxqypo0FrHuhMQwwRVrWm4F6ySaERkK1g7HtzO//cS04bF6tJOEBZIMFY84JdZJDz2Z9ssVr+rNgVeJn5MK5Gj0y1+9QUxTyZSlghjT9b3EBhnRllPBpqVealhC6JgMWddRRSQzQTY/dYrPnDLAUaxdKYvn6u+JjEhjJjJ0nZLYkVn2ZuJ/Xje10XWQcZWklim6WBSlAtsYz/7GA64ZtWLiCKGau1sxHRFNqHXplFwI/vLLq6RVq/oX1dr9ZaV+k8dRhBM4hXPw4QrqcAcNaAKFITzDK7whgV7QO/pYtBZQPnMMf4A+fwBerI3a</latexit>

z
<latexit sha1_base64="VLEo6VgUnu2TnOxoOkqsMPXvyTo=">AAAB6HicbVDLTgJBEOzFF+IL9ehlIjHxRHbRRI9ELx4hkUcCGzI79MLI7OxmZtYECV/gxYPGePWTvPk3DrAHBSvppFLVne6uIBFcG9f9dnJr6xubW/ntws7u3v5B8fCoqeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7cxvPaLSPJb3ZpygH9GB5CFn1Fip/tQrltyyOwdZJV5GSpCh1it+dfsxSyOUhgmqdcdzE+NPqDKcCZwWuqnGhLIRHWDHUkkj1P5kfuiUnFmlT8JY2ZKGzNXfExMaaT2OAtsZUTPUy95M/M/rpCa89idcJqlByRaLwlQQE5PZ16TPFTIjxpZQpri9lbAhVZQZm03BhuAtv7xKmpWyd1Gu1C9L1ZssjjycwCmcgwdXUIU7qEEDGCA8wyu8OQ/Oi/PufCxac042cwx/4Hz+AOqPjQI=</latexit>

(x
)

<latexit sha1_base64="kADkzFhZ76aWlZd3DeQch1boxtA=">AAAB6nicbVA9TwJBEJ3DL8Qv1NJmIzHBhtyhiZZEG0uMgiRwIXvLHGzY27vs7hkJ4SfYWGiMrb/Izn/jAlco+JJJXt6bycy8IBFcG9f9dnIrq2vrG/nNwtb2zu5ecf+gqeNUMWywWMSqFVCNgktsGG4EthKFNAoEPgTD66n/8IhK81jem1GCfkT7koecUWOlu/LTabdYcivuDGSZeBkpQYZ6t/jV6cUsjVAaJqjWbc9NjD+mynAmcFLopBoTyoa0j21LJY1Q++PZqRNyYpUeCWNlSxoyU39PjGmk9SgKbGdEzUAvelPxP6+dmvDSH3OZpAYlmy8KU0FMTKZ/kx5XyIwYWUKZ4vZWwgZUUWZsOgUbgrf48jJpViveWaV6e16qXWVx5OEIjqEMHlxADW6gDg1g0IdneIU3RzgvzrvzMW/NOdnMIfyB8/kDrOyNZQ==</latexit>

(s)
<latexit sha1_base64="/jq+PpDmrkC0MTOvxqxjLE7MQn4=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoMQL2E3CnoMevEY0TwgWcLspDcZMju7zMwKIeQTvHhQxKtf5M2/cZLsQRMLGoqqbrq7gkRwbVz328mtrW9sbuW3Czu7e/sHxcOjpo5TxbDBYhGrdkA1Ci6xYbgR2E4U0igQ2ApGtzO/9YRK81g+mnGCfkQHkoecUWOlh7I+7xVLbsWdg6wSLyMlyFDvFb+6/ZilEUrDBNW647mJ8SdUGc4ETgvdVGNC2YgOsGOppBFqfzI/dUrOrNInYaxsSUPm6u+JCY20HkeB7YyoGeplbyb+53VSE177Ey6T1KBki0VhKoiJyexv0ucKmRFjSyhT3N5K2JAqyoxNp2BD8JZfXiXNasW7qFTvL0u1myyOPJzAKZTBgyuowR3UoQEMBvAMr/DmCOfFeXc+Fq05J5s5hj9wPn8ApVONYA==</latexit>

Figure 3.4: Overview of the ECoG decoder network. Initial convolution layers only per-
forms temporal filtering within each channel (corresponding to signal from one electrode).
Attention mechanism helps with the feature extraction and interpretability of the results.

3.4 Fine-tuning the ECoG decoder and the Generator To-

gether

In our transfer-GAN framework, once the generator is pre-trained, we then transfer it

to the overall network by fine-tuning it together with the ECoG decoder. To encourage the

output distribution of the ECoG decoder to follow an i.i.d. standard Gaussian distribution,

we want to minimize the Kullback–Leibler (KL) divergence between the two distributions.

Let x denote a segment of ECoG signal input to the ECoG decoder. Following the “reparam-

eterization trick” introduced in the variational auto-ECoG decoder (VAE) [52], the output

of ECoG decoder uses two separate fully connected layers to estimate mean, µ(x) ∈ Rd,

and variance, σ(x) ∈ Rd, vectors. The representation vector z is then constructed to follow

a Gaussian distribution N (µ(x),Σ(x)) (where Σ(x) = diag
(
σ2(x)

)
) by rescaling an i.i.d.

standard Gaussian random vector (i.e. z = µ(x) + σ(x) ◦ n, where n ∼ N(0, I)).

KL divergence between ECoG decoder output distribution p(z) and generator input
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distribution p(ẑ) during pre-training is

KL (p (z) |p (ẑ)) = KL (N (µ (x) ,Σ (x)) |N (0, I))

=
1

2

d∑
i=1

(µ2
i (x) + σ2

i (x)− log σ2
i (x)− 1)

(3.1)

To jointly train the ECoG decoder and refine the generator, we minimize a loss function

that is a weighted sum of the mean squared error (MSE) between reconstructed ŷ(x) and

the ground truth spectrogram y and the KL divergence term:

loss = (y, ŷ(x)) + λKL (p (z) |p (ẑ)) (3.2)

where λ is a hyper-parameter and is set to 0.1 in our experiment.

3.5 Reconstruction of Audible Waveform

To transform the predicted spectrogram back to an acoustic waveform, we adapt a

WaveNet vocoder model [74] to reconstruct waveforms of good quality. The WaveNet

vocoder takes spectrogram as its input and learns the mapping between the spectrogram

and the corresponding speech waveform. We pre-train the vocoder on large corpus datasets.

Once the ECoG decoder and generator are fine-tuned, we then fine-tune the vocoder sep-

arately with pairs of the stimuli waveforms and the corresponding predicted spectrograms

in the training set.

3.6 Experimental Performance of Transfer-GAN

3.6.1 Dataset Acquisition and Preprocessing

We collected datasets of three different electrode density and coverage: A higher density

dataset (HD) with 2 subjects and 4 mm inner-electrode spacing; A lower density dataset

(LD) with 12 subjects and 10 mm spacing; A hybrid density dataset (HB) with 2 subjects

and overall 10 mm spacing with particular regions inserted by 5 mm spacing sub-grid
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electrodes. The STG region is sampled for all subjects, and other cortical regions (including

Broca’s area and motor cortex) are also sampled in LD and HB data. Fig. 3.5 illustrates grid

placement examples for the three datasets. During the task, all subjects were instructed

to listen to speech audio of 50 different English words/pseudo-words recorded by a native

English female speaker. The 50 words are repeated 2-4 times depending on the dataset.

One subject in the HD dataset passively listened to each word while all other subjects are

required to reproduce each word after listening.

The ground truth speech spectrograms were generated from waveforms by applying a

32 band-pass filter bank. Filters with bandwidth of of 1/12 octave and center frequencies

spaced logarithmically from 180-7000 Hz were used. The spectrograms are then down-

sampled 125 Hz in time [25]. ECoG signals were preprocessed with high gamma band-pass

filter (70-150 Hz). The envelope of the filtered signal was then extracted by a Hilbert Huang

transform and downsampled to 125 Hz to match the sampling rate of the spectrogram. Silent

period of 250ms before each stimuli is used as reference . We normalize the signal from each

electrode by the mean and standard deviation of the reference period.

Figure 3.5: Examples of electrode grid of HD, LD and HB datasets. Electrodes within the
cropped regions are included in the input to the network. For HD dataset, this covers mostly
the STG area. For LD and HB datasets, the motor and Broca’s areas are also covered. In
all cases, the input covers a 8×8 grid. Some subjects have missing or bad electrodes in the
area chosen. For simplicity, we assumed the signals are all zero in those locations.

3.6.2 Stimuli Reconstruction

The generator has 5 residual blocks with dilation rate of {1, 2, 4, 8, 16} and filter size

2 to cover 62 ms temporal perceptive field. The ECoG decoder network covers 51 ms

temporal field. Adam optimizer [51] is used to fit models with hyper-parameters as following:

generator pre-training (lr = 10−4, β1 = 0, β2 = 0.9), ECoG decoder-generator fine-tuning
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(lr = 10−3, β1 = 0.9, β2 = 0.999), vocoder pre-training (lr = 10−3, β1 = 0.9, β2 =

0.999), and vocoder fine-tuning (lr = 10−4, β1 = 0.9, β2 = 0.999). We use a corpus of

spoken English words from the Shtooka project [69] to pre-train the generator. It contains

4876 individual words pronounced by a female speaker. For pre-training the vocoder, a

combination of dataset is used. It includes Shtooka project [69] and LJ speech dataset [47],

which contains 24 hours speech waveforms of English sentences in female voice.

During fine-tuning, we separate the dataset into testing and training sets. For each

subject, 50 unique words are used for testing, and the rest of the samples (each word

appeared 1 to 3 times depending on the subject) are used for training. An individual model

is trained and tested for each subject. For reconstructing the stimuli, only the perception

period ECoG signal is used, which begins at the stimulus onset and runs up to 419 ms -791

ms. During fine-tuning, for data augmentation purpose, we randomly pick a sliding window

of 768ms from a combination of the perception period and the corresponding silent period

for each sampled word. As shown in Fig. 4, signals from a 8×8 grid are used as the input.

We compare our transfer-GAN framework with a spectrogram basedWaveNet (SpecWaveNet)

[79], which has shown good reconstruction and outperformed linear models and residual net-

work based approaches. To allow for a fair comparison, the number of parameters for the

ECoG decoder and generator is the same as that of SpecWaveNet. We also compared with

the linear regression model decoding accuracy reported by Pasley et al [61]. Table 3.1

compares the averaged mean squared error (MSE) and correlation coefficient (CC) on our

dataset. The transfer-GAN has better performance by a large margin on all three datasets

in terms of both MSE and CC metrics. Fig. 3.6 compares samples of reconstructed spec-

trograms on the testing set of HD and HB datasets for transfer-GAN and SpecWaveNet

methods. The results show our proposed approach captures spectrogram dynamics more

accurately. The consonants (short segment of high frequency components in the figures)

are important for intelligible reconstruction but they can be easily overlooked by decoding

models due to their low energy. Our method provides better consonant reconstruction com-

pared to the SpecWaveNet. Some audio examples of the decoded waveforms are provided

here1.

1https://wp.nyu.edu/videolab/ecog demo/
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Figure 3.6: Decoding results on each one of HD and HB testing set. GT and SW denote
ground truth and SpecWaveNet, respectively.

MSE (±sd) / CC (±sd)
transfer-GAN SpecWaveNet linear model

HD 0.58(0.09) / 0.69(0.05) 0.68(0.08) / 0.61(0.05) - / 0.41(0.03)

HB 0.53(0.03) / 0.72(0.01) 0.64(0.01) / 0.66(0.02) - / -

LD 0.73(0.14) / 0.60(0.04) 0.79(0.15) / 0.54(0.05) - / 0.3(0.05)

Table 3.1: Quantitive comparison between transfer-GAN (proposed), SpecWaveNet [79],
and linear model [61] in MSE (lower is better) and CC (higher is better) on test data. “-”
refers to number not reported.

3.6.3 Production Reconstruction

Besides decoding stimuli from neural data, we also investigated decoding produced

speech with transfer-GAN framework following aforementioned network architecture and

training strategy. Figure 3.7 reports the decoded samples. Compared with decoded spec-

trogram illustrated in figure 3.6, the decoded production spectrogram are more blurry and

the resulted waveform are not as intelligible compared to the stimuli ones. In terms of

objective metrics, the decoded production has averaged MSE 0.673 and CC 0.59 while

decoding stimuli achieves 0.53 MSE and 0.72 CC. Both objective metrics and perceptual

quality imply that decoding production is a more complicated task than decoding stimuli

within Transfer-GAN framework.
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Figure 3.7: Samples of decoded produced speech spcetrograms with Transfer-GAN frame-
work.



Chapter 4

Stimuli Decoding from Non-grid Electrodes

Inputs

In the previous chapter, we introduced a neural decoding framework that is able to

project grid ECoG signals to spectrogram/waveform. In real applications, the electrode

nodes are usually not in a grid shape. For example, there may be missing electrodes in

the grid. One possible solution is to pad zeros or interpolate for the missing electrodes,

but this may still lead to sub-optimal results. In many other cases, the electrodes array is

constructed with non-grid placed stripes. In these cases, it is difficult to use convolution in

the spatial dimension.

Motivated by the previous literature on attention based networks [76, 77, 80], we pro-

pose an attention based network to solve the non-grid input problem. In attention based

networks, such as non-local networks and graph attention networks (GAT) input are ag-

gregated according to the signal values instead of grid neighbors, thus naturally bypass the

difficulty of convolution on non-grid data. In the following sections, we will first introduce

the attentional building blocks and the positional encoding used in the encoder. Then the

overall encoder structure will be described in section 4.3.
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4.1 Spatial-temporal Separable Conv-Attention Layer

The input to the attention block is a set of feature sequences, x = {x⃗1(t), x⃗2(t), ...,

x⃗N (t)}, x⃗i(t) ∈ RF , where 0 < t ≤ T , N is the number of nodes and F is the number

of features in each node. The layer generates a new set of node feature sequences, z =

{z⃗1(t), z⃗2(t), ..., z⃗N (t)}, z⃗i(t) ∈ RF , as its output.

For such a spatial-temporal signal, we can apply the attention mechanism on both

dimension. Or we can apply attention to spatial dimension only and perform convolution on

the temporal axis. During experiments, we discover that the attention on both temporal and

spatial is not very stable. So we propose a separable convolution-attention block described

as following:

We first obtain the query, key and value for attention via convolution on the temporal

axis of x. For ∀i ∈ [1, N ],

q⃗i(t) = Conv1D(x⃗i(t),Θ) (4.1)

k⃗i(t) = Conv1D(x⃗i(t),Φ) (4.2)

v⃗i(t) = Conv1D(x⃗i(t),G) (4.3)

where Θ,Φ and G are the temporal convolution kernel shared among nodes.

From query q⃗i(t) and key k⃗i(t), we want to obtain a static attention matrix for each

time step for stability purpose. To this end, a max-pooling layer is applied on q⃗i(t) and

k⃗i(t) along temporal dimension,

q⃗i = max(q⃗i(t)|0 < t ≤ T ) (4.4)

k⃗i = max(k⃗i(t)|0 < t ≤ T ) (4.5)
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Then the attention coefficient between ith and jth node αij is calculated by:

eij = LeakyReLU(W[q⃗i ∥ k⃗j ]) (4.6)

αij = softmax(eij) (4.7)

=
exp(eij)∑

j≤N exp(eij)
(4.8)

where ∥ represents concatenation operation, W represents weights of a fully connected layer.

The obtained attention coefficient is used as summation weights to aggregate features

of different node of value v⃗(t):

v⃗′i(t) = ReLU

∑
j≤N

αij v⃗j(t)

 (4.9)

To allow more expressive power, we follow similar multi-head attention as introduced

in [76, 77]. Namely, K sets of independent attention coefficients and values are generated

to form K different sets of features follow the transformation of Equation 4.9. These fea-

tures are then concatenated and followed by nonlinear transformation for sufficient feature

combinations.

v⃗′i(t) =
Kn

k=1

ReLU

∑
j≤N

αk
ij v⃗

k
j (t)

 (4.10)

=

Kn

k=1

ReLU

∑
j≤N

αk
ijConv1D(x⃗j(t))

 (4.11)

y⃗i(t) = LeakyReLU(Pv⃗′i) (4.12)

where x⃗j is input feature vector of j-th electrode of shape T × 1 × F . We also follow a

similar residual design in the non-local network. The output of the convolution-attention

block then becomes:

z⃗i(t) = x⃗i(t) + y⃗i(t) (4.13)
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(T ⇥ N ⇥ F )
<latexit sha1_base64="REfdAAEy8oKY3elJGhXH4HOaWMY=">AAAB/nicbZBNSwMxEIZn61etX1Xx5CVYhHopuyLosSCIJ6nQL2hLyaZpG5rNLsmsUJaCf8WLB0W8+ju8+W9M2xW09YXAwzszzOT1IykMuu6Xk1lZXVvfyG7mtrZ3dvfy+wd1E8aa8RoLZaibPjVcCsVrKFDyZqQ5DXzJG/7oelpvPHBtRKiqOI54J6ADJfqCUbRWN39UrJI2ioAbcvcDN2fdfMEtuTORZfBSKECqSjf/2e6FLA64QiapMS3PjbCTUI2CST7JtWPDI8pGdMBbFhW1ezrJ7PwJObVOj/RDbZ9CMnN/TyQ0MGYc+LYzoDg0i7Wp+V+tFWP/qpMIFcXIFZsv6seSYEimWZCe0JyhHFugTAt7K2FDqilDm1jOhuAtfnkZ6uclzy159xeFskrjyMIxnEARPLiEMtxCBWrAIIEneIFX59F5dt6c93lrxklnDuGPnI9vB7KUXg==</latexit><latexit sha1_base64="REfdAAEy8oKY3elJGhXH4HOaWMY=">AAAB/nicbZBNSwMxEIZn61etX1Xx5CVYhHopuyLosSCIJ6nQL2hLyaZpG5rNLsmsUJaCf8WLB0W8+ju8+W9M2xW09YXAwzszzOT1IykMuu6Xk1lZXVvfyG7mtrZ3dvfy+wd1E8aa8RoLZaibPjVcCsVrKFDyZqQ5DXzJG/7oelpvPHBtRKiqOI54J6ADJfqCUbRWN39UrJI2ioAbcvcDN2fdfMEtuTORZfBSKECqSjf/2e6FLA64QiapMS3PjbCTUI2CST7JtWPDI8pGdMBbFhW1ezrJ7PwJObVOj/RDbZ9CMnN/TyQ0MGYc+LYzoDg0i7Wp+V+tFWP/qpMIFcXIFZsv6seSYEimWZCe0JyhHFugTAt7K2FDqilDm1jOhuAtfnkZ6uclzy159xeFskrjyMIxnEARPLiEMtxCBWrAIIEneIFX59F5dt6c93lrxklnDuGPnI9vB7KUXg==</latexit><latexit sha1_base64="REfdAAEy8oKY3elJGhXH4HOaWMY=">AAAB/nicbZBNSwMxEIZn61etX1Xx5CVYhHopuyLosSCIJ6nQL2hLyaZpG5rNLsmsUJaCf8WLB0W8+ju8+W9M2xW09YXAwzszzOT1IykMuu6Xk1lZXVvfyG7mtrZ3dvfy+wd1E8aa8RoLZaibPjVcCsVrKFDyZqQ5DXzJG/7oelpvPHBtRKiqOI54J6ADJfqCUbRWN39UrJI2ioAbcvcDN2fdfMEtuTORZfBSKECqSjf/2e6FLA64QiapMS3PjbCTUI2CST7JtWPDI8pGdMBbFhW1ezrJ7PwJObVOj/RDbZ9CMnN/TyQ0MGYc+LYzoDg0i7Wp+V+tFWP/qpMIFcXIFZsv6seSYEimWZCe0JyhHFugTAt7K2FDqilDm1jOhuAtfnkZ6uclzy159xeFskrjyMIxnEARPLiEMtxCBWrAIIEneIFX59F5dt6c93lrxklnDuGPnI9vB7KUXg==</latexit><latexit sha1_base64="REfdAAEy8oKY3elJGhXH4HOaWMY=">AAAB/nicbZBNSwMxEIZn61etX1Xx5CVYhHopuyLosSCIJ6nQL2hLyaZpG5rNLsmsUJaCf8WLB0W8+ju8+W9M2xW09YXAwzszzOT1IykMuu6Xk1lZXVvfyG7mtrZ3dvfy+wd1E8aa8RoLZaibPjVcCsVrKFDyZqQ5DXzJG/7oelpvPHBtRKiqOI54J6ADJfqCUbRWN39UrJI2ioAbcvcDN2fdfMEtuTORZfBSKECqSjf/2e6FLA64QiapMS3PjbCTUI2CST7JtWPDI8pGdMBbFhW1ezrJ7PwJObVOj/RDbZ9CMnN/TyQ0MGYc+LYzoDg0i7Wp+V+tFWP/qpMIFcXIFZsv6seSYEimWZCe0JyhHFugTAt7K2FDqilDm1jOhuAtfnkZ6uclzy159xeFskrjyMIxnEARPLiEMtxCBWrAIIEneIFX59F5dt6c93lrxklnDuGPnI9vB7KUXg==</latexit>

N ⇥ N 0 ⇥ 2F<latexit sha1_base64="bB4lLVa5FaU0ctNSyBCgoHuB2s4=">AAAB/HicbZDLSsNAFIYnXmu9Rbt0M1hEVyUpgi4LgrgqFewF2lAmk0k7dDIJMydCCPVV3LhQxK0P4s63cdpmoa0/DHz85xzOmd9PBNfgON/W2vrG5tZ2aae8u7d/cGgfHXd0nCrK2jQWser5RDPBJWsDB8F6iWIk8gXr+pObWb37yJTmsXyALGFeREaSh5wSMNbQrjQHwCOmcfO8gPrt0K46NWcuvApuAVVUqDW0vwZBTNOISaCCaN13nQS8nCjgVLBpeZBqlhA6ISPWNyiJ2ePl8+On+Mw4AQ5jZZ4EPHd/T+Qk0jqLfNMZERjr5drM/K/WTyG89nIukxSYpItFYSowxHiWBA64YhREZoBQxc2tmI6JIhRMXmUTgrv85VXo1GuuU3PvL6uNoIijhE7QKbpALrpCDXSHWqiNKMrQM3pFb9aT9WK9Wx+L1jWrmKmgP7I+fwBWZJQC</latexit><latexit sha1_base64="bB4lLVa5FaU0ctNSyBCgoHuB2s4=">AAAB/HicbZDLSsNAFIYnXmu9Rbt0M1hEVyUpgi4LgrgqFewF2lAmk0k7dDIJMydCCPVV3LhQxK0P4s63cdpmoa0/DHz85xzOmd9PBNfgON/W2vrG5tZ2aae8u7d/cGgfHXd0nCrK2jQWser5RDPBJWsDB8F6iWIk8gXr+pObWb37yJTmsXyALGFeREaSh5wSMNbQrjQHwCOmcfO8gPrt0K46NWcuvApuAVVUqDW0vwZBTNOISaCCaN13nQS8nCjgVLBpeZBqlhA6ISPWNyiJ2ePl8+On+Mw4AQ5jZZ4EPHd/T+Qk0jqLfNMZERjr5drM/K/WTyG89nIukxSYpItFYSowxHiWBA64YhREZoBQxc2tmI6JIhRMXmUTgrv85VXo1GuuU3PvL6uNoIijhE7QKbpALrpCDXSHWqiNKMrQM3pFb9aT9WK9Wx+L1jWrmKmgP7I+fwBWZJQC</latexit><latexit sha1_base64="bB4lLVa5FaU0ctNSyBCgoHuB2s4=">AAAB/HicbZDLSsNAFIYnXmu9Rbt0M1hEVyUpgi4LgrgqFewF2lAmk0k7dDIJMydCCPVV3LhQxK0P4s63cdpmoa0/DHz85xzOmd9PBNfgON/W2vrG5tZ2aae8u7d/cGgfHXd0nCrK2jQWser5RDPBJWsDB8F6iWIk8gXr+pObWb37yJTmsXyALGFeREaSh5wSMNbQrjQHwCOmcfO8gPrt0K46NWcuvApuAVVUqDW0vwZBTNOISaCCaN13nQS8nCjgVLBpeZBqlhA6ISPWNyiJ2ePl8+On+Mw4AQ5jZZ4EPHd/T+Qk0jqLfNMZERjr5drM/K/WTyG89nIukxSYpItFYSowxHiWBA64YhREZoBQxc2tmI6JIhRMXmUTgrv85VXo1GuuU3PvL6uNoIijhE7QKbpALrpCDXSHWqiNKMrQM3pFb9aT9WK9Wx+L1jWrmKmgP7I+fwBWZJQC</latexit><latexit sha1_base64="bB4lLVa5FaU0ctNSyBCgoHuB2s4=">AAAB/HicbZDLSsNAFIYnXmu9Rbt0M1hEVyUpgi4LgrgqFewF2lAmk0k7dDIJMydCCPVV3LhQxK0P4s63cdpmoa0/DHz85xzOmd9PBNfgON/W2vrG5tZ2aae8u7d/cGgfHXd0nCrK2jQWser5RDPBJWsDB8F6iWIk8gXr+pObWb37yJTmsXyALGFeREaSh5wSMNbQrjQHwCOmcfO8gPrt0K46NWcuvApuAVVUqDW0vwZBTNOISaCCaN13nQS8nCjgVLBpeZBqlhA6ISPWNyiJ2ePl8+On+Mw4AQ5jZZ4EPHd/T+Qk0jqLfNMZERjr5drM/K/WTyG89nIukxSYpItFYSowxHiWBA64YhREZoBQxc2tmI6JIhRMXmUTgrv85VXo1GuuU3PvL6uNoIijhE7QKbpALrpCDXSHWqiNKMrQM3pFb9aT9WK9Wx+L1jWrmKmgP7I+fwBWZJQC</latexit>

N ⇥ N 0 ⇥ F<latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="kxyBtu9QOOXHZ5K+xZ15v1aYiV8=">AAAB8HicbZDNSgMxFIXv+Ftr1bFbN8EiuiozbnQpCOKqVLA/0A4lk2ba0ExmSO6IZeiruHGhiE/jzrcxbWehrQcCH+ck3JsTplIY9LxvZ2Nza3tnt7RX3q8cHB65x5W2STLNeIslMtHdkBouheItFCh5N9WcxqHknXByO887T1wbkahHnKY8iOlIiUgwitYauNVGH0XMDWmcF3A3cGte3VuIrINfQA0KNQfuV3+YsCzmCpmkxvR8L8UgpxoFk3xW7meGp5RN6Ij3LCpqxwT5YvcZObPOkESJtkchWbi/X+Q0NmYah/ZmTHFsVrO5+V/WyzC6DnKh0gy5YstBUSYJJmReBBkKzRnKqQXKtLC7EjammjK0dZVtCf7ql9ehfVn3vbr/4EEJTuAULsCHK7iBe2hCCxg8wwu8wbszc16dj2VdG07RWxX+yPn8AXqJkj4=</latexit><latexit sha1_base64="kxyBtu9QOOXHZ5K+xZ15v1aYiV8=">AAAB8HicbZDNSgMxFIXv+Ftr1bFbN8EiuiozbnQpCOKqVLA/0A4lk2ba0ExmSO6IZeiruHGhiE/jzrcxbWehrQcCH+ck3JsTplIY9LxvZ2Nza3tnt7RX3q8cHB65x5W2STLNeIslMtHdkBouheItFCh5N9WcxqHknXByO887T1wbkahHnKY8iOlIiUgwitYauNVGH0XMDWmcF3A3cGte3VuIrINfQA0KNQfuV3+YsCzmCpmkxvR8L8UgpxoFk3xW7meGp5RN6Ij3LCpqxwT5YvcZObPOkESJtkchWbi/X+Q0NmYah/ZmTHFsVrO5+V/WyzC6DnKh0gy5YstBUSYJJmReBBkKzRnKqQXKtLC7EjammjK0dZVtCf7ql9ehfVn3vbr/4EEJTuAULsCHK7iBe2hCCxg8wwu8wbszc16dj2VdG07RWxX+yPn8AXqJkj4=</latexit><latexit sha1_base64="ZYF5nRkISODqxET/7XBUzitxcto=">AAAB+3icbZBNS8NAEIYn9avWr1iPXhaL6KkkXvRYEMRTqWBroQ1ls9m0Szcf7E7EEvpXvHhQxKt/xJv/xm2bg7a+sPDwzgwz+/qpFBod59sqra1vbG6Vtys7u3v7B/ZhtaOTTDHeZolMVNenmksR8zYKlLybKk4jX/IHf3w9qz88cqVFEt/jJOVeRIexCAWjaKyBXW32UURck+ZZATcDu+bUnbnIKrgF1KBQa2B/9YOEZRGPkUmqdc91UvRyqlAwyaeVfqZ5StmYDnnPYEzNGi+f3z4lp8YJSJgo82Ikc/f3RE4jrSeRbzojiiO9XJuZ/9V6GYZXXi7iNEMes8WiMJMEEzILggRCcYZyYoAyJcythI2oogxNXBUTgrv85VXoXNRdp+7eObVGUMRRhmM4gXNw4RIacAstaAODJ3iGV3izptaL9W59LFpLVjFzBH9kff4A3feTwg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit>

MaxPool MaxPool
N ⇥ F<latexit sha1_base64="UUsxChSoqKhS6eAf4MRZYHjbTn0=">AAAB8HicbVBNSwMxEJ2tX7V+VT16CRbBU9kVQY8FQTxJBVsr7VKyabYNTbJLMiuU0l/hxYMiXv053vw3pu0etPXBwOO9GWbmRakUFn3/2yusrK6tbxQ3S1vbO7t75f2Dpk0yw3iDJTIxrYhaLoXmDRQoeSs1nKpI8odoeDX1H564sSLR9zhKeahoX4tYMIpOerztoFDckutuueJX/RnIMglyUoEc9W75q9NLWKa4Riapte3ATzEcU4OCST4pdTLLU8qGtM/bjmrq1oTj2cETcuKUHokT40ojmam/J8ZUWTtSketUFAd20ZuK/3ntDOPLcCx0miHXbL4oziTBhEy/Jz1hOEM5coQyI9ythA2ooQxdRiUXQrD48jJpnlUDvxrcnVdqOo+jCEdwDKcQwAXU4Abq0AAGCp7hFd484714797HvLXg5TOH8Afe5w9KsZAy</latexit><latexit sha1_base64="UUsxChSoqKhS6eAf4MRZYHjbTn0=">AAAB8HicbVBNSwMxEJ2tX7V+VT16CRbBU9kVQY8FQTxJBVsr7VKyabYNTbJLMiuU0l/hxYMiXv053vw3pu0etPXBwOO9GWbmRakUFn3/2yusrK6tbxQ3S1vbO7t75f2Dpk0yw3iDJTIxrYhaLoXmDRQoeSs1nKpI8odoeDX1H564sSLR9zhKeahoX4tYMIpOerztoFDckutuueJX/RnIMglyUoEc9W75q9NLWKa4Riapte3ATzEcU4OCST4pdTLLU8qGtM/bjmrq1oTj2cETcuKUHokT40ojmam/J8ZUWTtSketUFAd20ZuK/3ntDOPLcCx0miHXbL4oziTBhEy/Jz1hOEM5coQyI9ythA2ooQxdRiUXQrD48jJpnlUDvxrcnVdqOo+jCEdwDKcQwAXU4Abq0AAGCp7hFd484714797HvLXg5TOH8Afe5w9KsZAy</latexit><latexit sha1_base64="UUsxChSoqKhS6eAf4MRZYHjbTn0=">AAAB8HicbVBNSwMxEJ2tX7V+VT16CRbBU9kVQY8FQTxJBVsr7VKyabYNTbJLMiuU0l/hxYMiXv053vw3pu0etPXBwOO9GWbmRakUFn3/2yusrK6tbxQ3S1vbO7t75f2Dpk0yw3iDJTIxrYhaLoXmDRQoeSs1nKpI8odoeDX1H564sSLR9zhKeahoX4tYMIpOerztoFDckutuueJX/RnIMglyUoEc9W75q9NLWKa4Riapte3ATzEcU4OCST4pdTLLU8qGtM/bjmrq1oTj2cETcuKUHokT40ojmam/J8ZUWTtSketUFAd20ZuK/3ntDOPLcCx0miHXbL4oziTBhEy/Jz1hOEM5coQyI9ythA2ooQxdRiUXQrD48jJpnlUDvxrcnVdqOo+jCEdwDKcQwAXU4Abq0AAGCp7hFd484714797HvLXg5TOH8Afe5w9KsZAy</latexit><latexit sha1_base64="UUsxChSoqKhS6eAf4MRZYHjbTn0=">AAAB8HicbVBNSwMxEJ2tX7V+VT16CRbBU9kVQY8FQTxJBVsr7VKyabYNTbJLMiuU0l/hxYMiXv053vw3pu0etPXBwOO9GWbmRakUFn3/2yusrK6tbxQ3S1vbO7t75f2Dpk0yw3iDJTIxrYhaLoXmDRQoeSs1nKpI8odoeDX1H564sSLR9zhKeahoX4tYMIpOerztoFDckutuueJX/RnIMglyUoEc9W75q9NLWKa4Riapte3ATzEcU4OCST4pdTLLU8qGtM/bjmrq1oTj2cETcuKUHokT40ojmam/J8ZUWTtSketUFAd20ZuK/3ntDOPLcCx0miHXbL4oziTBhEy/Jz1hOEM5coQyI9ythA2ooQxdRiUXQrD48jJpnlUDvxrcnVdqOo+jCEdwDKcQwAXU4Abq0AAGCp7hFd484714797HvLXg5TOH8Afe5w9KsZAy</latexit>

⇥<latexit sha1_base64="FgGl0aBq+hTM8S3rclgKJKF+nmg=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF48RzAOSJcxOZpMxszPLTK8QlvyDFw+KePU3/AZv/o2Tx0ETCxqKqm66u6JUCou+/+0V1tY3NreK26Wd3b39g/LhUdPqzDDeYFpq046o5VIo3kCBkrdTw2kSSd6KRjdTv/XIjRVa3eM45WFCB0rEglF0UrOLIuG2V674VX8GskqCBanAAvVe+avb1yxLuEImqbWdwE8xzKlBwSSflLqZ5SllIzrgHUcVdUvCfHbthJw5pU9ibVwpJDP190ROE2vHSeQ6E4pDu+xNxf+8TobxdZgLlWbIFZsvijNJUJPp66QvDGcox45QZoS7lbAhNZShC6jkQgiWX14lzYtq4FeDu8tKzXzO4yjCCZzCOQRwBTW4hTo0gMEDPMELvHrae/bevPd5a8FbRHgMf+B9/AD9m5Ak</latexit><latexit sha1_base64="FgGl0aBq+hTM8S3rclgKJKF+nmg=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF48RzAOSJcxOZpMxszPLTK8QlvyDFw+KePU3/AZv/o2Tx0ETCxqKqm66u6JUCou+/+0V1tY3NreK26Wd3b39g/LhUdPqzDDeYFpq046o5VIo3kCBkrdTw2kSSd6KRjdTv/XIjRVa3eM45WFCB0rEglF0UrOLIuG2V674VX8GskqCBanAAvVe+avb1yxLuEImqbWdwE8xzKlBwSSflLqZ5SllIzrgHUcVdUvCfHbthJw5pU9ibVwpJDP190ROE2vHSeQ6E4pDu+xNxf+8TobxdZgLlWbIFZsvijNJUJPp66QvDGcox45QZoS7lbAhNZShC6jkQgiWX14lzYtq4FeDu8tKzXzO4yjCCZzCOQRwBTW4hTo0gMEDPMELvHrae/bevPd5a8FbRHgMf+B9/AD9m5Ak</latexit><latexit sha1_base64="FgGl0aBq+hTM8S3rclgKJKF+nmg=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF48RzAOSJcxOZpMxszPLTK8QlvyDFw+KePU3/AZv/o2Tx0ETCxqKqm66u6JUCou+/+0V1tY3NreK26Wd3b39g/LhUdPqzDDeYFpq046o5VIo3kCBkrdTw2kSSd6KRjdTv/XIjRVa3eM45WFCB0rEglF0UrOLIuG2V674VX8GskqCBanAAvVe+avb1yxLuEImqbWdwE8xzKlBwSSflLqZ5SllIzrgHUcVdUvCfHbthJw5pU9ibVwpJDP190ROE2vHSeQ6E4pDu+xNxf+8TobxdZgLlWbIFZsvijNJUJPp66QvDGcox45QZoS7lbAhNZShC6jkQgiWX14lzYtq4FeDu8tKzXzO4yjCCZzCOQRwBTW4hTo0gMEDPMELvHrae/bevPd5a8FbRHgMf+B9/AD9m5Ak</latexit><latexit sha1_base64="FgGl0aBq+hTM8S3rclgKJKF+nmg=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF48RzAOSJcxOZpMxszPLTK8QlvyDFw+KePU3/AZv/o2Tx0ETCxqKqm66u6JUCou+/+0V1tY3NreK26Wd3b39g/LhUdPqzDDeYFpq046o5VIo3kCBkrdTw2kSSd6KRjdTv/XIjRVa3eM45WFCB0rEglF0UrOLIuG2V674VX8GskqCBanAAvVe+avb1yxLuEImqbWdwE8xzKlBwSSflLqZ5SllIzrgHUcVdUvCfHbthJw5pU9ibVwpJDP190ROE2vHSeQ6E4pDu+xNxf+8TobxdZgLlWbIFZsvijNJUJPp66QvDGcox45QZoS7lbAhNZShC6jkQgiWX14lzYtq4FeDu8tKzXzO4yjCCZzCOQRwBTW4hTo0gMEDPMELvHrae/bevPd5a8FbRHgMf+B9/AD9m5Ak</latexit>

Softmax

N ⇥ N 0 ⇥ 4F<latexit sha1_base64="3sU+U8PAONDcLklshx2Oct7KfBs=">AAAB/XicbZDLSgMxFIbP1Futt/GycxMsoqsyIwVdFgRxVSrYC7SlZNK0Dc1khuSMUEvxVdy4UMSt7+HOtzFtZ6GtPwQ+/nMO5+QPYikMet63k1lZXVvfyG7mtrZ3dvfc/YOaiRLNeJVFMtKNgBouheJVFCh5I9achoHk9WB4Pa3XH7g2IlL3OIp5O6R9JXqCUbRWxz0qt1CE3JDyGUmpeNNx817Bm4ksg59CHlJVOu5XqxuxJOQKmaTGNH0vxvaYahRM8kmulRgeUzakfd60qKjd0x7Prp+QU+t0SS/S9ikkM/f3xJiGxozCwHaGFAdmsTY1/6s1E+xdtcdCxQlyxeaLeokkGJFpFKQrNGcoRxYo08LeStiAasrQBpazIfiLX16G2kXB9wr+XTFfUmkcWTiGEzgHHy6hBLdQgSoweIRneIU358l5cd6dj3lrxklnDuGPnM8ftpiUOA==</latexit><latexit sha1_base64="3sU+U8PAONDcLklshx2Oct7KfBs=">AAAB/XicbZDLSgMxFIbP1Futt/GycxMsoqsyIwVdFgRxVSrYC7SlZNK0Dc1khuSMUEvxVdy4UMSt7+HOtzFtZ6GtPwQ+/nMO5+QPYikMet63k1lZXVvfyG7mtrZ3dvfc/YOaiRLNeJVFMtKNgBouheJVFCh5I9achoHk9WB4Pa3XH7g2IlL3OIp5O6R9JXqCUbRWxz0qt1CE3JDyGUmpeNNx817Bm4ksg59CHlJVOu5XqxuxJOQKmaTGNH0vxvaYahRM8kmulRgeUzakfd60qKjd0x7Prp+QU+t0SS/S9ikkM/f3xJiGxozCwHaGFAdmsTY1/6s1E+xdtcdCxQlyxeaLeokkGJFpFKQrNGcoRxYo08LeStiAasrQBpazIfiLX16G2kXB9wr+XTFfUmkcWTiGEzgHHy6hBLdQgSoweIRneIU358l5cd6dj3lrxklnDuGPnM8ftpiUOA==</latexit><latexit sha1_base64="3sU+U8PAONDcLklshx2Oct7KfBs=">AAAB/XicbZDLSgMxFIbP1Futt/GycxMsoqsyIwVdFgRxVSrYC7SlZNK0Dc1khuSMUEvxVdy4UMSt7+HOtzFtZ6GtPwQ+/nMO5+QPYikMet63k1lZXVvfyG7mtrZ3dvfc/YOaiRLNeJVFMtKNgBouheJVFCh5I9achoHk9WB4Pa3XH7g2IlL3OIp5O6R9JXqCUbRWxz0qt1CE3JDyGUmpeNNx817Bm4ksg59CHlJVOu5XqxuxJOQKmaTGNH0vxvaYahRM8kmulRgeUzakfd60qKjd0x7Prp+QU+t0SS/S9ikkM/f3xJiGxozCwHaGFAdmsTY1/6s1E+xdtcdCxQlyxeaLeokkGJFpFKQrNGcoRxYo08LeStiAasrQBpazIfiLX16G2kXB9wr+XTFfUmkcWTiGEzgHHy6hBLdQgSoweIRneIU358l5cd6dj3lrxklnDuGPnM8ftpiUOA==</latexit><latexit sha1_base64="3sU+U8PAONDcLklshx2Oct7KfBs=">AAAB/XicbZDLSgMxFIbP1Futt/GycxMsoqsyIwVdFgRxVSrYC7SlZNK0Dc1khuSMUEvxVdy4UMSt7+HOtzFtZ6GtPwQ+/nMO5+QPYikMet63k1lZXVvfyG7mtrZ3dvfc/YOaiRLNeJVFMtKNgBouheJVFCh5I9achoHk9WB4Pa3XH7g2IlL3OIp5O6R9JXqCUbRWxz0qt1CE3JDyGUmpeNNx817Bm4ksg59CHlJVOu5XqxuxJOQKmaTGNH0vxvaYahRM8kmulRgeUzakfd60qKjd0x7Prp+QU+t0SS/S9ikkM/f3xJiGxozCwHaGFAdmsTY1/6s1E+xdtcdCxQlyxeaLeokkGJFpFKQrNGcoRxYo08LeStiAasrQBpazIfiLX16G2kXB9wr+XTFfUmkcWTiGEzgHHy6hBLdQgSoweIRneIU358l5cd6dj3lrxklnDuGPnM8ftpiUOA==</latexit>

T ⇥ N ⇥ F<latexit sha1_base64="6AxZv7aKSdf67lrpQ7BbTl4lKMw=">AAAB/HicbZDLSgMxFIbP1Futt9Eu3QSL4KrMiKDLgiCupEJv0JaSSdM2NJMZkjPCMNRXceNCEbc+iDvfxvQiaOsPgY//nMM5+YNYCoOe9+Xk1tY3Nrfy24Wd3b39A/fwqGGiRDNeZ5GMdCughkuheB0FSt6KNadhIHkzGF9P680Hro2IVA3TmHdDOlRiIBhFa/XcYo10UITckLsfuOm5Ja/szURWwV9ACRaq9tzPTj9iScgVMkmNaftejN2MahRM8kmhkxgeUzamQ962qKhd081mx0/IqXX6ZBBp+xSSmft7IqOhMWkY2M6Q4sgs16bmf7V2goOrbiZUnCBXbL5okEiCEZkmQfpCc4YytUCZFvZWwkZUU4Y2r4INwV/+8io0zsu+V/bvL0oVtYgjD8dwAmfgwyVU4BaqUAcGKTzBC7w6j86z8+a8z1tzzmKmCH/kfHwDOQuT+Q==</latexit><latexit sha1_base64="6AxZv7aKSdf67lrpQ7BbTl4lKMw=">AAAB/HicbZDLSgMxFIbP1Futt9Eu3QSL4KrMiKDLgiCupEJv0JaSSdM2NJMZkjPCMNRXceNCEbc+iDvfxvQiaOsPgY//nMM5+YNYCoOe9+Xk1tY3Nrfy24Wd3b39A/fwqGGiRDNeZ5GMdCughkuheB0FSt6KNadhIHkzGF9P680Hro2IVA3TmHdDOlRiIBhFa/XcYo10UITckLsfuOm5Ja/szURWwV9ACRaq9tzPTj9iScgVMkmNaftejN2MahRM8kmhkxgeUzamQ962qKhd081mx0/IqXX6ZBBp+xSSmft7IqOhMWkY2M6Q4sgs16bmf7V2goOrbiZUnCBXbL5okEiCEZkmQfpCc4YytUCZFvZWwkZUU4Y2r4INwV/+8io0zsu+V/bvL0oVtYgjD8dwAmfgwyVU4BaqUAcGKTzBC7w6j86z8+a8z1tzzmKmCH/kfHwDOQuT+Q==</latexit><latexit sha1_base64="6AxZv7aKSdf67lrpQ7BbTl4lKMw=">AAAB/HicbZDLSgMxFIbP1Futt9Eu3QSL4KrMiKDLgiCupEJv0JaSSdM2NJMZkjPCMNRXceNCEbc+iDvfxvQiaOsPgY//nMM5+YNYCoOe9+Xk1tY3Nrfy24Wd3b39A/fwqGGiRDNeZ5GMdCughkuheB0FSt6KNadhIHkzGF9P680Hro2IVA3TmHdDOlRiIBhFa/XcYo10UITckLsfuOm5Ja/szURWwV9ACRaq9tzPTj9iScgVMkmNaftejN2MahRM8kmhkxgeUzamQ962qKhd081mx0/IqXX6ZBBp+xSSmft7IqOhMWkY2M6Q4sgs16bmf7V2goOrbiZUnCBXbL5okEiCEZkmQfpCc4YytUCZFvZWwkZUU4Y2r4INwV/+8io0zsu+V/bvL0oVtYgjD8dwAmfgwyVU4BaqUAcGKTzBC7w6j86z8+a8z1tzzmKmCH/kfHwDOQuT+Q==</latexit><latexit sha1_base64="6AxZv7aKSdf67lrpQ7BbTl4lKMw=">AAAB/HicbZDLSgMxFIbP1Futt9Eu3QSL4KrMiKDLgiCupEJv0JaSSdM2NJMZkjPCMNRXceNCEbc+iDvfxvQiaOsPgY//nMM5+YNYCoOe9+Xk1tY3Nrfy24Wd3b39A/fwqGGiRDNeZ5GMdCughkuheB0FSt6KNadhIHkzGF9P680Hro2IVA3TmHdDOlRiIBhFa/XcYo10UITckLsfuOm5Ja/szURWwV9ACRaq9tzPTj9iScgVMkmNaftejN2MahRM8kmhkxgeUzamQ962qKhd081mx0/IqXX6ZBBp+xSSmft7IqOhMWkY2M6Q4sgs16bmf7V2goOrbiZUnCBXbL5okEiCEZkmQfpCc4YytUCZFvZWwkZUU4Y2r4INwV/+8io0zsu+V/bvL0oVtYgjD8dwAmfgwyVU4BaqUAcGKTzBC7w6j86z8+a8z1tzzmKmCH/kfHwDOQuT+Q==</latexit>

1 ⇥ 1<latexit sha1_base64="Ih4iDxmUoLIVNt5lasiEBn25EOo=">AAAB8XicbVDLSgNBEOz1GeMr6tHLYBA8hR0R9Bjw4jGCeWCyhNnJbDJkdnaZ6Q2EJeBHePGgiFf/xpt/4+Rx0MSChqKqm+6uMFXSou9/e2vrG5tb24Wd4u7e/sFh6ei4YZPMcFHniUpMK2RWKKlFHSUq0UqNYHGoRDMc3k795kgYKxP9gONUBDHraxlJztBJj5R0UMbCEtotlf2KPwNZJXRByrBArVv66vQSnsVCI1fM2jb1UwxyZlByJSbFTmZFyviQ9UXbUc3cmiCfXTwh507pkSgxrjSSmfp7ImexteM4dJ0xw4Fd9qbif147w+gmyKVOMxSazxdFmSKYkOn7pCeN4KjGjjBupLuV8AEzjKMLqehCoMsvr5LGZYX6FXp/Va6OnuZxFOAUzuACKFxDFe6gBnXgoOEZXuHNs96L9+59zFvXvEWEJ/AH3ucPfQ6Qsg==</latexit><latexit sha1_base64="Ih4iDxmUoLIVNt5lasiEBn25EOo=">AAAB8XicbVDLSgNBEOz1GeMr6tHLYBA8hR0R9Bjw4jGCeWCyhNnJbDJkdnaZ6Q2EJeBHePGgiFf/xpt/4+Rx0MSChqKqm+6uMFXSou9/e2vrG5tb24Wd4u7e/sFh6ei4YZPMcFHniUpMK2RWKKlFHSUq0UqNYHGoRDMc3k795kgYKxP9gONUBDHraxlJztBJj5R0UMbCEtotlf2KPwNZJXRByrBArVv66vQSnsVCI1fM2jb1UwxyZlByJSbFTmZFyviQ9UXbUc3cmiCfXTwh507pkSgxrjSSmfp7ImexteM4dJ0xw4Fd9qbif147w+gmyKVOMxSazxdFmSKYkOn7pCeN4KjGjjBupLuV8AEzjKMLqehCoMsvr5LGZYX6FXp/Va6OnuZxFOAUzuACKFxDFe6gBnXgoOEZXuHNs96L9+59zFvXvEWEJ/AH3ucPfQ6Qsg==</latexit><latexit sha1_base64="Ih4iDxmUoLIVNt5lasiEBn25EOo=">AAAB8XicbVDLSgNBEOz1GeMr6tHLYBA8hR0R9Bjw4jGCeWCyhNnJbDJkdnaZ6Q2EJeBHePGgiFf/xpt/4+Rx0MSChqKqm+6uMFXSou9/e2vrG5tb24Wd4u7e/sFh6ei4YZPMcFHniUpMK2RWKKlFHSUq0UqNYHGoRDMc3k795kgYKxP9gONUBDHraxlJztBJj5R0UMbCEtotlf2KPwNZJXRByrBArVv66vQSnsVCI1fM2jb1UwxyZlByJSbFTmZFyviQ9UXbUc3cmiCfXTwh507pkSgxrjSSmfp7ImexteM4dJ0xw4Fd9qbif147w+gmyKVOMxSazxdFmSKYkOn7pCeN4KjGjjBupLuV8AEzjKMLqehCoMsvr5LGZYX6FXp/Va6OnuZxFOAUzuACKFxDFe6gBnXgoOEZXuHNs96L9+59zFvXvEWEJ/AH3ucPfQ6Qsg==</latexit><latexit sha1_base64="Ih4iDxmUoLIVNt5lasiEBn25EOo=">AAAB8XicbVDLSgNBEOz1GeMr6tHLYBA8hR0R9Bjw4jGCeWCyhNnJbDJkdnaZ6Q2EJeBHePGgiFf/xpt/4+Rx0MSChqKqm+6uMFXSou9/e2vrG5tb24Wd4u7e/sFh6ei4YZPMcFHniUpMK2RWKKlFHSUq0UqNYHGoRDMc3k795kgYKxP9gONUBDHraxlJztBJj5R0UMbCEtotlf2KPwNZJXRByrBArVv66vQSnsVCI1fM2jb1UwxyZlByJSbFTmZFyviQ9UXbUc3cmiCfXTwh507pkSgxrjSSmfp7ImexteM4dJ0xw4Fd9qbif147w+gmyKVOMxSazxdFmSKYkOn7pCeN4KjGjjBupLuV8AEzjKMLqehCoMsvr5LGZYX6FXp/Va6OnuZxFOAUzuACKFxDFe6gBnXgoOEZXuHNs96L9+59zFvXvEWEJ/AH3ucPfQ6Qsg==</latexit>

1 ⇥ 1<latexit sha1_base64="Ih4iDxmUoLIVNt5lasiEBn25EOo=">AAAB8XicbVDLSgNBEOz1GeMr6tHLYBA8hR0R9Bjw4jGCeWCyhNnJbDJkdnaZ6Q2EJeBHePGgiFf/xpt/4+Rx0MSChqKqm+6uMFXSou9/e2vrG5tb24Wd4u7e/sFh6ei4YZPMcFHniUpMK2RWKKlFHSUq0UqNYHGoRDMc3k795kgYKxP9gONUBDHraxlJztBJj5R0UMbCEtotlf2KPwNZJXRByrBArVv66vQSnsVCI1fM2jb1UwxyZlByJSbFTmZFyviQ9UXbUc3cmiCfXTwh507pkSgxrjSSmfp7ImexteM4dJ0xw4Fd9qbif147w+gmyKVOMxSazxdFmSKYkOn7pCeN4KjGjjBupLuV8AEzjKMLqehCoMsvr5LGZYX6FXp/Va6OnuZxFOAUzuACKFxDFe6gBnXgoOEZXuHNs96L9+59zFvXvEWEJ/AH3ucPfQ6Qsg==</latexit><latexit sha1_base64="Ih4iDxmUoLIVNt5lasiEBn25EOo=">AAAB8XicbVDLSgNBEOz1GeMr6tHLYBA8hR0R9Bjw4jGCeWCyhNnJbDJkdnaZ6Q2EJeBHePGgiFf/xpt/4+Rx0MSChqKqm+6uMFXSou9/e2vrG5tb24Wd4u7e/sFh6ei4YZPMcFHniUpMK2RWKKlFHSUq0UqNYHGoRDMc3k795kgYKxP9gONUBDHraxlJztBJj5R0UMbCEtotlf2KPwNZJXRByrBArVv66vQSnsVCI1fM2jb1UwxyZlByJSbFTmZFyviQ9UXbUc3cmiCfXTwh507pkSgxrjSSmfp7ImexteM4dJ0xw4Fd9qbif147w+gmyKVOMxSazxdFmSKYkOn7pCeN4KjGjjBupLuV8AEzjKMLqehCoMsvr5LGZYX6FXp/Va6OnuZxFOAUzuACKFxDFe6gBnXgoOEZXuHNs96L9+59zFvXvEWEJ/AH3ucPfQ6Qsg==</latexit><latexit sha1_base64="Ih4iDxmUoLIVNt5lasiEBn25EOo=">AAAB8XicbVDLSgNBEOz1GeMr6tHLYBA8hR0R9Bjw4jGCeWCyhNnJbDJkdnaZ6Q2EJeBHePGgiFf/xpt/4+Rx0MSChqKqm+6uMFXSou9/e2vrG5tb24Wd4u7e/sFh6ei4YZPMcFHniUpMK2RWKKlFHSUq0UqNYHGoRDMc3k795kgYKxP9gONUBDHraxlJztBJj5R0UMbCEtotlf2KPwNZJXRByrBArVv66vQSnsVCI1fM2jb1UwxyZlByJSbFTmZFyviQ9UXbUc3cmiCfXTwh507pkSgxrjSSmfp7ImexteM4dJ0xw4Fd9qbif147w+gmyKVOMxSazxdFmSKYkOn7pCeN4KjGjjBupLuV8AEzjKMLqehCoMsvr5LGZYX6FXp/Va6OnuZxFOAUzuACKFxDFe6gBnXgoOEZXuHNs96L9+59zFvXvEWEJ/AH3ucPfQ6Qsg==</latexit><latexit sha1_base64="Ih4iDxmUoLIVNt5lasiEBn25EOo=">AAAB8XicbVDLSgNBEOz1GeMr6tHLYBA8hR0R9Bjw4jGCeWCyhNnJbDJkdnaZ6Q2EJeBHePGgiFf/xpt/4+Rx0MSChqKqm+6uMFXSou9/e2vrG5tb24Wd4u7e/sFh6ei4YZPMcFHniUpMK2RWKKlFHSUq0UqNYHGoRDMc3k795kgYKxP9gONUBDHraxlJztBJj5R0UMbCEtotlf2KPwNZJXRByrBArVv66vQSnsVCI1fM2jb1UwxyZlByJSbFTmZFyviQ9UXbUc3cmiCfXTwh507pkSgxrjSSmfp7ImexteM4dJ0xw4Fd9qbif147w+gmyKVOMxSazxdFmSKYkOn7pCeN4KjGjjBupLuV8AEzjKMLqehCoMsvr5LGZYX6FXp/Va6OnuZxFOAUzuACKFxDFe6gBnXgoOEZXuHNs96L9+59zFvXvEWEJ/AH3ucPfQ6Qsg==</latexit>

+
<latexit sha1_base64="aWOcHJrcbrsxJSLO3n80z068CGE=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh6LXjy2YD+gDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjlo5TxbDJYhGrTkA1Ci6xabgR2EkU0igQ2A7GdzO//YRK81g+mEmCfkSHkoecUWOlxkW/XHGr7hxklXg5qUCOer/81RvELI1QGiao1l3PTYyfUWU4Ezgt9VKNCWVjOsSupZJGqP1sfuiUnFllQMJY2ZKGzNXfExmNtJ5Ege2MqBnpZW8m/ud1UxPe+BmXSWpQssWiMBXExGT2NRlwhcyIiSWUKW5vJWxEFWXGZlOyIXjLL6+S1mXVc6te46pSu83jKMIJnMI5eHANNbiHOjSBAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPcYWMrw==</latexit><latexit sha1_base64="aWOcHJrcbrsxJSLO3n80z068CGE=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh6LXjy2YD+gDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjlo5TxbDJYhGrTkA1Ci6xabgR2EkU0igQ2A7GdzO//YRK81g+mEmCfkSHkoecUWOlxkW/XHGr7hxklXg5qUCOer/81RvELI1QGiao1l3PTYyfUWU4Ezgt9VKNCWVjOsSupZJGqP1sfuiUnFllQMJY2ZKGzNXfExmNtJ5Ege2MqBnpZW8m/ud1UxPe+BmXSWpQssWiMBXExGT2NRlwhcyIiSWUKW5vJWxEFWXGZlOyIXjLL6+S1mXVc6te46pSu83jKMIJnMI5eHANNbiHOjSBAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPcYWMrw==</latexit><latexit sha1_base64="aWOcHJrcbrsxJSLO3n80z068CGE=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh6LXjy2YD+gDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjlo5TxbDJYhGrTkA1Ci6xabgR2EkU0igQ2A7GdzO//YRK81g+mEmCfkSHkoecUWOlxkW/XHGr7hxklXg5qUCOer/81RvELI1QGiao1l3PTYyfUWU4Ezgt9VKNCWVjOsSupZJGqP1sfuiUnFllQMJY2ZKGzNXfExmNtJ5Ege2MqBnpZW8m/ud1UxPe+BmXSWpQssWiMBXExGT2NRlwhcyIiSWUKW5vJWxEFWXGZlOyIXjLL6+S1mXVc6te46pSu83jKMIJnMI5eHANNbiHOjSBAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPcYWMrw==</latexit><latexit sha1_base64="aWOcHJrcbrsxJSLO3n80z068CGE=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh6LXjy2YD+gDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjlo5TxbDJYhGrTkA1Ci6xabgR2EkU0igQ2A7GdzO//YRK81g+mEmCfkSHkoecUWOlxkW/XHGr7hxklXg5qUCOer/81RvELI1QGiao1l3PTYyfUWU4Ezgt9VKNCWVjOsSupZJGqP1sfuiUnFllQMJY2ZKGzNXfExmNtJ5Ege2MqBnpZW8m/ud1UxPe+BmXSWpQssWiMBXExGT2NRlwhcyIiSWUKW5vJWxEFWXGZlOyIXjLL6+S1mXVc6te46pSu83jKMIJnMI5eHANNbiHOjSBAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPcYWMrw==</latexit>

T ⇥ N 0 ⇥ F<latexit sha1_base64="+wZA7vXIdN0pwZqFSx7UpwNFcio=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgegozIugxIIgniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7S8srqWXc9tbG5t7+R392omTjXjVRbLWDcCargUildRoOSNRHMaBZLXg/7VuF6/59qIWFVwkHA/ol0lQsEoWqudP6iQFoqIG3J78kPX7XzBLboTkUXwZlCAmcrt/GerE7M04gqZpMY0PTdBf0g1Cib5KNdKDU8o69Mub1pU1K7xh5PrR+TYOh0Sxto+hWTi/p4Y0siYQRTYzohiz8zXxuZ/tWaK4aU/FCpJkSs2XRSmkmBMxlGQjtCcoRxYoEwLeythPaopQxtYzobgzX95EWpnRc8tenfnhZKaxZGFQziCU/DgAkpwA2WoAoMHeIIXeHUenWfnzXmftmac2cw+/JHz8Q2eDZQq</latexit><latexit sha1_base64="+wZA7vXIdN0pwZqFSx7UpwNFcio=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgegozIugxIIgniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7S8srqWXc9tbG5t7+R392omTjXjVRbLWDcCargUildRoOSNRHMaBZLXg/7VuF6/59qIWFVwkHA/ol0lQsEoWqudP6iQFoqIG3J78kPX7XzBLboTkUXwZlCAmcrt/GerE7M04gqZpMY0PTdBf0g1Cib5KNdKDU8o69Mub1pU1K7xh5PrR+TYOh0Sxto+hWTi/p4Y0siYQRTYzohiz8zXxuZ/tWaK4aU/FCpJkSs2XRSmkmBMxlGQjtCcoRxYoEwLeythPaopQxtYzobgzX95EWpnRc8tenfnhZKaxZGFQziCU/DgAkpwA2WoAoMHeIIXeHUenWfnzXmftmac2cw+/JHz8Q2eDZQq</latexit><latexit sha1_base64="+wZA7vXIdN0pwZqFSx7UpwNFcio=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgegozIugxIIgniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7S8srqWXc9tbG5t7+R392omTjXjVRbLWDcCargUildRoOSNRHMaBZLXg/7VuF6/59qIWFVwkHA/ol0lQsEoWqudP6iQFoqIG3J78kPX7XzBLboTkUXwZlCAmcrt/GerE7M04gqZpMY0PTdBf0g1Cib5KNdKDU8o69Mub1pU1K7xh5PrR+TYOh0Sxto+hWTi/p4Y0siYQRTYzohiz8zXxuZ/tWaK4aU/FCpJkSs2XRSmkmBMxlGQjtCcoRxYoEwLeythPaopQxtYzobgzX95EWpnRc8tenfnhZKaxZGFQziCU/DgAkpwA2WoAoMHeIIXeHUenWfnzXmftmac2cw+/JHz8Q2eDZQq</latexit><latexit sha1_base64="+wZA7vXIdN0pwZqFSx7UpwNFcio=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgegozIugxIIgniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7S8srqWXc9tbG5t7+R392omTjXjVRbLWDcCargUildRoOSNRHMaBZLXg/7VuF6/59qIWFVwkHA/ol0lQsEoWqudP6iQFoqIG3J78kPX7XzBLboTkUXwZlCAmcrt/GerE7M04gqZpMY0PTdBf0g1Cib5KNdKDU8o69Mub1pU1K7xh5PrR+TYOh0Sxto+hWTi/p4Y0siYQRTYzohiz8zXxuZ/tWaK4aU/FCpJkSs2XRSmkmBMxlGQjtCcoRxYoEwLeythPaopQxtYzobgzX95EWpnRc8tenfnhZKaxZGFQziCU/DgAkpwA2WoAoMHeIIXeHUenWfnzXmftmac2cw+/JHz8Q2eDZQq</latexit>

N 0 ⇥ F<latexit sha1_base64="WiJSKosl7DJHdlzyU6kKbhNFAqU=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbRU0lE0GNBEE9SwX5gG8pmu2mXbjZhdyKU0H/hxYMiXv033vw3btsctPXBwOO9GWbmBYkUBl332ymsrK6tbxQ3S1vbO7t75f2DpolTzXiDxTLW7YAaLoXiDRQoeTvRnEaB5K1gdD31W09cGxGrBxwn3I/oQIlQMIpWerw77aKIuCE3vXLFrbozkGXi5aQCOeq98le3H7M04gqZpMZ0PDdBP6MaBZN8UuqmhieUjeiAdyxV1K7xs9nFE3JilT4JY21LIZmpvycyGhkzjgLbGVEcmkVvKv7ndVIMr/xMqCRFrth8UZhKgjGZvk/6QnOGcmwJZVrYWwkbUk0Z2pBKNgRv8eVl0jyvem7Vu7+o1FQeRxGO4BjOwINLqMEt1KEBDBQ8wyu8OcZ5cd6dj3lrwclnDuEPnM8frEeQYw==</latexit><latexit sha1_base64="WiJSKosl7DJHdlzyU6kKbhNFAqU=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbRU0lE0GNBEE9SwX5gG8pmu2mXbjZhdyKU0H/hxYMiXv033vw3btsctPXBwOO9GWbmBYkUBl332ymsrK6tbxQ3S1vbO7t75f2DpolTzXiDxTLW7YAaLoXiDRQoeTvRnEaB5K1gdD31W09cGxGrBxwn3I/oQIlQMIpWerw77aKIuCE3vXLFrbozkGXi5aQCOeq98le3H7M04gqZpMZ0PDdBP6MaBZN8UuqmhieUjeiAdyxV1K7xs9nFE3JilT4JY21LIZmpvycyGhkzjgLbGVEcmkVvKv7ndVIMr/xMqCRFrth8UZhKgjGZvk/6QnOGcmwJZVrYWwkbUk0Z2pBKNgRv8eVl0jyvem7Vu7+o1FQeRxGO4BjOwINLqMEt1KEBDBQ8wyu8OcZ5cd6dj3lrwclnDuEPnM8frEeQYw==</latexit><latexit sha1_base64="WiJSKosl7DJHdlzyU6kKbhNFAqU=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbRU0lE0GNBEE9SwX5gG8pmu2mXbjZhdyKU0H/hxYMiXv033vw3btsctPXBwOO9GWbmBYkUBl332ymsrK6tbxQ3S1vbO7t75f2DpolTzXiDxTLW7YAaLoXiDRQoeTvRnEaB5K1gdD31W09cGxGrBxwn3I/oQIlQMIpWerw77aKIuCE3vXLFrbozkGXi5aQCOeq98le3H7M04gqZpMZ0PDdBP6MaBZN8UuqmhieUjeiAdyxV1K7xs9nFE3JilT4JY21LIZmpvycyGhkzjgLbGVEcmkVvKv7ndVIMr/xMqCRFrth8UZhKgjGZvk/6QnOGcmwJZVrYWwkbUk0Z2pBKNgRv8eVl0jyvem7Vu7+o1FQeRxGO4BjOwINLqMEt1KEBDBQ8wyu8OcZ5cd6dj3lrwclnDuEPnM8frEeQYw==</latexit><latexit sha1_base64="WiJSKosl7DJHdlzyU6kKbhNFAqU=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbRU0lE0GNBEE9SwX5gG8pmu2mXbjZhdyKU0H/hxYMiXv033vw3btsctPXBwOO9GWbmBYkUBl332ymsrK6tbxQ3S1vbO7t75f2DpolTzXiDxTLW7YAaLoXiDRQoeTvRnEaB5K1gdD31W09cGxGrBxwn3I/oQIlQMIpWerw77aKIuCE3vXLFrbozkGXi5aQCOeq98le3H7M04gqZpMZ0PDdBP6MaBZN8UuqmhieUjeiAdyxV1K7xs9nFE3JilT4JY21LIZmpvycyGhkzjgLbGVEcmkVvKv7ndVIMr/xMqCRFrth8UZhKgjGZvk/6QnOGcmwJZVrYWwkbUk0Z2pBKNgRv8eVl0jyvem7Vu7+o1FQeRxGO4BjOwINLqMEt1KEBDBQ8wyu8OcZ5cd6dj3lrwclnDuEPnM8frEeQYw==</latexit>

N ⇥ N 0 ⇥ F<latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="hP+6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfNfzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i77+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GSS7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzzi6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1EldVESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2suqp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="kxyBtu9QOOXHZ5K+xZ15v1aYiV8=">AAAB8HicbZDNSgMxFIXv+Ftr1bFbN8EiuiozbnQpCOKqVLA/0A4lk2ba0ExmSO6IZeiruHGhiE/jzrcxbWehrQcCH+ck3JsTplIY9LxvZ2Nza3tnt7RX3q8cHB65x5W2STLNeIslMtHdkBouheItFCh5N9WcxqHknXByO887T1wbkahHnKY8iOlIiUgwitYauNVGH0XMDWmcF3A3cGte3VuIrINfQA0KNQfuV3+YsCzmCpmkxvR8L8UgpxoFk3xW7meGp5RN6Ij3LCpqxwT5YvcZObPOkESJtkchWbi/X+Q0NmYah/ZmTHFsVrO5+V/WyzC6DnKh0gy5YstBUSYJJmReBBkKzRnKqQXKtLC7EjammjK0dZVtCf7ql9ehfVn3vbr/4EEJTuAULsCHK7iBe2hCCxg8wwu8wbszc16dj2VdG07RWxX+yPn8AXqJkj4=</latexit><latexit sha1_base64="kxyBtu9QOOXHZ5K+xZ15v1aYiV8=">AAAB8HicbZDNSgMxFIXv+Ftr1bFbN8EiuiozbnQpCOKqVLA/0A4lk2ba0ExmSO6IZeiruHGhiE/jzrcxbWehrQcCH+ck3JsTplIY9LxvZ2Nza3tnt7RX3q8cHB65x5W2STLNeIslMtHdkBouheItFCh5N9WcxqHknXByO887T1wbkahHnKY8iOlIiUgwitYauNVGH0XMDWmcF3A3cGte3VuIrINfQA0KNQfuV3+YsCzmCpmkxvR8L8UgpxoFk3xW7meGp5RN6Ij3LCpqxwT5YvcZObPOkESJtkchWbi/X+Q0NmYah/ZmTHFsVrO5+V/WyzC6DnKh0gy5YstBUSYJJmReBBkKzRnKqQXKtLC7EjammjK0dZVtCf7ql9ehfVn3vbr/4EEJTuAULsCHK7iBe2hCCxg8wwu8wbszc16dj2VdG07RWxX+yPn8AXqJkj4=</latexit><latexit sha1_base64="ZYF5nRkISODqxET/7XBUzitxcto=">AAAB+3icbZBNS8NAEIYn9avWr1iPXhaL6KkkXvRYEMRTqWBroQ1ls9m0Szcf7E7EEvpXvHhQxKt/xJv/xm2bg7a+sPDwzgwz+/qpFBod59sqra1vbG6Vtys7u3v7B/ZhtaOTTDHeZolMVNenmksR8zYKlLybKk4jX/IHf3w9qz88cqVFEt/jJOVeRIexCAWjaKyBXW32UURck+ZZATcDu+bUnbnIKrgF1KBQa2B/9YOEZRGPkUmqdc91UvRyqlAwyaeVfqZ5StmYDnnPYEzNGi+f3z4lp8YJSJgo82Ikc/f3RE4jrSeRbzojiiO9XJuZ/9V6GYZXXi7iNEMes8WiMJMEEzILggRCcYZyYoAyJcythI2oogxNXBUTgrv85VXoXNRdp+7eObVGUMRRhmM4gXNw4RIacAstaAODJ3iGV3izptaL9W59LFpLVjFzBH9kff4A3feTwg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit><latexit sha1_base64="i+sXFZimLstgVvc3/nVaoB7D64k=">AAAB+3icbZDLSgNBEEVr4ivG1xiXbhqD6CrMiKDLgCCuQgTzgGQIPT09SZOeB901Ygj5FTcuFHHrj7jzb+wks9DECw2HW1VU9fVTKTQ6zrdVWFvf2Nwqbpd2dvf2D+zDcksnmWK8yRKZqI5PNZci5k0UKHknVZxGvuRtf3Qzq7cfudIiiR9wnHIvooNYhIJRNFbfLtd7KCKuSf0sh9u+XXGqzlxkFdwcKpCr0be/ekHCsojHyCTVuus6KXoTqlAwyaelXqZ5StmIDnjXYEzNGm8yv31KTo0TkDBR5sVI5u7viQmNtB5HvumMKA71cm1m/lfrZhheexMRpxnymC0WhZkkmJBZECQQijOUYwOUKWFuJWxIFWVo4iqZENzlL69C66LqOlX3/rJSC/I4inAMJ3AOLlxBDe6gAU1g8ATP8Apv1tR6sd6tj0VrwcpnjuCPrM8f3zeTxg==</latexit>

T ⇥ N 0 ⇥ F<latexit sha1_base64="+wZA7vXIdN0pwZqFSx7UpwNFcio=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgegozIugxIIgniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7S8srqWXc9tbG5t7+R392omTjXjVRbLWDcCargUildRoOSNRHMaBZLXg/7VuF6/59qIWFVwkHA/ol0lQsEoWqudP6iQFoqIG3J78kPX7XzBLboTkUXwZlCAmcrt/GerE7M04gqZpMY0PTdBf0g1Cib5KNdKDU8o69Mub1pU1K7xh5PrR+TYOh0Sxto+hWTi/p4Y0siYQRTYzohiz8zXxuZ/tWaK4aU/FCpJkSs2XRSmkmBMxlGQjtCcoRxYoEwLeythPaopQxtYzobgzX95EWpnRc8tenfnhZKaxZGFQziCU/DgAkpwA2WoAoMHeIIXeHUenWfnzXmftmac2cw+/JHz8Q2eDZQq</latexit><latexit sha1_base64="+wZA7vXIdN0pwZqFSx7UpwNFcio=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgegozIugxIIgniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7S8srqWXc9tbG5t7+R392omTjXjVRbLWDcCargUildRoOSNRHMaBZLXg/7VuF6/59qIWFVwkHA/ol0lQsEoWqudP6iQFoqIG3J78kPX7XzBLboTkUXwZlCAmcrt/GerE7M04gqZpMY0PTdBf0g1Cib5KNdKDU8o69Mub1pU1K7xh5PrR+TYOh0Sxto+hWTi/p4Y0siYQRTYzohiz8zXxuZ/tWaK4aU/FCpJkSs2XRSmkmBMxlGQjtCcoRxYoEwLeythPaopQxtYzobgzX95EWpnRc8tenfnhZKaxZGFQziCU/DgAkpwA2WoAoMHeIIXeHUenWfnzXmftmac2cw+/JHz8Q2eDZQq</latexit><latexit sha1_base64="+wZA7vXIdN0pwZqFSx7UpwNFcio=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgegozIugxIIgniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7S8srqWXc9tbG5t7+R392omTjXjVRbLWDcCargUildRoOSNRHMaBZLXg/7VuF6/59qIWFVwkHA/ol0lQsEoWqudP6iQFoqIG3J78kPX7XzBLboTkUXwZlCAmcrt/GerE7M04gqZpMY0PTdBf0g1Cib5KNdKDU8o69Mub1pU1K7xh5PrR+TYOh0Sxto+hWTi/p4Y0siYQRTYzohiz8zXxuZ/tWaK4aU/FCpJkSs2XRSmkmBMxlGQjtCcoRxYoEwLeythPaopQxtYzobgzX95EWpnRc8tenfnhZKaxZGFQziCU/DgAkpwA2WoAoMHeIIXeHUenWfnzXmftmac2cw+/JHz8Q2eDZQq</latexit><latexit sha1_base64="+wZA7vXIdN0pwZqFSx7UpwNFcio=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgegozIugxIIgniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7S8srqWXc9tbG5t7+R392omTjXjVRbLWDcCargUildRoOSNRHMaBZLXg/7VuF6/59qIWFVwkHA/ol0lQsEoWqudP6iQFoqIG3J78kPX7XzBLboTkUXwZlCAmcrt/GerE7M04gqZpMY0PTdBf0g1Cib5KNdKDU8o69Mub1pU1K7xh5PrR+TYOh0Sxto+hWTi/p4Y0siYQRTYzohiz8zXxuZ/tWaK4aU/FCpJkSs2XRSmkmBMxlGQjtCcoRxYoEwLeythPaopQxtYzobgzX95EWpnRc8tenfnhZKaxZGFQziCU/DgAkpwA2WoAoMHeIIXeHUenWfnzXmftmac2cw+/JHz8Q2eDZQq</latexit>

z
<latexit sha1_base64="jduaZ6UYzqHvXjLKLaeKjHoTHlQ=">AAAB6HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxjIB8wHJEfY2c8mavb1jdy8Qj4C9jYUitv4kO/+Nm49CEx8MPN6bYWZekAiujet+O7mNza3tnfxuYW//4PCoeHzS1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hodua3xqg0j+W9mSToR3QgecgZNVaqP/aKJbfszkHWibckJVii1it+dfsxSyOUhgmqdcdzE+NnVBnOBE4L3VRjQtmIDrBjqaQRaj+bHzolF1bpkzBWtqQhc/X3REYjrSdRYDsjaoZ61ZuJ/3md1IQ3fsZlkhqUbLEoTAUxMZl9TfpcITNiYgllittbCRtSRZmx2RRsCN7qy+ukeVX23LJXvy5Vx0+LOPJwBudwCR5UoAp3UIMGMEB4hld4cx6cF+fd+Vi05pxlhKfwB87nDx70jbI=</latexit><latexit sha1_base64="jduaZ6UYzqHvXjLKLaeKjHoTHlQ=">AAAB6HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxjIB8wHJEfY2c8mavb1jdy8Qj4C9jYUitv4kO/+Nm49CEx8MPN6bYWZekAiujet+O7mNza3tnfxuYW//4PCoeHzS1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hodua3xqg0j+W9mSToR3QgecgZNVaqP/aKJbfszkHWibckJVii1it+dfsxSyOUhgmqdcdzE+NnVBnOBE4L3VRjQtmIDrBjqaQRaj+bHzolF1bpkzBWtqQhc/X3REYjrSdRYDsjaoZ61ZuJ/3md1IQ3fsZlkhqUbLEoTAUxMZl9TfpcITNiYgllittbCRtSRZmx2RRsCN7qy+ukeVX23LJXvy5Vx0+LOPJwBudwCR5UoAp3UIMGMEB4hld4cx6cF+fd+Vi05pxlhKfwB87nDx70jbI=</latexit><latexit sha1_base64="jduaZ6UYzqHvXjLKLaeKjHoTHlQ=">AAAB6HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxjIB8wHJEfY2c8mavb1jdy8Qj4C9jYUitv4kO/+Nm49CEx8MPN6bYWZekAiujet+O7mNza3tnfxuYW//4PCoeHzS1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hodua3xqg0j+W9mSToR3QgecgZNVaqP/aKJbfszkHWibckJVii1it+dfsxSyOUhgmqdcdzE+NnVBnOBE4L3VRjQtmIDrBjqaQRaj+bHzolF1bpkzBWtqQhc/X3REYjrSdRYDsjaoZ61ZuJ/3md1IQ3fsZlkhqUbLEoTAUxMZl9TfpcITNiYgllittbCRtSRZmx2RRsCN7qy+ukeVX23LJXvy5Vx0+LOPJwBudwCR5UoAp3UIMGMEB4hld4cx6cF+fd+Vi05pxlhKfwB87nDx70jbI=</latexit><latexit sha1_base64="jduaZ6UYzqHvXjLKLaeKjHoTHlQ=">AAAB6HicbVA9SwNBEJ2LXzF+RS1tFoNgFe5EiGXAxjIB8wHJEfY2c8mavb1jdy8Qj4C9jYUitv4kO/+Nm49CEx8MPN6bYWZekAiujet+O7mNza3tnfxuYW//4PCoeHzS1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hodua3xqg0j+W9mSToR3QgecgZNVaqP/aKJbfszkHWibckJVii1it+dfsxSyOUhgmqdcdzE+NnVBnOBE4L3VRjQtmIDrBjqaQRaj+bHzolF1bpkzBWtqQhc/X3REYjrSdRYDsjaoZ61ZuJ/3md1IQ3fsZlkhqUbLEoTAUxMZl9TfpcITNiYgllittbCRtSRZmx2RRsCN7qy+ukeVX23LJXvy5Vx0+LOPJwBudwCR5UoAp3UIMGMEB4hld4cx6cF+fd+Vi05pxlhKfwB87nDx70jbI=</latexit>

Positional
Feature

N ⇥ N 0 ⇥ 1<latexit sha1_base64="++a2ksbgaiOp9CV+Xmuh/yXGAEI=">AAAB/XicbZDJSgNBEIZrXGPcxuXmpTGInsKMCHoMePEUIpgFkhB6Oj1Jk56eobtGiEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhj0vC9naXlldW09t5Hf3Nre2XX39msmTjXjVRbLWDcCargUildRoOSNRHMaBZLXg8H1uF6/59qIWN3hMOHtiPaUCAWjaK2Oe1gmLRQRN6R8+kN+xy14RW8isgj+DAowU6Xjfra6MUsjrpBJakzT9xJsZ1SjYJKP8q3U8ISyAe3xpkVF7Zp2Nrl+RE6s0yVhrO1TSCbu74mMRsYMo8B2RhT7Zr42Nv+rNVMMr9qZUEmKXLHpojCVBGMyjoJ0heYM5dACZVrYWwnrU00Z2sDyNgR//suLUDsv+l7Rv70olNQsjhwcwTGcgQ+XUIIbqEAVGDzAE7zAq/PoPDtvzvu0dcmZzRzAHzkf33SvlA8=</latexit><latexit sha1_base64="++a2ksbgaiOp9CV+Xmuh/yXGAEI=">AAAB/XicbZDJSgNBEIZrXGPcxuXmpTGInsKMCHoMePEUIpgFkhB6Oj1Jk56eobtGiEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhj0vC9naXlldW09t5Hf3Nre2XX39msmTjXjVRbLWDcCargUildRoOSNRHMaBZLXg8H1uF6/59qIWN3hMOHtiPaUCAWjaK2Oe1gmLRQRN6R8+kN+xy14RW8isgj+DAowU6Xjfra6MUsjrpBJakzT9xJsZ1SjYJKP8q3U8ISyAe3xpkVF7Zp2Nrl+RE6s0yVhrO1TSCbu74mMRsYMo8B2RhT7Zr42Nv+rNVMMr9qZUEmKXLHpojCVBGMyjoJ0heYM5dACZVrYWwnrU00Z2sDyNgR//suLUDsv+l7Rv70olNQsjhwcwTGcgQ+XUIIbqEAVGDzAE7zAq/PoPDtvzvu0dcmZzRzAHzkf33SvlA8=</latexit><latexit sha1_base64="++a2ksbgaiOp9CV+Xmuh/yXGAEI=">AAAB/XicbZDJSgNBEIZrXGPcxuXmpTGInsKMCHoMePEUIpgFkhB6Oj1Jk56eobtGiEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhj0vC9naXlldW09t5Hf3Nre2XX39msmTjXjVRbLWDcCargUildRoOSNRHMaBZLXg8H1uF6/59qIWN3hMOHtiPaUCAWjaK2Oe1gmLRQRN6R8+kN+xy14RW8isgj+DAowU6Xjfra6MUsjrpBJakzT9xJsZ1SjYJKP8q3U8ISyAe3xpkVF7Zp2Nrl+RE6s0yVhrO1TSCbu74mMRsYMo8B2RhT7Zr42Nv+rNVMMr9qZUEmKXLHpojCVBGMyjoJ0heYM5dACZVrYWwnrU00Z2sDyNgR//suLUDsv+l7Rv70olNQsjhwcwTGcgQ+XUIIbqEAVGDzAE7zAq/PoPDtvzvu0dcmZzRzAHzkf33SvlA8=</latexit><latexit sha1_base64="++a2ksbgaiOp9CV+Xmuh/yXGAEI=">AAAB/XicbZDJSgNBEIZrXGPcxuXmpTGInsKMCHoMePEUIpgFkhB6Oj1Jk56eobtGiEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhj0vC9naXlldW09t5Hf3Nre2XX39msmTjXjVRbLWDcCargUildRoOSNRHMaBZLXg8H1uF6/59qIWN3hMOHtiPaUCAWjaK2Oe1gmLRQRN6R8+kN+xy14RW8isgj+DAowU6Xjfra6MUsjrpBJakzT9xJsZ1SjYJKP8q3U8ISyAe3xpkVF7Zp2Nrl+RE6s0yVhrO1TSCbu74mMRsYMo8B2RhT7Zr42Nv+rNVMMr9qZUEmKXLHpojCVBGMyjoJ0heYM5dACZVrYWwnrU00Z2sDyNgR//suLUDsv+l7Rv70olNQsjhwcwTGcgQ+XUIIbqEAVGDzAE7zAq/PoPDtvzvu0dcmZzRzAHzkf33SvlA8=</latexit>

Multi-head attention

: Concatenation

⇥<latexit sha1_base64="FgGl0aBq+hTM8S3rclgKJKF+nmg=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF48RzAOSJcxOZpMxszPLTK8QlvyDFw+KePU3/AZv/o2Tx0ETCxqKqm66u6JUCou+/+0V1tY3NreK26Wd3b39g/LhUdPqzDDeYFpq046o5VIo3kCBkrdTw2kSSd6KRjdTv/XIjRVa3eM45WFCB0rEglF0UrOLIuG2V674VX8GskqCBanAAvVe+avb1yxLuEImqbWdwE8xzKlBwSSflLqZ5SllIzrgHUcVdUvCfHbthJw5pU9ibVwpJDP190ROE2vHSeQ6E4pDu+xNxf+8TobxdZgLlWbIFZsvijNJUJPp66QvDGcox45QZoS7lbAhNZShC6jkQgiWX14lzYtq4FeDu8tKzXzO4yjCCZzCOQRwBTW4hTo0gMEDPMELvHrae/bevPd5a8FbRHgMf+B9/AD9m5Ak</latexit><latexit sha1_base64="FgGl0aBq+hTM8S3rclgKJKF+nmg=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF48RzAOSJcxOZpMxszPLTK8QlvyDFw+KePU3/AZv/o2Tx0ETCxqKqm66u6JUCou+/+0V1tY3NreK26Wd3b39g/LhUdPqzDDeYFpq046o5VIo3kCBkrdTw2kSSd6KRjdTv/XIjRVa3eM45WFCB0rEglF0UrOLIuG2V674VX8GskqCBanAAvVe+avb1yxLuEImqbWdwE8xzKlBwSSflLqZ5SllIzrgHUcVdUvCfHbthJw5pU9ibVwpJDP190ROE2vHSeQ6E4pDu+xNxf+8TobxdZgLlWbIFZsvijNJUJPp66QvDGcox45QZoS7lbAhNZShC6jkQgiWX14lzYtq4FeDu8tKzXzO4yjCCZzCOQRwBTW4hTo0gMEDPMELvHrae/bevPd5a8FbRHgMf+B9/AD9m5Ak</latexit><latexit sha1_base64="FgGl0aBq+hTM8S3rclgKJKF+nmg=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF48RzAOSJcxOZpMxszPLTK8QlvyDFw+KePU3/AZv/o2Tx0ETCxqKqm66u6JUCou+/+0V1tY3NreK26Wd3b39g/LhUdPqzDDeYFpq046o5VIo3kCBkrdTw2kSSd6KRjdTv/XIjRVa3eM45WFCB0rEglF0UrOLIuG2V674VX8GskqCBanAAvVe+avb1yxLuEImqbWdwE8xzKlBwSSflLqZ5SllIzrgHUcVdUvCfHbthJw5pU9ibVwpJDP190ROE2vHSeQ6E4pDu+xNxf+8TobxdZgLlWbIFZsvijNJUJPp66QvDGcox45QZoS7lbAhNZShC6jkQgiWX14lzYtq4FeDu8tKzXzO4yjCCZzCOQRwBTW4hTo0gMEDPMELvHrae/bevPd5a8FbRHgMf+B9/AD9m5Ak</latexit><latexit sha1_base64="FgGl0aBq+hTM8S3rclgKJKF+nmg=">AAAB7XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMeAF48RzAOSJcxOZpMxszPLTK8QlvyDFw+KePU3/AZv/o2Tx0ETCxqKqm66u6JUCou+/+0V1tY3NreK26Wd3b39g/LhUdPqzDDeYFpq046o5VIo3kCBkrdTw2kSSd6KRjdTv/XIjRVa3eM45WFCB0rEglF0UrOLIuG2V674VX8GskqCBanAAvVe+avb1yxLuEImqbWdwE8xzKlBwSSflLqZ5SllIzrgHUcVdUvCfHbthJw5pU9ibVwpJDP190ROE2vHSeQ6E4pDu+xNxf+8TobxdZgLlWbIFZsvijNJUJPp66QvDGcox45QZoS7lbAhNZShC6jkQgiWX14lzYtq4FeDu8tKzXzO4yjCCZzCOQRwBTW4hTo0gMEDPMELvHrae/bevPd5a8FbRHgMf+B9/AD9m5Ak</latexit>

: Matrix Multipulication

: Temporal Conv
: Point-wise Conv

Expand dimExpand dim

Query Key Value

{~qi}
<latexit sha1_base64="NIseIu2HFWdDfHqMmegXDfmTPO4=">AAACA3icbVDLSsNAFJ3UV62vqDvdDBbBVUlE0GXBjcsK9gFNCJPJpB06mYkzk0IJATf+ihsXirgV/AZ3/o2TtgttPXC5h3PuMPeeMGVUacf5tiorq2vrG9XN2tb2zu6evX/QUSKTmLSxYEL2QqQIo5y0NdWM9FJJUBIy0g1H16XfHROpqOB3epISP0EDTmOKkTZSYB95oWCRmiSm5V7ujQnO74uAekUR2HWn4UwBl4k7J3UwRyuwv7xI4CwhXGOGlOq7Tqr9HElNMSNFzcsUSREeoQHpG8pRQpSfT28o4KlRIhgLaYprOFV/v8hRoso1zWSC9FAteqX4n9fPdHzl55SnmSYczz6KMwa1gGUgMKKSYM0mhiAsqdkV4iGSCGsTW82E4C6evEw65w3Xabi3F/Wm/JzFUQXH4AScARdcgia4AS3QBhg8gCfwAl6tR+vZerPeZ6MVax7hIfgD6+MHy4mZpQ==</latexit><latexit sha1_base64="NIseIu2HFWdDfHqMmegXDfmTPO4=">AAACA3icbVDLSsNAFJ3UV62vqDvdDBbBVUlE0GXBjcsK9gFNCJPJpB06mYkzk0IJATf+ihsXirgV/AZ3/o2TtgttPXC5h3PuMPeeMGVUacf5tiorq2vrG9XN2tb2zu6evX/QUSKTmLSxYEL2QqQIo5y0NdWM9FJJUBIy0g1H16XfHROpqOB3epISP0EDTmOKkTZSYB95oWCRmiSm5V7ujQnO74uAekUR2HWn4UwBl4k7J3UwRyuwv7xI4CwhXGOGlOq7Tqr9HElNMSNFzcsUSREeoQHpG8pRQpSfT28o4KlRIhgLaYprOFV/v8hRoso1zWSC9FAteqX4n9fPdHzl55SnmSYczz6KMwa1gGUgMKKSYM0mhiAsqdkV4iGSCGsTW82E4C6evEw65w3Xabi3F/Wm/JzFUQXH4AScARdcgia4AS3QBhg8gCfwAl6tR+vZerPeZ6MVax7hIfgD6+MHy4mZpQ==</latexit><latexit sha1_base64="NIseIu2HFWdDfHqMmegXDfmTPO4=">AAACA3icbVDLSsNAFJ3UV62vqDvdDBbBVUlE0GXBjcsK9gFNCJPJpB06mYkzk0IJATf+ihsXirgV/AZ3/o2TtgttPXC5h3PuMPeeMGVUacf5tiorq2vrG9XN2tb2zu6evX/QUSKTmLSxYEL2QqQIo5y0NdWM9FJJUBIy0g1H16XfHROpqOB3epISP0EDTmOKkTZSYB95oWCRmiSm5V7ujQnO74uAekUR2HWn4UwBl4k7J3UwRyuwv7xI4CwhXGOGlOq7Tqr9HElNMSNFzcsUSREeoQHpG8pRQpSfT28o4KlRIhgLaYprOFV/v8hRoso1zWSC9FAteqX4n9fPdHzl55SnmSYczz6KMwa1gGUgMKKSYM0mhiAsqdkV4iGSCGsTW82E4C6evEw65w3Xabi3F/Wm/JzFUQXH4AScARdcgia4AS3QBhg8gCfwAl6tR+vZerPeZ6MVax7hIfgD6+MHy4mZpQ==</latexit><latexit sha1_base64="NIseIu2HFWdDfHqMmegXDfmTPO4=">AAACA3icbVDLSsNAFJ3UV62vqDvdDBbBVUlE0GXBjcsK9gFNCJPJpB06mYkzk0IJATf+ihsXirgV/AZ3/o2TtgttPXC5h3PuMPeeMGVUacf5tiorq2vrG9XN2tb2zu6evX/QUSKTmLSxYEL2QqQIo5y0NdWM9FJJUBIy0g1H16XfHROpqOB3epISP0EDTmOKkTZSYB95oWCRmiSm5V7ujQnO74uAekUR2HWn4UwBl4k7J3UwRyuwv7xI4CwhXGOGlOq7Tqr9HElNMSNFzcsUSREeoQHpG8pRQpSfT28o4KlRIhgLaYprOFV/v8hRoso1zWSC9FAteqX4n9fPdHzl55SnmSYczz6KMwa1gGUgMKKSYM0mhiAsqdkV4iGSCGsTW82E4C6evEw65w3Xabi3F/Wm/JzFUQXH4AScARdcgia4AS3QBhg8gCfwAl6tR+vZerPeZ6MVax7hIfgD6+MHy4mZpQ==</latexit>

{~kj}
<latexit sha1_base64="sxkpX6bvdQH50dIra+2YLdvM7ZU=">AAACA3icbVDLSsNAFJ3UV62vqDvdDBbBVUlE0GXBjcsK9gFNCJPJpB07mQkzk0IJATf+ihsXirgV/AZ3/o2TtgttPXC5h3PuMPeeMGVUacf5tiorq2vrG9XN2tb2zu6evX/QUSKTmLSxYEL2QqQIo5y0NdWM9FJJUBIy0g1H16XfHROpqOB3epISP0EDTmOKkTZSYB95oWCRmiSm5V7ujQnOR0Vw7xVFYNedhjMFXCbunNTBHK3A/vIigbOEcI0ZUqrvOqn2cyQ1xYwUNS9TJEV4hAakbyhHCVF+Pr2hgKdGiWAspCmu4VT9/SJHiSrXNJMJ0kO16JXif14/0/GVn1OeZppwPPsozhjUApaBwIhKgjWbGIKwpGZXiIdIIqxNbDUTgrt48jLpnDdcp+HeXtSb8nMWRxUcgxNwBlxwCZrgBrRAG2DwAJ7AC3i1Hq1n6816n41WrHmEh+APrI8fw9SZoA==</latexit><latexit sha1_base64="sxkpX6bvdQH50dIra+2YLdvM7ZU=">AAACA3icbVDLSsNAFJ3UV62vqDvdDBbBVUlE0GXBjcsK9gFNCJPJpB07mQkzk0IJATf+ihsXirgV/AZ3/o2TtgttPXC5h3PuMPeeMGVUacf5tiorq2vrG9XN2tb2zu6evX/QUSKTmLSxYEL2QqQIo5y0NdWM9FJJUBIy0g1H16XfHROpqOB3epISP0EDTmOKkTZSYB95oWCRmiSm5V7ujQnOR0Vw7xVFYNedhjMFXCbunNTBHK3A/vIigbOEcI0ZUqrvOqn2cyQ1xYwUNS9TJEV4hAakbyhHCVF+Pr2hgKdGiWAspCmu4VT9/SJHiSrXNJMJ0kO16JXif14/0/GVn1OeZppwPPsozhjUApaBwIhKgjWbGIKwpGZXiIdIIqxNbDUTgrt48jLpnDdcp+HeXtSb8nMWRxUcgxNwBlxwCZrgBrRAG2DwAJ7AC3i1Hq1n6816n41WrHmEh+APrI8fw9SZoA==</latexit><latexit sha1_base64="sxkpX6bvdQH50dIra+2YLdvM7ZU=">AAACA3icbVDLSsNAFJ3UV62vqDvdDBbBVUlE0GXBjcsK9gFNCJPJpB07mQkzk0IJATf+ihsXirgV/AZ3/o2TtgttPXC5h3PuMPeeMGVUacf5tiorq2vrG9XN2tb2zu6evX/QUSKTmLSxYEL2QqQIo5y0NdWM9FJJUBIy0g1H16XfHROpqOB3epISP0EDTmOKkTZSYB95oWCRmiSm5V7ujQnOR0Vw7xVFYNedhjMFXCbunNTBHK3A/vIigbOEcI0ZUqrvOqn2cyQ1xYwUNS9TJEV4hAakbyhHCVF+Pr2hgKdGiWAspCmu4VT9/SJHiSrXNJMJ0kO16JXif14/0/GVn1OeZppwPPsozhjUApaBwIhKgjWbGIKwpGZXiIdIIqxNbDUTgrt48jLpnDdcp+HeXtSb8nMWRxUcgxNwBlxwCZrgBrRAG2DwAJ7AC3i1Hq1n6816n41WrHmEh+APrI8fw9SZoA==</latexit><latexit sha1_base64="sxkpX6bvdQH50dIra+2YLdvM7ZU=">AAACA3icbVDLSsNAFJ3UV62vqDvdDBbBVUlE0GXBjcsK9gFNCJPJpB07mQkzk0IJATf+ihsXirgV/AZ3/o2TtgttPXC5h3PuMPeeMGVUacf5tiorq2vrG9XN2tb2zu6evX/QUSKTmLSxYEL2QqQIo5y0NdWM9FJJUBIy0g1H16XfHROpqOB3epISP0EDTmOKkTZSYB95oWCRmiSm5V7ujQnOR0Vw7xVFYNedhjMFXCbunNTBHK3A/vIigbOEcI0ZUqrvOqn2cyQ1xYwUNS9TJEV4hAakbyhHCVF+Pr2hgKdGiWAspCmu4VT9/SJHiSrXNJMJ0kO16JXif14/0/GVn1OeZppwPPsozhjUApaBwIhKgjWbGIKwpGZXiIdIIqxNbDUTgrt48jLpnDdcp+HeXtSb8nMWRxUcgxNwBlxwCZrgBrRAG2DwAJ7AC3i1Hq1n6816n41WrHmEh+APrI8fw9SZoA==</latexit>

{~p
i }

<latexit sha1_base64="uMPsun7Nq3HhaNcKffvPsR4CGHM=">AAACBHicbVDLSsNAFJ34rPUVddnNYBFclUQEXRbcuKxgH9CUMJnctEMnkzAzKZSQhRt/xY0LRdyK3+DOv3HSdqGtBy73cM4d5t4TpJwp7Tjf1tr6xubWdmWnuru3f3BoHx13VJJJCm2a8ET2AqKAMwFtzTSHXiqBxAGHbjC+Kf3uBKRiibjX0xQGMRkKFjFKtJF8u+YFCQ/VNDYt93JvAjRPC595RYF9u+40nBnwKnEXpI4WaPn2lxcmNItBaMqJUn3XSfUgJ1IzyqGoepmClNAxGULfUEFiUIN8dkSBz4wS4iiRpoTGM/X3i5zEqtzTTMZEj9SyV4r/ef1MR9eDnIk00yDo/KMo41gnuEwEh0wC1XxqCKGSmV0xHRFJqDa5VU0I7vLJq6Rz0XCdhnt3WW/Kz3kcFVRDp+gcuegKNdEtaqE2ougBPaEX9Go9Ws/Wm/U+H12zFhGeoD+wPn4AKsiZzg==</latexit><latexit sha1_base64="uMPsun7Nq3HhaNcKffvPsR4CGHM=">AAACBHicbVDLSsNAFJ34rPUVddnNYBFclUQEXRbcuKxgH9CUMJnctEMnkzAzKZSQhRt/xY0LRdyK3+DOv3HSdqGtBy73cM4d5t4TpJwp7Tjf1tr6xubWdmWnuru3f3BoHx13VJJJCm2a8ET2AqKAMwFtzTSHXiqBxAGHbjC+Kf3uBKRiibjX0xQGMRkKFjFKtJF8u+YFCQ/VNDYt93JvAjRPC595RYF9u+40nBnwKnEXpI4WaPn2lxcmNItBaMqJUn3XSfUgJ1IzyqGoepmClNAxGULfUEFiUIN8dkSBz4wS4iiRpoTGM/X3i5zEqtzTTMZEj9SyV4r/ef1MR9eDnIk00yDo/KMo41gnuEwEh0wC1XxqCKGSmV0xHRFJqDa5VU0I7vLJq6Rz0XCdhnt3WW/Kz3kcFVRDp+gcuegKNdEtaqE2ougBPaEX9Go9Ws/Wm/U+H12zFhGeoD+wPn4AKsiZzg==</latexit><latexit sha1_base64="uMPsun7Nq3HhaNcKffvPsR4CGHM=">AAACBHicbVDLSsNAFJ34rPUVddnNYBFclUQEXRbcuKxgH9CUMJnctEMnkzAzKZSQhRt/xY0LRdyK3+DOv3HSdqGtBy73cM4d5t4TpJwp7Tjf1tr6xubWdmWnuru3f3BoHx13VJJJCm2a8ET2AqKAMwFtzTSHXiqBxAGHbjC+Kf3uBKRiibjX0xQGMRkKFjFKtJF8u+YFCQ/VNDYt93JvAjRPC595RYF9u+40nBnwKnEXpI4WaPn2lxcmNItBaMqJUn3XSfUgJ1IzyqGoepmClNAxGULfUEFiUIN8dkSBz4wS4iiRpoTGM/X3i5zEqtzTTMZEj9SyV4r/ef1MR9eDnIk00yDo/KMo41gnuEwEh0wC1XxqCKGSmV0xHRFJqDa5VU0I7vLJq6Rz0XCdhnt3WW/Kz3kcFVRDp+gcuegKNdEtaqE2ougBPaEX9Go9Ws/Wm/U+H12zFhGeoD+wPn4AKsiZzg==</latexit><latexit sha1_base64="uMPsun7Nq3HhaNcKffvPsR4CGHM=">AAACBHicbVDLSsNAFJ34rPUVddnNYBFclUQEXRbcuKxgH9CUMJnctEMnkzAzKZSQhRt/xY0LRdyK3+DOv3HSdqGtBy73cM4d5t4TpJwp7Tjf1tr6xubWdmWnuru3f3BoHx13VJJJCm2a8ET2AqKAMwFtzTSHXiqBxAGHbjC+Kf3uBKRiibjX0xQGMRkKFjFKtJF8u+YFCQ/VNDYt93JvAjRPC595RYF9u+40nBnwKnEXpI4WaPn2lxcmNItBaMqJUn3XSfUgJ1IzyqGoepmClNAxGULfUEFiUIN8dkSBz4wS4iiRpoTGM/X3i5zEqtzTTMZEj9SyV4r/ef1MR9eDnIk00yDo/KMo41gnuEwEh0wC1XxqCKGSmV0xHRFJqDa5VU0I7vLJq6Rz0XCdhnt3WW/Kz3kcFVRDp+gcuegKNdEtaqE2ougBPaEX9Go9Ws/Wm/U+H12zFhGeoD+wPn4AKsiZzg==</latexit>

{~p
i �

~p
j }

<latexit sha1_base64="oVsSHJxyL2AP8g3r9eYuqUEvDsI=">AAACDnicbZBNS8MwGMfT+TbnW9Wjl+AYeHG0Iuhx4MXjBPcC6yhpmm5xaVKSdDBKP4EXv4oXD4ro0bM3v43pNkE3Hwj58f8/Ic/zDxJGlXacL6u0srq2vlHerGxt7+zu2fsHbSVSiUkLCyZkN0CKMMpJS1PNSDeRBMUBI51gdFX4nTGRigp+qycJ6cdowGlEMdJG8u2aFwgWqklsrszLvDHBWZL79PSH7qCX575dderOtOAyuHOognk1ffvTCwVOY8I1Zkipnuskup8hqSlmJK94qSIJwiM0ID2DHMVE9bPpOjmsGSWEkZDmcA2n6u8XGYpVMbHpjJEeqkWvEP/zeqmOLvsZ5UmqCcezj6KUQS1gkQ0MqSRYs4kBhCU1s0I8RBJhbRKsmBDcxZWXoX1Wd526e3Nebcj3WRxlcASOwQlwwQVogGvQBC2AwT14BM/gxXqwnqxX623WWrLmER6CP2V9fAMj8Z4q</latexit><latexit sha1_base64="oVsSHJxyL2AP8g3r9eYuqUEvDsI=">AAACDnicbZBNS8MwGMfT+TbnW9Wjl+AYeHG0Iuhx4MXjBPcC6yhpmm5xaVKSdDBKP4EXv4oXD4ro0bM3v43pNkE3Hwj58f8/Ic/zDxJGlXacL6u0srq2vlHerGxt7+zu2fsHbSVSiUkLCyZkN0CKMMpJS1PNSDeRBMUBI51gdFX4nTGRigp+qycJ6cdowGlEMdJG8u2aFwgWqklsrszLvDHBWZL79PSH7qCX575dderOtOAyuHOognk1ffvTCwVOY8I1Zkipnuskup8hqSlmJK94qSIJwiM0ID2DHMVE9bPpOjmsGSWEkZDmcA2n6u8XGYpVMbHpjJEeqkWvEP/zeqmOLvsZ5UmqCcezj6KUQS1gkQ0MqSRYs4kBhCU1s0I8RBJhbRKsmBDcxZWXoX1Wd526e3Nebcj3WRxlcASOwQlwwQVogGvQBC2AwT14BM/gxXqwnqxX623WWrLmER6CP2V9fAMj8Z4q</latexit><latexit sha1_base64="oVsSHJxyL2AP8g3r9eYuqUEvDsI=">AAACDnicbZBNS8MwGMfT+TbnW9Wjl+AYeHG0Iuhx4MXjBPcC6yhpmm5xaVKSdDBKP4EXv4oXD4ro0bM3v43pNkE3Hwj58f8/Ic/zDxJGlXacL6u0srq2vlHerGxt7+zu2fsHbSVSiUkLCyZkN0CKMMpJS1PNSDeRBMUBI51gdFX4nTGRigp+qycJ6cdowGlEMdJG8u2aFwgWqklsrszLvDHBWZL79PSH7qCX575dderOtOAyuHOognk1ffvTCwVOY8I1Zkipnuskup8hqSlmJK94qSIJwiM0ID2DHMVE9bPpOjmsGSWEkZDmcA2n6u8XGYpVMbHpjJEeqkWvEP/zeqmOLvsZ5UmqCcezj6KUQS1gkQ0MqSRYs4kBhCU1s0I8RBJhbRKsmBDcxZWXoX1Wd526e3Nebcj3WRxlcASOwQlwwQVogGvQBC2AwT14BM/gxXqwnqxX623WWrLmER6CP2V9fAMj8Z4q</latexit><latexit sha1_base64="oVsSHJxyL2AP8g3r9eYuqUEvDsI=">AAACDnicbZBNS8MwGMfT+TbnW9Wjl+AYeHG0Iuhx4MXjBPcC6yhpmm5xaVKSdDBKP4EXv4oXD4ro0bM3v43pNkE3Hwj58f8/Ic/zDxJGlXacL6u0srq2vlHerGxt7+zu2fsHbSVSiUkLCyZkN0CKMMpJS1PNSDeRBMUBI51gdFX4nTGRigp+qycJ6cdowGlEMdJG8u2aFwgWqklsrszLvDHBWZL79PSH7qCX575dderOtOAyuHOognk1ffvTCwVOY8I1Zkipnuskup8hqSlmJK94qSIJwiM0ID2DHMVE9bPpOjmsGSWEkZDmcA2n6u8XGYpVMbHpjJEeqkWvEP/zeqmOLvsZ5UmqCcezj6KUQS1gkQ0MqSRYs4kBhCU1s0I8RBJhbRKsmBDcxZWXoX1Wd526e3Nebcj3WRxlcASOwQlwwQVogGvQBC2AwT14BM/gxXqwnqxX623WWrLmER6CP2V9fAMj8Z4q</latexit>

{~vj}
<latexit sha1_base64="XdBWG4gHmAdgrfcO2MAE/tv7XHg=">AAACBXicbVC7TsMwFHV4lvIKMMJgUSExVQlCgrESC2OR6ENqoshxnNbUsSPbqVRFWVj4FRYGEGLlH9j4G5w2A7QcyfLROffq3nvClFGlHefbWlldW9/YrG3Vt3d29/btg8OuEpnEpIMFE7IfIkUY5aSjqWakn0qCkpCRXji+Kf3ehEhFBb/X05T4CRpyGlOMtJEC+8QLBYvUNDFf7uXQmxCcT4rgAXpFEdgNp+nMAJeJW5EGqNAO7C8vEjhLCNeYIaUGrpNqP0dSU8xIUfcyRVKEx2hIBoZylBDl57MrCnhmlAjGQprHNZypvztylKhyUVOZID1Si14p/ucNMh1f+znlaaYJx/NBccagFrCMBEZUEqzZ1BCEJTW7QjxCEmFtgqubENzFk5dJ96LpOk337rLR4lUcNXAMTsE5cMEVaIFb0AYdgMEjeAav4M16sl6sd+tjXrpiVT1H4A+szx9XpJk7</latexit><latexit sha1_base64="XdBWG4gHmAdgrfcO2MAE/tv7XHg=">AAACBXicbVC7TsMwFHV4lvIKMMJgUSExVQlCgrESC2OR6ENqoshxnNbUsSPbqVRFWVj4FRYGEGLlH9j4G5w2A7QcyfLROffq3nvClFGlHefbWlldW9/YrG3Vt3d29/btg8OuEpnEpIMFE7IfIkUY5aSjqWakn0qCkpCRXji+Kf3ehEhFBb/X05T4CRpyGlOMtJEC+8QLBYvUNDFf7uXQmxCcT4rgAXpFEdgNp+nMAJeJW5EGqNAO7C8vEjhLCNeYIaUGrpNqP0dSU8xIUfcyRVKEx2hIBoZylBDl57MrCnhmlAjGQprHNZypvztylKhyUVOZID1Si14p/ucNMh1f+znlaaYJx/NBccagFrCMBEZUEqzZ1BCEJTW7QjxCEmFtgqubENzFk5dJ96LpOk337rLR4lUcNXAMTsE5cMEVaIFb0AYdgMEjeAav4M16sl6sd+tjXrpiVT1H4A+szx9XpJk7</latexit><latexit sha1_base64="XdBWG4gHmAdgrfcO2MAE/tv7XHg=">AAACBXicbVC7TsMwFHV4lvIKMMJgUSExVQlCgrESC2OR6ENqoshxnNbUsSPbqVRFWVj4FRYGEGLlH9j4G5w2A7QcyfLROffq3nvClFGlHefbWlldW9/YrG3Vt3d29/btg8OuEpnEpIMFE7IfIkUY5aSjqWakn0qCkpCRXji+Kf3ehEhFBb/X05T4CRpyGlOMtJEC+8QLBYvUNDFf7uXQmxCcT4rgAXpFEdgNp+nMAJeJW5EGqNAO7C8vEjhLCNeYIaUGrpNqP0dSU8xIUfcyRVKEx2hIBoZylBDl57MrCnhmlAjGQprHNZypvztylKhyUVOZID1Si14p/ucNMh1f+znlaaYJx/NBccagFrCMBEZUEqzZ1BCEJTW7QjxCEmFtgqubENzFk5dJ96LpOk337rLR4lUcNXAMTsE5cMEVaIFb0AYdgMEjeAav4M16sl6sd+tjXrpiVT1H4A+szx9XpJk7</latexit><latexit sha1_base64="XdBWG4gHmAdgrfcO2MAE/tv7XHg=">AAACBXicbVC7TsMwFHV4lvIKMMJgUSExVQlCgrESC2OR6ENqoshxnNbUsSPbqVRFWVj4FRYGEGLlH9j4G5w2A7QcyfLROffq3nvClFGlHefbWlldW9/YrG3Vt3d29/btg8OuEpnEpIMFE7IfIkUY5aSjqWakn0qCkpCRXji+Kf3ehEhFBb/X05T4CRpyGlOMtJEC+8QLBYvUNDFf7uXQmxCcT4rgAXpFEdgNp+nMAJeJW5EGqNAO7C8vEjhLCNeYIaUGrpNqP0dSU8xIUfcyRVKEx2hIBoZylBDl57MrCnhmlAjGQprHNZypvztylKhyUVOZID1Si14p/ucNMh1f+znlaaYJx/NBccagFrCMBEZUEqzZ1BCEJTW7QjxCEmFtgqubENzFk5dJ96LpOk337rLR4lUcNXAMTsE5cMEVaIFb0AYdgMEjeAav4M16sl6sd+tjXrpiVT1H4A+szx9XpJk7</latexit>
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Figure 4.1: Structure of Conv-Att block. The input and output of the block are in shape
of T ×N ×F (time×nodes× feature). The block operates temporal and spatial/node di-
mensions with convolution and attention separately. The attention coefficient computation
is augmented with MNI positional encoding to achieve more expressive power.

4.2 MNI Positional Encoding

Despite that the attention based encoder has the benefit of processing non-grid ECoG

signals, we notice that the attention based encoder is out-performed by the convolution

based encoder with grid ECoG input. The similar phenomenon has also been discovered

in [8] where 2D convolution ResNet achieve higher accuracy than non-local network in image

classification tasks. Experiments in [8, 67] show positional encoding on Euclidean space is

able to improve attention based network performance. Inspired by this work, we propose a

positional encoding approach on non-grid ECoG input.

Existing positional encoding method in attention based network usually requires the
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encoded position on an Euclidean grid. To overcome this restriction, we introduce a posi-

tional encoding approach based on MNI coordinate of the electrodes. The MNI template

is a 3D brain template proposed by Montreal Neurological Institute [18] that allows MRI

scan of the individual brain to transform to. With a fixed origin on the template, The MNI

coordinate of the electrodes can be defined from the corresponding 3D coordinate of the

electrodes after the MNI mapping.

For the purpose of encoding position information, we first use a mapping layer that

transfers the MNI coordinate to a representation feature of a higher dimension. The MNI

feature v⃗i ∈ RF for the ith electrode is

p⃗i = LeakyReLU(Uc⃗i) (4.14)

where the transformation matrix U ∈ RF×3 is shared among all electrodes and c⃗i is the

MNI coordinate.

Equiped with the above MNI feature, the attention coefficient computation in section

4.1 can be augmented by concatenating MNI features with query and key. Specifically,

Equation 4.6 is modified as:

eij = LeakyReLU(W[q⃗i ∥ k⃗j ∥ p⃗i ∥ (p⃗i − p⃗j)]) (4.15)

the concatenation of p⃗i and p⃗i−p⃗j make use information of both the absolute position and

relative position. p⃗i allows the network to be aware of the actual brain area of electrode i to

perform potentially different functions accordingly. And p⃗i− p⃗j provides spatial relationship

between electrode i j.

Figure 4.1 demonstrates howMNI positional encoding augmented Convolution-Attention

block works with tensor inputs. To illustrate more clearly how tensor dimensions are ma-

nipulated, we refer spatial dimension of query and key with different notations, N and N ′.

In practice query and key has same amount of nodes, namely N = N ′.
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4.3 Attention Based Encoder

In this section, we will introduce the attention based encoder that maps non-grid ECoG

neural signals to the representation vector z as is described in Chapter 3. Figure 4.2

illustrates the structure of attention based encoder. After several temporal convolution

and residual blocks on temporal dimension with temporal down-sampling, two convolution-

attention blocks follow. The conv-attention blocks combine features crossing in both tem-

poral and spatial (electrode nodes specifically) dimensions. The MNI features fed to the

blocks are obtained by another 1 × 1 convolution mapping layer with MNI coordinates as

input.
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T ⇥ N ⇥ 1<latexit sha1_base64="JcJz6pZGakgzSaXqlgp3yORQd60=">AAAB/HicbZDLSgNBEEVr4ivG12iWbhqD4CrMiKDLoBtXEiEvSIbQ0+kkTXoedNcIwxB/xY0LRdz6Ie78GzvJCJp4oeFwq4qqvn4shUbH+bIKa+sbm1vF7dLO7t7+gX141NJRohhvskhGquNTzaUIeRMFSt6JFaeBL3nbn9zM6u0HrrSIwgamMfcCOgrFUDCKxurb5QbpoQi4Jnc/4PbtilN15iKr4OZQgVz1vv3ZG0QsCXiITFKtu64To5dRhYJJPi31Es1jyiZ0xLsGQ2rWeNn8+Ck5Nc6ADCNlXohk7v6eyGigdRr4pjOgONbLtZn5X62b4PDKy0QYJ8hDtlg0TCTBiMySIAOhOEOZGqBMCXMrYWOqKEOTV8mE4C5/eRVa51XXqbr3F5XadR5HEY7hBM7AhUuowS3UoQkMUniCF3i1Hq1n6816X7QWrHymDH9kfXwDC/uTuA==</latexit><latexit sha1_base64="JcJz6pZGakgzSaXqlgp3yORQd60=">AAAB/HicbZDLSgNBEEVr4ivG12iWbhqD4CrMiKDLoBtXEiEvSIbQ0+kkTXoedNcIwxB/xY0LRdz6Ie78GzvJCJp4oeFwq4qqvn4shUbH+bIKa+sbm1vF7dLO7t7+gX141NJRohhvskhGquNTzaUIeRMFSt6JFaeBL3nbn9zM6u0HrrSIwgamMfcCOgrFUDCKxurb5QbpoQi4Jnc/4PbtilN15iKr4OZQgVz1vv3ZG0QsCXiITFKtu64To5dRhYJJPi31Es1jyiZ0xLsGQ2rWeNn8+Ck5Nc6ADCNlXohk7v6eyGigdRr4pjOgONbLtZn5X62b4PDKy0QYJ8hDtlg0TCTBiMySIAOhOEOZGqBMCXMrYWOqKEOTV8mE4C5/eRVa51XXqbr3F5XadR5HEY7hBM7AhUuowS3UoQkMUniCF3i1Hq1n6816X7QWrHymDH9kfXwDC/uTuA==</latexit><latexit sha1_base64="JcJz6pZGakgzSaXqlgp3yORQd60=">AAAB/HicbZDLSgNBEEVr4ivG12iWbhqD4CrMiKDLoBtXEiEvSIbQ0+kkTXoedNcIwxB/xY0LRdz6Ie78GzvJCJp4oeFwq4qqvn4shUbH+bIKa+sbm1vF7dLO7t7+gX141NJRohhvskhGquNTzaUIeRMFSt6JFaeBL3nbn9zM6u0HrrSIwgamMfcCOgrFUDCKxurb5QbpoQi4Jnc/4PbtilN15iKr4OZQgVz1vv3ZG0QsCXiITFKtu64To5dRhYJJPi31Es1jyiZ0xLsGQ2rWeNn8+Ck5Nc6ADCNlXohk7v6eyGigdRr4pjOgONbLtZn5X62b4PDKy0QYJ8hDtlg0TCTBiMySIAOhOEOZGqBMCXMrYWOqKEOTV8mE4C5/eRVa51XXqbr3F5XadR5HEY7hBM7AhUuowS3UoQkMUniCF3i1Hq1n6816X7QWrHymDH9kfXwDC/uTuA==</latexit><latexit sha1_base64="JcJz6pZGakgzSaXqlgp3yORQd60=">AAAB/HicbZDLSgNBEEVr4ivG12iWbhqD4CrMiKDLoBtXEiEvSIbQ0+kkTXoedNcIwxB/xY0LRdz6Ie78GzvJCJp4oeFwq4qqvn4shUbH+bIKa+sbm1vF7dLO7t7+gX141NJRohhvskhGquNTzaUIeRMFSt6JFaeBL3nbn9zM6u0HrrSIwgamMfcCOgrFUDCKxurb5QbpoQi4Jnc/4PbtilN15iKr4OZQgVz1vv3ZG0QsCXiITFKtu64To5dRhYJJPi31Es1jyiZ0xLsGQ2rWeNn8+Ck5Nc6ADCNlXohk7v6eyGigdRr4pjOgONbLtZn5X62b4PDKy0QYJ8hDtlg0TCTBiMySIAOhOEOZGqBMCXMrYWOqKEOTV8mE4C5/eRVa51XXqbr3F5XadR5HEY7hBM7AhUuowS3UoQkMUniCF3i1Hq1n6816X7QWrHymDH9kfXwDC/uTuA==</latexit>
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64
<latexit sha1_base64="KdPtSmhSh9nDYgThRzMQnPMoym8=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgeAozEtRjwIsniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7K6tr6R3cxtbe/s7uX3D+omTjXjNRbLWDcDargUitdQoOTNRHMaBZI3gsH1pN6459qIWFVxmHA/oj0lQsEoWquTP6qSNoqIG3L7AxelTr7gFt2pyDJ4cyjAXJVO/rPdjVkacYVMUmNanpugP6IaBZN8nGunhieUDWiPtywqavf4o+n1Y3JqnS4JY22fQjJ1f0+MaGTMMApsZ0SxbxZrE/O/WivF8MofCZWkyBWbLQpTSTAmkyhIV2jOUA4tUKaFvZWwPtWUoQ0sZ0PwFr+8DPXzoucWvbtSoazmcWThGE7gDDy4hDLcQAVqwOABnuAFXp1H59l5c95nrRlnPnMIf+R8fAObFpQn</latexit><latexit sha1_base64="KdPtSmhSh9nDYgThRzMQnPMoym8=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgeAozEtRjwIsniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7K6tr6R3cxtbe/s7uX3D+omTjXjNRbLWDcDargUitdQoOTNRHMaBZI3gsH1pN6459qIWFVxmHA/oj0lQsEoWquTP6qSNoqIG3L7AxelTr7gFt2pyDJ4cyjAXJVO/rPdjVkacYVMUmNanpugP6IaBZN8nGunhieUDWiPtywqavf4o+n1Y3JqnS4JY22fQjJ1f0+MaGTMMApsZ0SxbxZrE/O/WivF8MofCZWkyBWbLQpTSTAmkyhIV2jOUA4tUKaFvZWwPtWUoQ0sZ0PwFr+8DPXzoucWvbtSoazmcWThGE7gDDy4hDLcQAVqwOABnuAFXp1H59l5c95nrRlnPnMIf+R8fAObFpQn</latexit><latexit sha1_base64="KdPtSmhSh9nDYgThRzMQnPMoym8=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgeAozEtRjwIsniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7K6tr6R3cxtbe/s7uX3D+omTjXjNRbLWDcDargUitdQoOTNRHMaBZI3gsH1pN6459qIWFVxmHA/oj0lQsEoWquTP6qSNoqIG3L7AxelTr7gFt2pyDJ4cyjAXJVO/rPdjVkacYVMUmNanpugP6IaBZN8nGunhieUDWiPtywqavf4o+n1Y3JqnS4JY22fQjJ1f0+MaGTMMApsZ0SxbxZrE/O/WivF8MofCZWkyBWbLQpTSTAmkyhIV2jOUA4tUKaFvZWwPtWUoQ0sZ0PwFr+8DPXzoucWvbtSoazmcWThGE7gDDy4hDLcQAVqwOABnuAFXp1H59l5c95nrRlnPnMIf+R8fAObFpQn</latexit><latexit sha1_base64="KdPtSmhSh9nDYgThRzMQnPMoym8=">AAAB/XicbZDJSgNBEIZr4hbjFpebl8YgeAozEtRjwIsniZANkiH0dHqSJj09Q3eNEEPwVbx4UMSr7+HNt7GzCJr4Q8PHX1VU9R8kUhh03S8ns7K6tr6R3cxtbe/s7uX3D+omTjXjNRbLWDcDargUitdQoOTNRHMaBZI3gsH1pN6459qIWFVxmHA/oj0lQsEoWquTP6qSNoqIG3L7AxelTr7gFt2pyDJ4cyjAXJVO/rPdjVkacYVMUmNanpugP6IaBZN8nGunhieUDWiPtywqavf4o+n1Y3JqnS4JY22fQjJ1f0+MaGTMMApsZ0SxbxZrE/O/WivF8MofCZWkyBWbLQpTSTAmkyhIV2jOUA4tUKaFvZWwPtWUoQ0sZ0PwFr+8DPXzoucWvbtSoazmcWThGE7gDDy4hDLcQAVqwOABnuAFXp1H59l5c95nrRlnPnMIf+R8fAObFpQn</latexit> T 2
⇥

N
⇥

64
<latexit sha1_base64="eRGxIe540mqtErzJJpa2tWJ0VJ8=">AAACB3icbZDLSsNAFIYn9VbrLepSkMEiuCpJKeqy4MaVVOgN2lAm00k7dDIJMydCCdm58VXcuFDEpb6CO9/G6UXQ1h8Gfv5zhnPO58eCa3CcLyu3srq2vpHfLGxt7+zu2fsHTR0lirIGjUSk2j7RTHDJGsBBsHasGAl9wVr+6GpSb90xpXkk6zCOmReSgeQBpwRM1LOPu4EiNK1naTnDXeAh0/jmx5xXenbRKTlT4WXjzk0RzVXr2Z/dfkSTkEmggmjdcZ0YvJQo4FSwrNBNNIsJHZEB6xgriZnjpdM7Mnxqkj4OImWeBDxNf/9ISaj1OPRNZ0hgqBdrk/C/WieB4NJLuYwTYJLOBgWJwBDhCRTc54pREGNjCFXc7IrpkBgwYNAVDAR38eRl0yyXXKfk3laKVfU+w5FHR+gEnSEXXaAqukY11EAU3aNH9IxerAfryXq13matOWuO8BD9kfXxDeUZmWk=</latexit><latexit sha1_base64="eRGxIe540mqtErzJJpa2tWJ0VJ8=">AAACB3icbZDLSsNAFIYn9VbrLepSkMEiuCpJKeqy4MaVVOgN2lAm00k7dDIJMydCCdm58VXcuFDEpb6CO9/G6UXQ1h8Gfv5zhnPO58eCa3CcLyu3srq2vpHfLGxt7+zu2fsHTR0lirIGjUSk2j7RTHDJGsBBsHasGAl9wVr+6GpSb90xpXkk6zCOmReSgeQBpwRM1LOPu4EiNK1naTnDXeAh0/jmx5xXenbRKTlT4WXjzk0RzVXr2Z/dfkSTkEmggmjdcZ0YvJQo4FSwrNBNNIsJHZEB6xgriZnjpdM7Mnxqkj4OImWeBDxNf/9ISaj1OPRNZ0hgqBdrk/C/WieB4NJLuYwTYJLOBgWJwBDhCRTc54pREGNjCFXc7IrpkBgwYNAVDAR38eRl0yyXXKfk3laKVfU+w5FHR+gEnSEXXaAqukY11EAU3aNH9IxerAfryXq13matOWuO8BD9kfXxDeUZmWk=</latexit><latexit sha1_base64="eRGxIe540mqtErzJJpa2tWJ0VJ8=">AAACB3icbZDLSsNAFIYn9VbrLepSkMEiuCpJKeqy4MaVVOgN2lAm00k7dDIJMydCCdm58VXcuFDEpb6CO9/G6UXQ1h8Gfv5zhnPO58eCa3CcLyu3srq2vpHfLGxt7+zu2fsHTR0lirIGjUSk2j7RTHDJGsBBsHasGAl9wVr+6GpSb90xpXkk6zCOmReSgeQBpwRM1LOPu4EiNK1naTnDXeAh0/jmx5xXenbRKTlT4WXjzk0RzVXr2Z/dfkSTkEmggmjdcZ0YvJQo4FSwrNBNNIsJHZEB6xgriZnjpdM7Mnxqkj4OImWeBDxNf/9ISaj1OPRNZ0hgqBdrk/C/WieB4NJLuYwTYJLOBgWJwBDhCRTc54pREGNjCFXc7IrpkBgwYNAVDAR38eRl0yyXXKfk3laKVfU+w5FHR+gEnSEXXaAqukY11EAU3aNH9IxerAfryXq13matOWuO8BD9kfXxDeUZmWk=</latexit><latexit sha1_base64="eRGxIe540mqtErzJJpa2tWJ0VJ8=">AAACB3icbZDLSsNAFIYn9VbrLepSkMEiuCpJKeqy4MaVVOgN2lAm00k7dDIJMydCCdm58VXcuFDEpb6CO9/G6UXQ1h8Gfv5zhnPO58eCa3CcLyu3srq2vpHfLGxt7+zu2fsHTR0lirIGjUSk2j7RTHDJGsBBsHasGAl9wVr+6GpSb90xpXkk6zCOmReSgeQBpwRM1LOPu4EiNK1naTnDXeAh0/jmx5xXenbRKTlT4WXjzk0RzVXr2Z/dfkSTkEmggmjdcZ0YvJQo4FSwrNBNNIsJHZEB6xgriZnjpdM7Mnxqkj4OImWeBDxNf/9ISaj1OPRNZ0hgqBdrk/C/WieB4NJLuYwTYJLOBgWJwBDhCRTc54pREGNjCFXc7IrpkBgwYNAVDAR38eRl0yyXXKfk3laKVfU+w5FHR+gEnSEXXaAqukY11EAU3aNH9IxerAfryXq13matOWuO8BD9kfXxDeUZmWk=</latexit> T 4
⇥

N
⇥

64
<latexit sha1_base64="ooyHxdQ+AiKJdwPEGrXyaaXLuGA=">AAACB3icbZDLSsNAFIZPvNZ6i7oUZLAIrkoiRV0W3LiSCr1BE8pkOmmHTiZhZiKUkJ0bX8WNC0Vc6iu4822cXgRt/WHg5z9nOOd8QcKZ0o7zZS0tr6yurRc2iptb2zu79t5+U8WpJLRBYh7LdoAV5UzQhmaa03YiKY4CTlvB8Gpcb91RqVgs6nqUUD/CfcFCRrA2Udc+8kKJSVbPs0qOPM0iqtDNjzmvdO2SU3YmQovGnZkSzFTr2p9eLyZpRIUmHCvVcZ1E+xmWmhFO86KXKppgMsR92jFWYDPHzyZ35OjEJD0UxtI8odEk/f0jw5FSoygwnRHWAzVfG4f/1TqpDi/9jIkk1VSQ6aAw5UjHaAwF9ZikRPORMZhIZnZFZIANGG3QFQ0Ed/7kRdM8K7tO2b2tlKryfYqjAIdwDKfgwgVU4Rpq0AAC9/AIz/BiPVhP1qv1Nm1dsmYID+CPrI9v6EmZaw==</latexit><latexit sha1_base64="ooyHxdQ+AiKJdwPEGrXyaaXLuGA=">AAACB3icbZDLSsNAFIZPvNZ6i7oUZLAIrkoiRV0W3LiSCr1BE8pkOmmHTiZhZiKUkJ0bX8WNC0Vc6iu4822cXgRt/WHg5z9nOOd8QcKZ0o7zZS0tr6yurRc2iptb2zu79t5+U8WpJLRBYh7LdoAV5UzQhmaa03YiKY4CTlvB8Gpcb91RqVgs6nqUUD/CfcFCRrA2Udc+8kKJSVbPs0qOPM0iqtDNjzmvdO2SU3YmQovGnZkSzFTr2p9eLyZpRIUmHCvVcZ1E+xmWmhFO86KXKppgMsR92jFWYDPHzyZ35OjEJD0UxtI8odEk/f0jw5FSoygwnRHWAzVfG4f/1TqpDi/9jIkk1VSQ6aAw5UjHaAwF9ZikRPORMZhIZnZFZIANGG3QFQ0Ed/7kRdM8K7tO2b2tlKryfYqjAIdwDKfgwgVU4Rpq0AAC9/AIz/BiPVhP1qv1Nm1dsmYID+CPrI9v6EmZaw==</latexit><latexit sha1_base64="ooyHxdQ+AiKJdwPEGrXyaaXLuGA=">AAACB3icbZDLSsNAFIZPvNZ6i7oUZLAIrkoiRV0W3LiSCr1BE8pkOmmHTiZhZiKUkJ0bX8WNC0Vc6iu4822cXgRt/WHg5z9nOOd8QcKZ0o7zZS0tr6yurRc2iptb2zu79t5+U8WpJLRBYh7LdoAV5UzQhmaa03YiKY4CTlvB8Gpcb91RqVgs6nqUUD/CfcFCRrA2Udc+8kKJSVbPs0qOPM0iqtDNjzmvdO2SU3YmQovGnZkSzFTr2p9eLyZpRIUmHCvVcZ1E+xmWmhFO86KXKppgMsR92jFWYDPHzyZ35OjEJD0UxtI8odEk/f0jw5FSoygwnRHWAzVfG4f/1TqpDi/9jIkk1VSQ6aAw5UjHaAwF9ZikRPORMZhIZnZFZIANGG3QFQ0Ed/7kRdM8K7tO2b2tlKryfYqjAIdwDKfgwgVU4Rpq0AAC9/AIz/BiPVhP1qv1Nm1dsmYID+CPrI9v6EmZaw==</latexit><latexit sha1_base64="ooyHxdQ+AiKJdwPEGrXyaaXLuGA=">AAACB3icbZDLSsNAFIZPvNZ6i7oUZLAIrkoiRV0W3LiSCr1BE8pkOmmHTiZhZiKUkJ0bX8WNC0Vc6iu4822cXgRt/WHg5z9nOOd8QcKZ0o7zZS0tr6yurRc2iptb2zu79t5+U8WpJLRBYh7LdoAV5UzQhmaa03YiKY4CTlvB8Gpcb91RqVgs6nqUUD/CfcFCRrA2Udc+8kKJSVbPs0qOPM0iqtDNjzmvdO2SU3YmQovGnZkSzFTr2p9eLyZpRIUmHCvVcZ1E+xmWmhFO86KXKppgMsR92jFWYDPHzyZ35OjEJD0UxtI8odEk/f0jw5FSoygwnRHWAzVfG4f/1TqpDi/9jIkk1VSQ6aAw5UjHaAwF9ZikRPORMZhIZnZFZIANGG3QFQ0Ed/7kRdM8K7tO2b2tlKryfYqjAIdwDKfgwgVU4Rpq0AAC9/AIz/BiPVhP1qv1Nm1dsmYID+CPrI9v6EmZaw==</latexit> T 4

⇥
N

⇥
64

<latexit sha1_base64="ooyHxdQ+AiKJdwPEGrXyaaXLuGA=">AAACB3icbZDLSsNAFIZPvNZ6i7oUZLAIrkoiRV0W3LiSCr1BE8pkOmmHTiZhZiKUkJ0bX8WNC0Vc6iu4822cXgRt/WHg5z9nOOd8QcKZ0o7zZS0tr6yurRc2iptb2zu79t5+U8WpJLRBYh7LdoAV5UzQhmaa03YiKY4CTlvB8Gpcb91RqVgs6nqUUD/CfcFCRrA2Udc+8kKJSVbPs0qOPM0iqtDNjzmvdO2SU3YmQovGnZkSzFTr2p9eLyZpRIUmHCvVcZ1E+xmWmhFO86KXKppgMsR92jFWYDPHzyZ35OjEJD0UxtI8odEk/f0jw5FSoygwnRHWAzVfG4f/1TqpDi/9jIkk1VSQ6aAw5UjHaAwF9ZikRPORMZhIZnZFZIANGG3QFQ0Ed/7kRdM8K7tO2b2tlKryfYqjAIdwDKfgwgVU4Rpq0AAC9/AIz/BiPVhP1qv1Nm1dsmYID+CPrI9v6EmZaw==</latexit><latexit sha1_base64="ooyHxdQ+AiKJdwPEGrXyaaXLuGA=">AAACB3icbZDLSsNAFIZPvNZ6i7oUZLAIrkoiRV0W3LiSCr1BE8pkOmmHTiZhZiKUkJ0bX8WNC0Vc6iu4822cXgRt/WHg5z9nOOd8QcKZ0o7zZS0tr6yurRc2iptb2zu79t5+U8WpJLRBYh7LdoAV5UzQhmaa03YiKY4CTlvB8Gpcb91RqVgs6nqUUD/CfcFCRrA2Udc+8kKJSVbPs0qOPM0iqtDNjzmvdO2SU3YmQovGnZkSzFTr2p9eLyZpRIUmHCvVcZ1E+xmWmhFO86KXKppgMsR92jFWYDPHzyZ35OjEJD0UxtI8odEk/f0jw5FSoygwnRHWAzVfG4f/1TqpDi/9jIkk1VSQ6aAw5UjHaAwF9ZikRPORMZhIZnZFZIANGG3QFQ0Ed/7kRdM8K7tO2b2tlKryfYqjAIdwDKfgwgVU4Rpq0AAC9/AIz/BiPVhP1qv1Nm1dsmYID+CPrI9v6EmZaw==</latexit><latexit sha1_base64="ooyHxdQ+AiKJdwPEGrXyaaXLuGA=">AAACB3icbZDLSsNAFIZPvNZ6i7oUZLAIrkoiRV0W3LiSCr1BE8pkOmmHTiZhZiKUkJ0bX8WNC0Vc6iu4822cXgRt/WHg5z9nOOd8QcKZ0o7zZS0tr6yurRc2iptb2zu79t5+U8WpJLRBYh7LdoAV5UzQhmaa03YiKY4CTlvB8Gpcb91RqVgs6nqUUD/CfcFCRrA2Udc+8kKJSVbPs0qOPM0iqtDNjzmvdO2SU3YmQovGnZkSzFTr2p9eLyZpRIUmHCvVcZ1E+xmWmhFO86KXKppgMsR92jFWYDPHzyZ35OjEJD0UxtI8odEk/f0jw5FSoygwnRHWAzVfG4f/1TqpDi/9jIkk1VSQ6aAw5UjHaAwF9ZikRPORMZhIZnZFZIANGG3QFQ0Ed/7kRdM8K7tO2b2tlKryfYqjAIdwDKfgwgVU4Rpq0AAC9/AIz/BiPVhP1qv1Nm1dsmYID+CPrI9v6EmZaw==</latexit><latexit sha1_base64="ooyHxdQ+AiKJdwPEGrXyaaXLuGA=">AAACB3icbZDLSsNAFIZPvNZ6i7oUZLAIrkoiRV0W3LiSCr1BE8pkOmmHTiZhZiKUkJ0bX8WNC0Vc6iu4822cXgRt/WHg5z9nOOd8QcKZ0o7zZS0tr6yurRc2iptb2zu79t5+U8WpJLRBYh7LdoAV5UzQhmaa03YiKY4CTlvB8Gpcb91RqVgs6nqUUD/CfcFCRrA2Udc+8kKJSVbPs0qOPM0iqtDNjzmvdO2SU3YmQovGnZkSzFTr2p9eLyZpRIUmHCvVcZ1E+xmWmhFO86KXKppgMsR92jFWYDPHzyZ35OjEJD0UxtI8odEk/f0jw5FSoygwnRHWAzVfG4f/1TqpDi/9jIkk1VSQ6aAw5UjHaAwF9ZikRPORMZhIZnZFZIANGG3QFQ0Ed/7kRdM8K7tO2b2tlKryfYqjAIdwDKfgwgVU4Rpq0AAC9/AIz/BiPVhP1qv1Nm1dsmYID+CPrI9v6EmZaw==</latexit> T 4
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Figure 4.2: Overview structure of the attention based ECoG decoder network.

Similar to spatial convolution networks that usually perform spatial downsampling, we

allow the network to pool among electrode nodes. This is achieved by inserting a gPool

layer between the two conv-attention blocks. The gPool method was first introduced in [30]

to solve the problem of nodes pooling in graph neural networks. We adapt the method to

take input of non-grid sequential signals. By average pooling, a temporal collapsed version

of the last layer output is fed to a gPool layer. Within the gPool layer, a node selection

array is generated. We use such array to index the selected electrode nodes for both ECoG

and MNI features after pooling.

The rest layers of the decoder follow the same design of the later parts of the encoder

introduced in Chapter 3 to generate a representation vector z.
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4.4 Experimental Performance of attention based encoder

In order to generate spectrograms and waveforms from the ECoG inputs, we substitute

the encoder layers of the decoding framework introduced in chapter 3. The pretraining/

fintuning of the generator and the entire decoder follow the same strategy and hyperparam-

eters. To test the performance of the proposed attention based encoder, we preliminary use

one of the patient data from the Hybrid dataset as is described in section 3.6.1 for training

and testing. The hybrid electrode nodes have overall 10 mm spacing with particular regions

inserted by 5 mm spacing sub-grid electrodes.

The convolutional encoder of the previous chapter pad zeros for the “missing” electrodes

in the grid region. For the attention based encoder, we just treat all electrodes as input

nodes to the encoder and ignore the “missing” electrodes. The rest steps of preprocessing

follow the same methods introduced in section 3.6.1.

For the subject we test on, 50 words are used as training samples and the rest 50 words

as test samples. Figure 4.3 illustrate some reconstructed samples from the decoding network

with attention based encoder.

Figure 4.3: Reconstructed samples from the decoding network with attention based encoder.
Upper row: ground truth spectrogram, lower row: reconstructed spectrogram

Table 4.1 compares convolutional and attention based encoder performance quantitively.

The results show very close-up performance between convolutional and attention based

encoder with partially grid input. It is reassuring that the proposed attention based model

achieves similar performance as convolution based model. This encourages the usage of

attention based model on entirely non-grid data where convolution on space is difficult to
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perform.

MSE/ CC
Convolutional decoder attention based decoder

HB 0.50/ 0.72 0.50/ 0.71

Table 4.1: Quantitive comparison between convolutional and attention based decoder for
spectrogram reconstruction.

In the future works, we are going to further test the performance of attention based

model on other hybrid and non-grid data.



Chapter 5

Generate Produced Speech with Differen-

tiable Speech Synthesizer

In Chapter 3, the nature of generator training limits the ECoG decoder to output a fixed

length vector. This makes decoding speech with variable length difficult. Also, generating

a fixed length vector without physical meaning is less interpretable In this chapter, we solve

this issue by introducing a novel neural decoding framework that is constructed with a

differentiable speech synthesizer.

5.1 Speech decoding framework

The backbone of our neural decoding framework is constructed by an ECoG decoder

and a speech synthesizer (Fig. 5.1a). During testing, from the high gamma components of

the ECoG signal, the ECoG decoder generates a set of speech parameters that drive a differ-

entiable speech synthesizer to generate speech spectrograms (and corresponding waveforms

by Griffin-Lim algorithm [33] ). During training, besides being trained to math with the

speech synthesizer to output spectrograms matching the target spectrograms, the ECoG

decoder is also trained to match its output with a set of reference speech parameters. This

reference matching training strategy provides a more direct gradient to the ECoG decoder

so that it converges faster and is less prone to overfit.

The reference speech parameters are derived from a pre-trained speech encoder. During

30
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pre-training, the speech encoder and the speech synthesizer fulfill an auto-encoding task (i.e.,

mapping the input spectrogram to the speech parameters and back to the spectrogram) (Fig.

5.1b). When such speech-to-speech reconstruction is accurate, the parameters generated by

the speech encoder should provide physically meaningful speech parameters. Since the pre-

training is unsupervised and the subject speech audio data is easy to collect, obtaining the

reference speech parameters is not laborious. Note that the speech-to-speech autoencoder

and the reference parameters are only used for the training of the ECoG decoder. Once the

ECoG decoder is trained, the trained decoder and the speech synthesizer can be used to

convert ECoG signals to speech, without the need for the reference parameters.

• ECoG Decoder. The decoder maps the ECoG signals to a set of speech parameters

(describing both the voiced and unvoiced components) which are then synthesized to

speech spectrograms (Fig. 5.1). The ECoG decoder architecture is based on recent

advances in convolutional neural networks leveraging the ResNet approach [37]. We

construct a modified ResNet model with nine layers which treats the cortical input

as a spatiotemporal three-dimensional tensor (two dimensions for the electrode array

and one for time). The decoder is trained such that its output parameters match

the reference parameters derived from a speech encoder (which is learnt separately in

an unsupervised manner). Furthermore, our approach ensures that the speech spec-

trogram derived from these parameters, and constructed by the speech synthesizer,

matches with the actual speech spectrogram. We use this approach rather than an

end-to-end training as it is more data-efficient and allows us to train on a small set of

samples for each patient.

• Speech Parameters. Our speech representation is motivated by the vocoders used

for low-bit-rate speech compression dating back to the 1980’s. We model speech signals

as a mixing between voiced and unvoiced components, with the voiced component

described by a source-filter model (dynamically filter harmonic signals) [21] and the

unvoiced component generated by white noise broadband filtering. In addition to the

mixing parameter, our representation includes speech formant information (frequency,

bandwidth, etc) and loudness (i.e., energy of speech). See Fig 5 for details.
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• Synthesizer. Rather than training our speech synthesizer we use a set of signal

processing equations (such as harmonic oscillation, noise generation, filtering, etc.) to

synthesize the spectrogram from the speech parameters. By limiting the number of

speech parameters and using differentiable signal processing equations, we are able

to train the ECoG decoder with a limited amount of training data. In addition,

we are able to augment training by using a direct guidance approach where speech

parameters (output of the decoder) are matched to the reference parameters derived

from the actual speech (see Speech Encoder). This matching process (i.e., “match”

in Fig. 5.1) allows for an accurate estimation of speech parameters and decoded

spectrograms based on the ECoG signals. It is noteworthy that the equations we

use are differentiable which allows for backpropagation from the spectrogram to the

actual learning of the decoder.

• Speech Encoder. The speech encoder is pre-trained using an independent unsuper-

vised approach prior to the ECoG decoder training. The encoder is trained to generate

a set of speech parameters from a given spectrogram, from which the aforementioned

speech synthesizer can reproduce the spectrogram. This pre-trained encoder gener-

ates reference speech parameters from actual speech signals, used for the training of

the ECoG decoder. The unsupervised process can be easily used to train the speech

encoder from any set of speech signals including patient specific speech. Importantly,

this process constrains the speech parameter space to optimize our decoding learn-

ing and the parameters can directly drive a speech synthesizer based on differential

equations.

In the rest of this section, we will first introduce the structure of the speech synthesizer

(Fig. 5.1e). Then we will describe the ECoG decoder (Fig. 5.1c) and Speech encoder (Fig.

5.1d).
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f t
n̂, bt

n̂, at
n̂

<latexit sha1_base64="ZCybRqW+QFkgkaf92jsIoThxcg4=">AAACH3icjVDLSsNAFJ34rPUVdekmWAUXUhIRdVlw47KCfUATw2QyaYdOJmHmRighf+LGX3HjQhFx179x0nbRioIHhjn3nHuZuSdIOVNg22NjaXlldW29slHd3Nre2TX39tsqySShLZLwRHYDrChngraAAafdVFIcB5x2guFN6XceqVQsEfcwSqkX475gESMYtOSbl26Q8FCNYn3lkZ+7Awy5KIoHOAsWKjxfFb5Zc+r2BNbfpIZmaPrmlxsmJIupAMKxUj3HTsHLsQRGOC2qbqZoiskQ92lPU4Fjqrx8sl9hnWgltKJE6iPAmqjzEzmOVbmC7owxDNRPrxR/83oZRNdezkSaARVk+lCUcQsSqwzLCpmkBPhIE0wk03+1yABLTEBHWv1fCO3zumPXnbuLWuN4FkcFHaIjdIocdIUa6BY1UQsR9IRe0Bt6N56NV+PD+Jy2LhmzmQO0AGP8DcnppTA=</latexit><latexit sha1_base64="ZCybRqW+QFkgkaf92jsIoThxcg4=">AAACH3icjVDLSsNAFJ34rPUVdekmWAUXUhIRdVlw47KCfUATw2QyaYdOJmHmRighf+LGX3HjQhFx179x0nbRioIHhjn3nHuZuSdIOVNg22NjaXlldW29slHd3Nre2TX39tsqySShLZLwRHYDrChngraAAafdVFIcB5x2guFN6XceqVQsEfcwSqkX475gESMYtOSbl26Q8FCNYn3lkZ+7Awy5KIoHOAsWKjxfFb5Zc+r2BNbfpIZmaPrmlxsmJIupAMKxUj3HTsHLsQRGOC2qbqZoiskQ92lPU4Fjqrx8sl9hnWgltKJE6iPAmqjzEzmOVbmC7owxDNRPrxR/83oZRNdezkSaARVk+lCUcQsSqwzLCpmkBPhIE0wk03+1yABLTEBHWv1fCO3zumPXnbuLWuN4FkcFHaIjdIocdIUa6BY1UQsR9IRe0Bt6N56NV+PD+Jy2LhmzmQO0AGP8DcnppTA=</latexit><latexit sha1_base64="ZCybRqW+QFkgkaf92jsIoThxcg4=">AAACH3icjVDLSsNAFJ34rPUVdekmWAUXUhIRdVlw47KCfUATw2QyaYdOJmHmRighf+LGX3HjQhFx179x0nbRioIHhjn3nHuZuSdIOVNg22NjaXlldW29slHd3Nre2TX39tsqySShLZLwRHYDrChngraAAafdVFIcB5x2guFN6XceqVQsEfcwSqkX475gESMYtOSbl26Q8FCNYn3lkZ+7Awy5KIoHOAsWKjxfFb5Zc+r2BNbfpIZmaPrmlxsmJIupAMKxUj3HTsHLsQRGOC2qbqZoiskQ92lPU4Fjqrx8sl9hnWgltKJE6iPAmqjzEzmOVbmC7owxDNRPrxR/83oZRNdezkSaARVk+lCUcQsSqwzLCpmkBPhIE0wk03+1yABLTEBHWv1fCO3zumPXnbuLWuN4FkcFHaIjdIocdIUa6BY1UQsR9IRe0Bt6N56NV+PD+Jy2LhmzmQO0AGP8DcnppTA=</latexit><latexit sha1_base64="ZCybRqW+QFkgkaf92jsIoThxcg4=">AAACH3icjVDLSsNAFJ34rPUVdekmWAUXUhIRdVlw47KCfUATw2QyaYdOJmHmRighf+LGX3HjQhFx179x0nbRioIHhjn3nHuZuSdIOVNg22NjaXlldW29slHd3Nre2TX39tsqySShLZLwRHYDrChngraAAafdVFIcB5x2guFN6XceqVQsEfcwSqkX475gESMYtOSbl26Q8FCNYn3lkZ+7Awy5KIoHOAsWKjxfFb5Zc+r2BNbfpIZmaPrmlxsmJIupAMKxUj3HTsHLsQRGOC2qbqZoiskQ92lPU4Fjqrx8sl9hnWgltKJE6iPAmqjzEzmOVbmC7owxDNRPrxR/83oZRNdezkSaARVk+lCUcQsSqwzLCpmkBPhIE0wk03+1yABLTEBHWv1fCO3zumPXnbuLWuN4FkcFHaIjdIocdIUa6BY1UQsR9IRe0Bt6N56NV+PD+Jy2LhmzmQO0AGP8DcnppTA=</latexit>

voice filter

f t
i , at

i<latexit sha1_base64="iUUKzfZn43MJnO0YJCJpuNpXx38=">AAACAXicjVC7TsMwFL0pr1JeARYkFouCxICqhAU2KrEwFok+pLZEjuO0Vh0nsh2kKioLX9GNgaUDCLHyF2z8DU7LAAgkjmTfo3Pula+Pn3CmtOO8W4W5+YXFpeJyaWV1bX3D3txqqDiVhNZJzGPZ8rGinAla10xz2kokxZHPadMfnOd+84ZKxWJxpYcJ7Ua4J1jICNZG8uydjh/zQA0jU7LQY9f6COf3yLPLbsWZAv1NymeT8fgeAGqe/dYJYpJGVGjCsVJt10l0N8NSM8LpqNRJFU0wGeAebRsqcERVN5v+YIQOjBKgMJbmCI2m6teJDEcqX9J0Rlj31U8vF3/z2qkOT7sZE0mqqSCzh8KUIx2jPA4UMEmJ5kNDMJHM7IpIH0tMtAmt9L8QGscV16m4l265ug8zFGEX9uAQXDiBKlxADepA4BYe4BGerDtrYj1bL7PWgvU5sw3fYL1+AMgtmek=</latexit><latexit sha1_base64="kmrsjxbLOSMQzwWIyseSOgkrxcQ=">AAACAXicjVC7TsMwFL3hWcorwILEYlGQGFCVsMBGJRbGItGH1IbIcZzWquNEtoNURWXhK2Bm6QBCrPwFG3+D0zIAAokj2ffonHvl6xOknCntOO/WzOzc/MJiaam8vLK6tm5vbDZVkklCGyThiWwHWFHOBG1opjltp5LiOOC0FQzOCr91TaViibjUw5R6Me4JFjGCtZF8e7sbJDxUw9iUPPLZlT7ExT3y7YpbdSZAf5PK6fiuwH3dt9+6YUKymApNOFaq4zqp9nIsNSOcjsrdTNEUkwHu0Y6hAsdUefnkByO0b5QQRYk0R2g0Ub9O5DhWxZKmM8a6r356hfib18l0dOLlTKSZpoJMH4oyjnSCijhQyCQlmg8NwUQysysifSwx0Sa08v9CaB5VXafqXriV2h5MUYId2IUDcOEYanAOdWgAgRt4gEd4sm6tsfVsvUxbZ6zPmS34Buv1AyV5m64=</latexit><latexit sha1_base64="kmrsjxbLOSMQzwWIyseSOgkrxcQ=">AAACAXicjVC7TsMwFL3hWcorwILEYlGQGFCVsMBGJRbGItGH1IbIcZzWquNEtoNURWXhK2Bm6QBCrPwFG3+D0zIAAokj2ffonHvl6xOknCntOO/WzOzc/MJiaam8vLK6tm5vbDZVkklCGyThiWwHWFHOBG1opjltp5LiOOC0FQzOCr91TaViibjUw5R6Me4JFjGCtZF8e7sbJDxUw9iUPPLZlT7ExT3y7YpbdSZAf5PK6fiuwH3dt9+6YUKymApNOFaq4zqp9nIsNSOcjsrdTNEUkwHu0Y6hAsdUefnkByO0b5QQRYk0R2g0Ub9O5DhWxZKmM8a6r356hfib18l0dOLlTKSZpoJMH4oyjnSCijhQyCQlmg8NwUQysysifSwx0Sa08v9CaB5VXafqXriV2h5MUYId2IUDcOEYanAOdWgAgRt4gEd4sm6tsfVsvUxbZ6zPmS34Buv1AyV5m64=</latexit><latexit sha1_base64="r4YtlvJLPxZDvN5zXO2mpFP/27E=">AAACAXicjVDLSgMxFM3UV62vUTeCm2AVXEiZcaPLghuXFewD2jpkMpk2NJMMyR2hDHXjr7hxoYhb/8Kdf2Om7UJFwQPJPZxzL7k5YSq4Ac/7cEoLi0vLK+XVytr6xuaWu73TMirTlDWpEkp3QmKY4JI1gYNgnVQzkoSCtcPRReG3b5k2XMlrGKesn5CB5DGnBKwUuHu9UInIjBNb8jjgN3BCinsSuFW/5k2B/yZVNEcjcN97kaJZwiRQQYzp+l4K/Zxo4FSwSaWXGZYSOiID1rVUkoSZfj79wQQfWSXCsdL2SMBT9etEThJTLGk7EwJD89MrxN+8bgbxeT/nMs2ASTp7KM4EBoWLOHDENaMgxpYQqrndFdMh0YSCDa3yvxBapzXfq/lXfrV+OI+jjPbRATpGPjpDdXSJGqiJKLpDD+gJPTv3zqPz4rzOWkvOfGYXfYPz9gkZTpcv</latexit>
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<latexit sha1_base64="oQIdFYTZOP2pRl38u85ft87SG60="></latexit><latexit sha1_base64="YjNru1nDhbHLE7KSkUf5V0b+Fik="></latexit><latexit sha1_base64="YjNru1nDhbHLE7KSkUf5V0b+Fik="></latexit><latexit sha1_base64="xs2aynl5RayWHJ9QfeNY8E5jkOI=">AAACF3icdVDLSgMxFM34rPU16tJNsAouZJgRoboruHHhQsGq0I7lTpppQzMPkjtCGfoXbvwVNy4Ucas7/8bMtIKKHsjN4Zx7yc0JUik0uu6HNTU9Mzs3X1moLi4tr6zaa+uXOskU402WyERdB6C5FDFvokDJr1PFIQokvwoGx4V/dcuVFkl8gcOU+xH0YhEKBmikju20g0R29TAyV94GmfbhBvfCjltWYSqU9fQGHccZdeya57glqOscGdSPxuTwwKNfVo1McNax39vdhGURj5FJ0LrluSn6OSgUTPJRtZ1pngIbQI+3DI0h4trPy3+N6I5RujRMlDkx0lL9PpFDpIvVTWcE2Ne/vUL8y2tlGB76uYjTDHnMxg+FmaSY0CIk2hWKM5RDQ4ApYXalrA8KGJooq99D+J9c7jue63jnXq2xPYmjQjbJFtklHqmTBjkhZ6RJGLkjD+SJPFv31qP1Yr2OW6esycwG+QHr7RPHF5+M</latexit>
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<latexit sha1_base64="PTqycLEqHTLokQb8CwqxEjvKwzg=">AAAB/nicdVDLSsNAFL3xWeurKq7cDBahq5CI0HZlwY3LKvYBTSyTyaQdOnkwMxFKKPgrblwo6rbf4c6/cdooVNEDwxzOuZd7OF7CmVSW9WEsLa+srq0XNoqbW9s7u6W9/baMU0Foi8Q8Fl0PS8pZRFuKKU67iaA49DjteKOLmd+5o0KyOLpR44S6IR5ELGAEKy31S4eOF3NfjkP9ZQ7myRDfqkm/VLZNaw5kmXWNaj0ntTMbfVvl89fpNWg0+6V3x49JGtJIEY6l7NlWotwMC8UIp5Oik0qaYDLCA9rTNMIhlW42jz9BJ1rxURAL/SKF5uriRoZDOUuoJ0OshvK3NxP/8nqpCmpuxqIkVTQi+aEg5UjFaNYF8pmgRPGxJpgIprMiMsQCE6UbKy6W8D9pn5q2ZdpXdrlRgRwFOIJjqIANVWjAJTShBQQyeIAneDbujUfjxXjLR5eMr50D+AFj+glKtZhz</latexit><latexit sha1_base64="I2DoSNWzIv9tUxlOGaGP7z4LQA4=">AAAB/nicdVDLSsNAFJ3UV62vqLgSZLAIXYVEhLYrC25ctmAf0MQymUzaoZMHMxOhhIIbP8SNC0Xd9jvc+Q3+hJNGoYoeGOZwzr3cw3FjRoU0zXetsLS8srpWXC9tbG5t7+i7ex0RJRyTNo5YxHsuEoTRkLQllYz0Yk5Q4DLSdccXmd+9IVzQKLySk5g4ARqG1KcYSSUN9APbjZgnJoH6UhuxeISu5XSgly3DnAOaRl2hWs9J7cyC31b5/GXW+rg7mjUH+pvtRTgJSCgxQ0L0LTOWToq4pJiRaclOBIkRHqMh6SsaooAIJ53Hn8ITpXjQj7h6oYRzdXEjRYHIEqrJAMmR+O1l4l9eP5F+zUlpGCeShDg/5CcMyghmXUCPcoIlmyiCMKcqK8QjxBGWqrHSYgn/k86pYZmG1bLKjQrIUQSH4BhUgAWqoAEuQRO0AQYpuAeP4Em71R60Z+01Hy1oXzv74Ae02SdUsJq4</latexit><latexit sha1_base64="I2DoSNWzIv9tUxlOGaGP7z4LQA4=">AAAB/nicdVDLSsNAFJ3UV62vqLgSZLAIXYVEhLYrC25ctmAf0MQymUzaoZMHMxOhhIIbP8SNC0Xd9jvc+Q3+hJNGoYoeGOZwzr3cw3FjRoU0zXetsLS8srpWXC9tbG5t7+i7ex0RJRyTNo5YxHsuEoTRkLQllYz0Yk5Q4DLSdccXmd+9IVzQKLySk5g4ARqG1KcYSSUN9APbjZgnJoH6UhuxeISu5XSgly3DnAOaRl2hWs9J7cyC31b5/GXW+rg7mjUH+pvtRTgJSCgxQ0L0LTOWToq4pJiRaclOBIkRHqMh6SsaooAIJ53Hn8ITpXjQj7h6oYRzdXEjRYHIEqrJAMmR+O1l4l9eP5F+zUlpGCeShDg/5CcMyghmXUCPcoIlmyiCMKcqK8QjxBGWqrHSYgn/k86pYZmG1bLKjQrIUQSH4BhUgAWqoAEuQRO0AQYpuAeP4Em71R60Z+01Hy1oXzv74Ae02SdUsJq4</latexit><latexit sha1_base64="ETH/NdlxdGasObZjdyTV02AaqEk=">AAAB/nicdVDLSgMxFM3UV62vUXHlJliEroYZEdruCm5cVrAP6Iwlk8m0oZlkSDJCGQr+ihsXirj1O9z5N2baClX0QMjhnHu5hxOmjCrtup9WaW19Y3OrvF3Z2d3bP7APj7pKZBKTDhZMyH6IFGGUk46mmpF+KglKQkZ64eSq8Hv3RCoq+K2epiRI0IjTmGKkjTS0T/xQsEhNE/PlPmLpGN3p2dCueo47B3SdpkG9uSCNSw9+W1WwRHtof/iRwFlCuMYMKTXw3FQHOZKaYkZmFT9TJEV4gkZkYChHCVFBPo8/g+dGiWAspHlcw7m6upGjRBUJzWSC9Fj99grxL2+Q6bgR5JSnmSYcLw7FGYNawKILGFFJsGZTQxCW1GSFeIwkwto0Vlkt4X/SvXA81/FuvGqrtqyjDE7BGagBD9RBC1yDNugADHLwCJ7Bi/VgPVmv1ttitGQtd47BD1jvX6HYlnw=</latexit>

f t
0

<latexit sha1_base64="sFfhH1V2C2oy5qP0RMxg8awFcLo=">AAAB+3icdVDLSsNAFL3xWeur1qWbwSJ0VRIR2u4KblxJBfuANobJZNIOnWTCzEQsob/ixoUibv0Rd/0bp41CFT0wzOGce7mH4yecKW3bc2ttfWNza7uwU9zd2z84LB2Vu0qkktAOEVzIvo8V5SymHc00p/1EUhz5nPb8yeXC791TqZiIb/U0oW6ERzELGcHaSF6pPPQFD9Q0Ml8WevadnnmlilOzl0B2rWlQb+akceGgb6vSKlzPwaDtlT6GgSBpRGNNOFZq4NiJdjMsNSOczorDVNEEkwke0YGhMY6ocrNl9hk6M0qAQiHNizVaqqsbGY7UIp6ZjLAeq9/eQvzLG6Q6bLgZi5NU05jkh8KUIy3QoggUMEmJ5lNDMJHMZEVkjCUm2tRVXC3hf9I9rzl2zblxKq0q5CjACZxCFRyoQwuuoA0dIPAAj/AML9bMerJerbd8dM362jmGH7DePwHgs5Zg</latexit><latexit sha1_base64="XDvp8O642Aq3hDczNcJRgJuThaY=">AAAB+3icdVDLSsNAFJ3UV62vWMGNm8EiFISQiNB2V3DjSirYB7QxTCaTdujkwcxELCFr/8KNC0Xc+iPu+jdOGoUqemCYwzn3cg/HjRkV0jTnWmlldW19o7xZ2dre2d3T96s9ESUcky6OWMQHLhKE0ZB0JZWMDGJOUOAy0nenF7nfvyNc0Ci8kbOY2AEah9SnGEklOXp15EbME7NAfanvmLcyc/SaZZgLQNNoKTRaBWmeW/DbqrXLV/PDh9NSx9E/Rl6Ek4CEEjMkxNAyY2mniEuKGckqo0SQGOEpGpOhoiEKiLDTRfYMnijFg37E1QslXKjLGykKRB5PTQZITsRvLxf/8oaJ9Jt2SsM4kSTExSE/YVBGMC8CepQTLNlMEYQ5VVkhniCOsFR1VZZL+J/0zgzLNKxrq9augwJlcASOQR1YoAHa4BJ0QBdgcA8ewTN40TLtSXvV3orRkva1cwB+QHv/BO9Plyo=</latexit><latexit sha1_base64="XDvp8O642Aq3hDczNcJRgJuThaY=">AAAB+3icdVDLSsNAFJ3UV62vWMGNm8EiFISQiNB2V3DjSirYB7QxTCaTdujkwcxELCFr/8KNC0Xc+iPu+jdOGoUqemCYwzn3cg/HjRkV0jTnWmlldW19o7xZ2dre2d3T96s9ESUcky6OWMQHLhKE0ZB0JZWMDGJOUOAy0nenF7nfvyNc0Ci8kbOY2AEah9SnGEklOXp15EbME7NAfanvmLcyc/SaZZgLQNNoKTRaBWmeW/DbqrXLV/PDh9NSx9E/Rl6Ek4CEEjMkxNAyY2mniEuKGckqo0SQGOEpGpOhoiEKiLDTRfYMnijFg37E1QslXKjLGykKRB5PTQZITsRvLxf/8oaJ9Jt2SsM4kSTExSE/YVBGMC8CepQTLNlMEYQ5VVkhniCOsFR1VZZL+J/0zgzLNKxrq9augwJlcASOQR1YoAHa4BJ0QBdgcA8ewTN40TLtSXvV3orRkva1cwB+QHv/BO9Plyo=</latexit><latexit sha1_base64="agt61A+OBwJS+hN1CBZqO6fM9Uw=">AAAB+3icdVDLSgMxFM3UV62vsS7dBIvQ1TAjQttdwY3LCvYBbR0ymUwbmkmGJCOWYX7FjQtF3Poj7vwbM22FKnog5HDOvdzDCRJGlXbdT6u0sbm1vVPereztHxwe2cfVnhKpxKSLBRNyECBFGOWkq6lmZJBIguKAkX4wuyr8/j2Rigp+q+cJGcdowmlEMdJG8u3qKBAsVPPYfFnku3c69+2a57gLQNdpGTRaS9K89OC3VQMrdHz7YxQKnMaEa8yQUkPPTfQ4Q1JTzEheGaWKJAjP0IQMDeUoJmqcLbLn8NwoIYyENI9ruFDXNzIUqyKemYyRnqrfXiH+5Q1THTXHGeVJqgnHy0NRyqAWsCgChlQSrNncEIQlNVkhniKJsDZ1VdZL+J/0LhzPdbwbr9aur+oog1NwBurAAw3QBtegA7oAgwfwCJ7Bi5VbT9ar9bYcLVmrnRPwA9b7F/DglPE=</latexit>

f t
i

<latexit sha1_base64="hCfxWTOcuiKsDEYzr1HlACr1AQw=">AAAB+3icdVDLSsNAFL3x2dZXrEs3g0XoqiQitN0V3LisYB/Q1jCZTtqhkwczE7WE/IoILhRx60e4deffOGkUquiBYQ7n3Ms9HDfiTCrL+jBWVtfWNzYLxdLW9s7unrlf7sowFoR2SMhD0XexpJwFtKOY4rQfCYp9l9OeOzvL/N41FZKFwaWaR3Tk40nAPEaw0pJjloduyMdy7usv8Rx2pVLHrNg1awFk1Zoa9WZOGqc2+rYqreLN2z0AtB3zfTgOSezTQBGOpRzYVqRGCRaKEU7T0jCWNMJkhid0oGmAfSpHySJ7io61MkZeKPQLFFqoyxsJ9mUWT0/6WE3lby8T//IGsfIao4QFUaxoQPJDXsyRClFWBBozQYnic00wEUxnRWSKBSZK11VaLuF/0j2p2VbNvrArrSrkKMAhHEEVbKhDC86hDR0gcAt38AhPRmo8GM/GSz66YnztHMAPGK+fMhWXUw==</latexit><latexit sha1_base64="wfriH1xEzxyhuOik68mgpIXuv4c=">AAAB+3icdVDLSsNAFJ3UV1tfsS7dDFahq5CI0HZXcOOygn1AG8tkMmmHTh7MTNQS8iMu3LhQxK0f4dadn+DWL3DSKFTRA8MczrmXezhOxKiQpvmmFZaWV1bXiqXy+sbm1ra+U+mKMOaYdHDIQt53kCCMBqQjqWSkH3GCfIeRnjM9yfzeJeGChsG5nEXE9tE4oB7FSCpppFeGTshcMfPVl3gjeiHTkV61DHMOaBpNhXozJ41jC35b1Vbp6uXm/eCjPdJfh26IY58EEjMkxMAyI2kniEuKGUnLw1iQCOEpGpOBogHyibCTefYUHirFhV7I1QsknKuLGwnyRRZPTfpITsRvLxP/8gax9Bp2QoMoliTA+SEvZlCGMCsCupQTLNlMEYQ5VVkhniCOsFR1lRdL+J90jwzLNKwzq9qqgRxFsAf2QQ1YoA5a4BS0QQdgcA1uwT140FLtTnvUnvLRgva1swt+QHv+BNTEmUw=</latexit><latexit sha1_base64="wfriH1xEzxyhuOik68mgpIXuv4c=">AAAB+3icdVDLSsNAFJ3UV1tfsS7dDFahq5CI0HZXcOOygn1AG8tkMmmHTh7MTNQS8iMu3LhQxK0f4dadn+DWL3DSKFTRA8MczrmXezhOxKiQpvmmFZaWV1bXiqXy+sbm1ra+U+mKMOaYdHDIQt53kCCMBqQjqWSkH3GCfIeRnjM9yfzeJeGChsG5nEXE9tE4oB7FSCpppFeGTshcMfPVl3gjeiHTkV61DHMOaBpNhXozJ41jC35b1Vbp6uXm/eCjPdJfh26IY58EEjMkxMAyI2kniEuKGUnLw1iQCOEpGpOBogHyibCTefYUHirFhV7I1QsknKuLGwnyRRZPTfpITsRvLxP/8gax9Bp2QoMoliTA+SEvZlCGMCsCupQTLNlMEYQ5VVkhniCOsFR1lRdL+J90jwzLNKwzq9qqgRxFsAf2QQ1YoA5a4BS0QQdgcA1uwT140FLtTnvUnvLRgva1swt+QHv+BNTEmUw=</latexit><latexit sha1_base64="FFHHR60s/0iBeLC7w6UzndAPBPY=">AAAB+3icdVDLSgMxFM3UV62vsS7dBIvQ1TAjQttdwY3LCvYBbR0ymUwbmkmGJCOWYX7FjQtF3Poj7vwbM22FKnog5HDOvdzDCRJGlXbdT6u0sbm1vVPereztHxwe2cfVnhKpxKSLBRNyECBFGOWkq6lmZJBIguKAkX4wuyr8/j2Rigp+q+cJGcdowmlEMdJG8u3qKBAsVPPYfFnk0zud+3bNc9wFoOu0DBqtJWleevDbqoEVOr79MQoFTmPCNWZIqaHnJnqcIakpZiSvjFJFEoRnaEKGhnIUEzXOFtlzeG6UEEZCmsc1XKjrGxmKVRHPTMZIT9VvrxD/8oapjprjjPIk1YTj5aEoZVALWBQBQyoJ1mxuCMKSmqwQT5FEWJu6Kusl/E96F47nOt6NV2vXV3WUwSk4A3XggQZog2vQAV2AwQN4BM/gxcqtJ+vVeluOlqzVzgn4Aev9C0f+lSo=</latexit>

at
i

<latexit sha1_base64="3eoy4WJjCp8FtBROSVc0XtvK4e4=">AAAB+3icdVDLSsNAFL3x2dZXrEs3g0XoqiQitN0V3LisYB/QxjCZTtuhkwczE7WE/IoILhRx60e4deffOGkUquiBYQ7n3Ms9HC/iTCrL+jBWVtfWNzYLxdLW9s7unrlf7sowFoR2SMhD0fewpJwFtKOY4rQfCYp9j9OeNzvL/N41FZKFwaWaR9Tx8SRgY0aw0pJrlodeyEdy7usvwS67UqlrVuyatQCyak2NejMnjVMbfVuVVvHm7R4A2q75PhyFJPZpoAjHUg5sK1JOgoVihNO0NIwljTCZ4QkdaBpgn0onWWRP0bFWRmgcCv0ChRbq8kaCfZnF05M+VlP528vEv7xBrMYNJ2FBFCsakPzQOOZIhSgrAo2YoETxuSaYCKazIjLFAhOl6yotl/A/6Z7UbKtmX9iVVhVyFOAQjqAKNtShBefQhg4QuIU7eIQnIzUejGfjJR9dMb52DuAHjNdPKmiXTg==</latexit><latexit sha1_base64="jLiYMxwY4loB0yj7YHJGiyKG87g=">AAAB+3icdVDLSsNAFJ3UV1tfsS7dDFahq5CI0HZXcOOygn1AG8tkMmmHTh7MTNQS8iMu3LhQxK0f4dadn+DWL3DSKFTRA8MczrmXezhOxKiQpvmmFZaWV1bXiqXy+sbm1ra+U+mKMOaYdHDIQt53kCCMBqQjqWSkH3GCfIeRnjM9yfzeJeGChsG5nEXE9tE4oB7FSCpppFeGTshcMfPVl6ARvZDpSK9ahjkHNI2mQr2Zk8axBb+taqt09XLzfvDRHumvQzfEsU8CiRkSYmCZkbQTxCXFjKTlYSxIhPAUjclA0QD5RNjJPHsKD5XiQi/k6gUSztXFjQT5IounJn0kJ+K3l4l/eYNYeg07oUEUSxLg/JAXMyhDmBUBXcoJlmymCMKcqqwQTxBHWKq6yosl/E+6R4ZlGtaZVW3VQI4i2AP7oAYsUActcAraoAMwuAa34B48aKl2pz1qT/loQfva2QU/oD1/As0XmUc=</latexit><latexit sha1_base64="jLiYMxwY4loB0yj7YHJGiyKG87g=">AAAB+3icdVDLSsNAFJ3UV1tfsS7dDFahq5CI0HZXcOOygn1AG8tkMmmHTh7MTNQS8iMu3LhQxK0f4dadn+DWL3DSKFTRA8MczrmXezhOxKiQpvmmFZaWV1bXiqXy+sbm1ra+U+mKMOaYdHDIQt53kCCMBqQjqWSkH3GCfIeRnjM9yfzeJeGChsG5nEXE9tE4oB7FSCpppFeGTshcMfPVl6ARvZDpSK9ahjkHNI2mQr2Zk8axBb+taqt09XLzfvDRHumvQzfEsU8CiRkSYmCZkbQTxCXFjKTlYSxIhPAUjclA0QD5RNjJPHsKD5XiQi/k6gUSztXFjQT5IounJn0kJ+K3l4l/eYNYeg07oUEUSxLg/JAXMyhDmBUBXcoJlmymCMKcqqwQTxBHWKq6yosl/E+6R4ZlGtaZVW3VQI4i2AP7oAYsUActcAraoAMwuAa34B48aKl2pz1qT/loQfva2QU/oD1/As0XmUc=</latexit><latexit sha1_base64="F7yoHnWww4snstOSPSv2uA7ClcU=">AAAB+3icdVDLSgMxFM3UV62vsS7dBIvQ1TAjQttdwY3LCvYBbR0ymUwbmkmGJCOWYX7FjQtF3Poj7vwbM22FKnog5HDOvdzDCRJGlXbdT6u0sbm1vVPereztHxwe2cfVnhKpxKSLBRNyECBFGOWkq6lmZJBIguKAkX4wuyr8/j2Rigp+q+cJGcdowmlEMdJG8u3qKBAsVPPYfBny6Z3OfbvmOe4C0HVaBo3WkjQvPfht1cAKHd/+GIUCpzHhGjOk1NBzEz3OkNQUM5JXRqkiCcIzNCFDQzmKiRpni+w5PDdKCCMhzeMaLtT1jQzFqohnJmOkp+q3V4h/ecNUR81xRnmSasLx8lCUMqgFLIqAIZUEazY3BGFJTVaIp0girE1dlfUS/ie9C8dzHe/Gq7XrqzrK4BScgTrwQAO0wTXogC7A4AE8gmfwYuXWk/VqvS1HS9Zq5wT8gPX+BUBRlSU=</latexit>

Lt
<latexit sha1_base64="MHbLNp+feF4Tc8RwQQm/ZipRwzQ=">AAAB+XicdVC7SgNBFL3rM8bXqqXNYBBSLbsiJKkM2FhYRDEPSNYwOzubDJl9MDMbCEv+xMZCEQsbG7/Dzr9xklWIogeGOZxzL/dwvIQzqWz7w1haXlldWy9sFDe3tnd2zb39loxTQWiTxDwWHQ9LyllEm4opTjuJoDj0OG17o/OZ3x5TIVkc3ahJQt0QDyIWMIKVlvqm2fNi7stJqL/s8lZN+2bJsew5kG3VNCq1nFRPHfRtlc5e3q5Bo9E333t+TNKQRopwLGXXsRPlZlgoRjidFnuppAkmIzygXU0jHFLpZvPkU3SsFR8FsdAvUmiuLm5kOJSzcHoyxGoof3sz8S+vm6qg6mYsSlJFI5IfClKOVIxmNSCfCUoUn2iCiWA6KyJDLDBRuqziYgn/k9aJ5diWc+WU6mXIUYBDOIIyOFCBOlxAA5pAYAx38ACPRmbcG0/Gcz66ZHztHMAPGK+fQgSWKw==</latexit><latexit sha1_base64="2JM8zsAIjAZ2ve7l+bE/EY5ELbs=">AAAB+XicdVDLSsNAFJ34rPUVdSnIYBG6CokIbVcW3Lhw0YJ9QBvLZDJph04mYWZSKKFL/8KNC0VcuHHT73DnN/gTThuFKnpgmMM593IPx4sZlcq2342l5ZXVtfXcRn5za3tn19zbb8ooEZg0cMQi0faQJIxy0lBUMdKOBUGhx0jLG17M/NaICEkjfq3GMXFD1Oc0oBgpLfVMs+tFzJfjUH/p1Y2a9MyCY9lzQNuqaJQqGSmfOfDbKpy/TOsft0fTWs986/oRTkLCFWZIyo5jx8pNkVAUMzLJdxNJYoSHqE86mnIUEumm8+QTeKIVHwaR0I8rOFcXN1IUylk4PRkiNZC/vZn4l9dJVFB2U8rjRBGOs0NBwqCK4KwG6FNBsGJjTRAWVGeFeIAEwkqXlV8s4X/SPLUc23LqTqFaBBly4BAcgyJwQAlUwSWogQbAYATuwAN4NFLj3ngynrPRJeNr5wD8gPH6CUv/mHA=</latexit><latexit sha1_base64="2JM8zsAIjAZ2ve7l+bE/EY5ELbs=">AAAB+XicdVDLSsNAFJ34rPUVdSnIYBG6CokIbVcW3Lhw0YJ9QBvLZDJph04mYWZSKKFL/8KNC0VcuHHT73DnN/gTThuFKnpgmMM593IPx4sZlcq2342l5ZXVtfXcRn5za3tn19zbb8ooEZg0cMQi0faQJIxy0lBUMdKOBUGhx0jLG17M/NaICEkjfq3GMXFD1Oc0oBgpLfVMs+tFzJfjUH/p1Y2a9MyCY9lzQNuqaJQqGSmfOfDbKpy/TOsft0fTWs986/oRTkLCFWZIyo5jx8pNkVAUMzLJdxNJYoSHqE86mnIUEumm8+QTeKIVHwaR0I8rOFcXN1IUylk4PRkiNZC/vZn4l9dJVFB2U8rjRBGOs0NBwqCK4KwG6FNBsGJjTRAWVGeFeIAEwkqXlV8s4X/SPLUc23LqTqFaBBly4BAcgyJwQAlUwSWogQbAYATuwAN4NFLj3ngynrPRJeNr5wD8gPH6CUv/mHA=</latexit><latexit sha1_base64="Ohomwrq0xYJMmvIw8d9Dig7xg9g=">AAAB+XicdVDLSsNAFL2pr1pfUZduBovQVUhEaLsruHHhooJ9QBvLZDJth04mYWZSKKF/4saFIm79E3f+jZO2QhU9MMzhnHu5hxMknCntup9WYWNza3unuFva2z84PLKPT9oqTiWhLRLzWHYDrChngrY005x2E0lxFHDaCSbXud+ZUqlYLO71LKF+hEeCDRnB2kgD2+4HMQ/VLDJfdvug5wO77DnuAsh16gbV+pLUrjz0bZVhhebA/uiHMUkjKjThWKme5ybaz7DUjHA6L/VTRRNMJnhEe4YKHFHlZ4vkc3RhlBANY2me0Gihrm9kOFJ5ODMZYT1Wv71c/MvrpXpY8zMmklRTQZaHhilHOkZ5DShkkhLNZ4ZgIpnJisgYS0y0Kau0XsL/pH3peK7j3XnlRmVVRxHO4Bwq4EEVGnADTWgBgSk8wjO8WJn1ZL1ab8vRgrXaOYUfsN6/AJknlDQ=</latexit>

…

Speech Param
eters

c

co
nv

co
nv

co
nv

FC
FC
FC
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↵t
<latexit sha1_base64="PTqycLEqHTLokQb8CwqxEjvKwzg=">AAAB/nicdVDLSsNAFL3xWeurKq7cDBahq5CI0HZlwY3LKvYBTSyTyaQdOnkwMxFKKPgrblwo6rbf4c6/cdooVNEDwxzOuZd7OF7CmVSW9WEsLa+srq0XNoqbW9s7u6W9/baMU0Foi8Q8Fl0PS8pZRFuKKU67iaA49DjteKOLmd+5o0KyOLpR44S6IR5ELGAEKy31S4eOF3NfjkP9ZQ7myRDfqkm/VLZNaw5kmXWNaj0ntTMbfVvl89fpNWg0+6V3x49JGtJIEY6l7NlWotwMC8UIp5Oik0qaYDLCA9rTNMIhlW42jz9BJ1rxURAL/SKF5uriRoZDOUuoJ0OshvK3NxP/8nqpCmpuxqIkVTQi+aEg5UjFaNYF8pmgRPGxJpgIprMiMsQCE6UbKy6W8D9pn5q2ZdpXdrlRgRwFOIJjqIANVWjAJTShBQQyeIAneDbujUfjxXjLR5eMr50D+AFj+glKtZhz</latexit><latexit sha1_base64="I2DoSNWzIv9tUxlOGaGP7z4LQA4=">AAAB/nicdVDLSsNAFJ3UV62vqLgSZLAIXYVEhLYrC25ctmAf0MQymUzaoZMHMxOhhIIbP8SNC0Xd9jvc+Q3+hJNGoYoeGOZwzr3cw3FjRoU0zXetsLS8srpWXC9tbG5t7+i7ex0RJRyTNo5YxHsuEoTRkLQllYz0Yk5Q4DLSdccXmd+9IVzQKLySk5g4ARqG1KcYSSUN9APbjZgnJoH6UhuxeISu5XSgly3DnAOaRl2hWs9J7cyC31b5/GXW+rg7mjUH+pvtRTgJSCgxQ0L0LTOWToq4pJiRaclOBIkRHqMh6SsaooAIJ53Hn8ITpXjQj7h6oYRzdXEjRYHIEqrJAMmR+O1l4l9eP5F+zUlpGCeShDg/5CcMyghmXUCPcoIlmyiCMKcqK8QjxBGWqrHSYgn/k86pYZmG1bLKjQrIUQSH4BhUgAWqoAEuQRO0AQYpuAeP4Em71R60Z+01Hy1oXzv74Ae02SdUsJq4</latexit><latexit sha1_base64="I2DoSNWzIv9tUxlOGaGP7z4LQA4=">AAAB/nicdVDLSsNAFJ3UV62vqLgSZLAIXYVEhLYrC25ctmAf0MQymUzaoZMHMxOhhIIbP8SNC0Xd9jvc+Q3+hJNGoYoeGOZwzr3cw3FjRoU0zXetsLS8srpWXC9tbG5t7+i7ex0RJRyTNo5YxHsuEoTRkLQllYz0Yk5Q4DLSdccXmd+9IVzQKLySk5g4ARqG1KcYSSUN9APbjZgnJoH6UhuxeISu5XSgly3DnAOaRl2hWs9J7cyC31b5/GXW+rg7mjUH+pvtRTgJSCgxQ0L0LTOWToq4pJiRaclOBIkRHqMh6SsaooAIJ53Hn8ITpXjQj7h6oYRzdXEjRYHIEqrJAMmR+O1l4l9eP5F+zUlpGCeShDg/5CcMyghmXUCPcoIlmyiCMKcqK8QjxBGWqrHSYgn/k86pYZmG1bLKjQrIUQSH4BhUgAWqoAEuQRO0AQYpuAeP4Em71R60Z+01Hy1oXzv74Ae02SdUsJq4</latexit><latexit sha1_base64="ETH/NdlxdGasObZjdyTV02AaqEk=">AAAB/nicdVDLSgMxFM3UV62vUXHlJliEroYZEdruCm5cVrAP6Iwlk8m0oZlkSDJCGQr+ihsXirj1O9z5N2baClX0QMjhnHu5hxOmjCrtup9WaW19Y3OrvF3Z2d3bP7APj7pKZBKTDhZMyH6IFGGUk46mmpF+KglKQkZ64eSq8Hv3RCoq+K2epiRI0IjTmGKkjTS0T/xQsEhNE/PlPmLpGN3p2dCueo47B3SdpkG9uSCNSw9+W1WwRHtof/iRwFlCuMYMKTXw3FQHOZKaYkZmFT9TJEV4gkZkYChHCVFBPo8/g+dGiWAspHlcw7m6upGjRBUJzWSC9Fj99grxL2+Q6bgR5JSnmSYcLw7FGYNawKILGFFJsGZTQxCW1GSFeIwkwto0Vlkt4X/SvXA81/FuvGqrtqyjDE7BGagBD9RBC1yDNugADHLwCJ7Bi/VgPVmv1ttitGQtd47BD1jvX6HYlnw=</latexit>

f t
0

<latexit sha1_base64="sFfhH1V2C2oy5qP0RMxg8awFcLo=">AAAB+3icdVDLSsNAFL3xWeur1qWbwSJ0VRIR2u4KblxJBfuANobJZNIOnWTCzEQsob/ixoUibv0Rd/0bp41CFT0wzOGce7mH4yecKW3bc2ttfWNza7uwU9zd2z84LB2Vu0qkktAOEVzIvo8V5SymHc00p/1EUhz5nPb8yeXC791TqZiIb/U0oW6ERzELGcHaSF6pPPQFD9Q0Ml8WevadnnmlilOzl0B2rWlQb+akceGgb6vSKlzPwaDtlT6GgSBpRGNNOFZq4NiJdjMsNSOczorDVNEEkwke0YGhMY6ocrNl9hk6M0qAQiHNizVaqqsbGY7UIp6ZjLAeq9/eQvzLG6Q6bLgZi5NU05jkh8KUIy3QoggUMEmJ5lNDMJHMZEVkjCUm2tRVXC3hf9I9rzl2zblxKq0q5CjACZxCFRyoQwuuoA0dIPAAj/AML9bMerJerbd8dM362jmGH7DePwHgs5Zg</latexit><latexit sha1_base64="XDvp8O642Aq3hDczNcJRgJuThaY=">AAAB+3icdVDLSsNAFJ3UV62vWMGNm8EiFISQiNB2V3DjSirYB7QxTCaTdujkwcxELCFr/8KNC0Xc+iPu+jdOGoUqemCYwzn3cg/HjRkV0jTnWmlldW19o7xZ2dre2d3T96s9ESUcky6OWMQHLhKE0ZB0JZWMDGJOUOAy0nenF7nfvyNc0Ci8kbOY2AEah9SnGEklOXp15EbME7NAfanvmLcyc/SaZZgLQNNoKTRaBWmeW/DbqrXLV/PDh9NSx9E/Rl6Ek4CEEjMkxNAyY2mniEuKGckqo0SQGOEpGpOhoiEKiLDTRfYMnijFg37E1QslXKjLGykKRB5PTQZITsRvLxf/8oaJ9Jt2SsM4kSTExSE/YVBGMC8CepQTLNlMEYQ5VVkhniCOsFR1VZZL+J/0zgzLNKxrq9augwJlcASOQR1YoAHa4BJ0QBdgcA8ewTN40TLtSXvV3orRkva1cwB+QHv/BO9Plyo=</latexit><latexit sha1_base64="XDvp8O642Aq3hDczNcJRgJuThaY=">AAAB+3icdVDLSsNAFJ3UV62vWMGNm8EiFISQiNB2V3DjSirYB7QxTCaTdujkwcxELCFr/8KNC0Xc+iPu+jdOGoUqemCYwzn3cg/HjRkV0jTnWmlldW19o7xZ2dre2d3T96s9ESUcky6OWMQHLhKE0ZB0JZWMDGJOUOAy0nenF7nfvyNc0Ci8kbOY2AEah9SnGEklOXp15EbME7NAfanvmLcyc/SaZZgLQNNoKTRaBWmeW/DbqrXLV/PDh9NSx9E/Rl6Ek4CEEjMkxNAyY2mniEuKGckqo0SQGOEpGpOhoiEKiLDTRfYMnijFg37E1QslXKjLGykKRB5PTQZITsRvLxf/8oaJ9Jt2SsM4kSTExSE/YVBGMC8CepQTLNlMEYQ5VVkhniCOsFR1VZZL+J/0zgzLNKxrq9augwJlcASOQR1YoAHa4BJ0QBdgcA8ewTN40TLtSXvV3orRkva1cwB+QHv/BO9Plyo=</latexit><latexit sha1_base64="agt61A+OBwJS+hN1CBZqO6fM9Uw=">AAAB+3icdVDLSgMxFM3UV62vsS7dBIvQ1TAjQttdwY3LCvYBbR0ymUwbmkmGJCOWYX7FjQtF3Poj7vwbM22FKnog5HDOvdzDCRJGlXbdT6u0sbm1vVPereztHxwe2cfVnhKpxKSLBRNyECBFGOWkq6lmZJBIguKAkX4wuyr8/j2Rigp+q+cJGcdowmlEMdJG8u3qKBAsVPPYfFnku3c69+2a57gLQNdpGTRaS9K89OC3VQMrdHz7YxQKnMaEa8yQUkPPTfQ4Q1JTzEheGaWKJAjP0IQMDeUoJmqcLbLn8NwoIYyENI9ruFDXNzIUqyKemYyRnqrfXiH+5Q1THTXHGeVJqgnHy0NRyqAWsCgChlQSrNncEIQlNVkhniKJsDZ1VdZL+J/0LhzPdbwbr9aur+oog1NwBurAAw3QBtegA7oAgwfwCJ7Bi5VbT9ar9bYcLVmrnRPwA9b7F/DglPE=</latexit>

f t
i

<latexit sha1_base64="hCfxWTOcuiKsDEYzr1HlACr1AQw=">AAAB+3icdVDLSsNAFL3x2dZXrEs3g0XoqiQitN0V3LisYB/Q1jCZTtqhkwczE7WE/IoILhRx60e4deffOGkUquiBYQ7n3Ms9HDfiTCrL+jBWVtfWNzYLxdLW9s7unrlf7sowFoR2SMhD0XexpJwFtKOY4rQfCYp9l9OeOzvL/N41FZKFwaWaR3Tk40nAPEaw0pJjloduyMdy7usv8Rx2pVLHrNg1awFk1Zoa9WZOGqc2+rYqreLN2z0AtB3zfTgOSezTQBGOpRzYVqRGCRaKEU7T0jCWNMJkhid0oGmAfSpHySJ7io61MkZeKPQLFFqoyxsJ9mUWT0/6WE3lby8T//IGsfIao4QFUaxoQPJDXsyRClFWBBozQYnic00wEUxnRWSKBSZK11VaLuF/0j2p2VbNvrArrSrkKMAhHEEVbKhDC86hDR0gcAt38AhPRmo8GM/GSz66YnztHMAPGK+fMhWXUw==</latexit><latexit sha1_base64="wfriH1xEzxyhuOik68mgpIXuv4c=">AAAB+3icdVDLSsNAFJ3UV1tfsS7dDFahq5CI0HZXcOOygn1AG8tkMmmHTh7MTNQS8iMu3LhQxK0f4dadn+DWL3DSKFTRA8MczrmXezhOxKiQpvmmFZaWV1bXiqXy+sbm1ra+U+mKMOaYdHDIQt53kCCMBqQjqWSkH3GCfIeRnjM9yfzeJeGChsG5nEXE9tE4oB7FSCpppFeGTshcMfPVl3gjeiHTkV61DHMOaBpNhXozJ41jC35b1Vbp6uXm/eCjPdJfh26IY58EEjMkxMAyI2kniEuKGUnLw1iQCOEpGpOBogHyibCTefYUHirFhV7I1QsknKuLGwnyRRZPTfpITsRvLxP/8gax9Bp2QoMoliTA+SEvZlCGMCsCupQTLNlMEYQ5VVkhniCOsFR1lRdL+J90jwzLNKwzq9qqgRxFsAf2QQ1YoA5a4BS0QQdgcA1uwT140FLtTnvUnvLRgva1swt+QHv+BNTEmUw=</latexit><latexit sha1_base64="wfriH1xEzxyhuOik68mgpIXuv4c=">AAAB+3icdVDLSsNAFJ3UV1tfsS7dDFahq5CI0HZXcOOygn1AG8tkMmmHTh7MTNQS8iMu3LhQxK0f4dadn+DWL3DSKFTRA8MczrmXezhOxKiQpvmmFZaWV1bXiqXy+sbm1ra+U+mKMOaYdHDIQt53kCCMBqQjqWSkH3GCfIeRnjM9yfzeJeGChsG5nEXE9tE4oB7FSCpppFeGTshcMfPVl3gjeiHTkV61DHMOaBpNhXozJ41jC35b1Vbp6uXm/eCjPdJfh26IY58EEjMkxMAyI2kniEuKGUnLw1iQCOEpGpOBogHyibCTefYUHirFhV7I1QsknKuLGwnyRRZPTfpITsRvLxP/8gax9Bp2QoMoliTA+SEvZlCGMCsCupQTLNlMEYQ5VVkhniCOsFR1lRdL+J90jwzLNKwzq9qqgRxFsAf2QQ1YoA5a4BS0QQdgcA1uwT140FLtTnvUnvLRgva1swt+QHv+BNTEmUw=</latexit><latexit sha1_base64="FFHHR60s/0iBeLC7w6UzndAPBPY=">AAAB+3icdVDLSgMxFM3UV62vsS7dBIvQ1TAjQttdwY3LCvYBbR0ymUwbmkmGJCOWYX7FjQtF3Poj7vwbM22FKnog5HDOvdzDCRJGlXbdT6u0sbm1vVPereztHxwe2cfVnhKpxKSLBRNyECBFGOWkq6lmZJBIguKAkX4wuyr8/j2Rigp+q+cJGcdowmlEMdJG8u3qKBAsVPPYfFnk0zud+3bNc9wFoOu0DBqtJWleevDbqoEVOr79MQoFTmPCNWZIqaHnJnqcIakpZiSvjFJFEoRnaEKGhnIUEzXOFtlzeG6UEEZCmsc1XKjrGxmKVRHPTMZIT9VvrxD/8oapjprjjPIk1YTj5aEoZVALWBQBQyoJ1mxuCMKSmqwQT5FEWJu6Kusl/E96F47nOt6NV2vXV3WUwSk4A3XggQZog2vQAV2AwQN4BM/gxcqtJ+vVeluOlqzVzgn4Aev9C0f+lSo=</latexit>
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Figure 5.1: Structure of the decoding framework. (a) the overview of the overall net-

work architecture. An auto-encoder structure (b) is used to pretrain the speech encoder

by training a speech encoder to generate proper speech parameters that can reconstruct

input spectrograms through the speech synthesizer. (c) The ECoG decoder is a modified

three-dimensional residual network. After an initial temporal convolutional layer and eight

residual blocks (constructed by three-dimensional convolution layers), multiple convolu-

tional layers (each has temporal kernel size of 1) generate speech parameters separately. (d)

The speech encoder in (a) is constructed by a convolutional network, with three convolu-

tional layers backbone and the same multihead output structure as in (c). (e) Illustrates

the processes within the speech synthesizer. The harmonics (in voice pathway) and white

noise (unvoice pathway) are generated and filtered (multiplication in spectrogram domain)

by voice and unvoice filters, respectively. The filtered results are then weighted averaged

according to a mixing parameter and then amplified by the loudness parameter.
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5.1.1 Differentiable speech synthesizer

In traditional vocoder, speech is generated by switching between voiced content and

unvoiced content. Each content comes from an autoregressive system driven by a certain

excitation signal that is either a harmonic signal or a white noise signal [16]. Inspired by

such a process, we construct our speech synthesizer shown in Fig. 5.1(e). It consists of

two pathways. The voice pathway generates a voiced component by driving a harmonic

excitation with time varying fundamental frequency (i.e., pitch) f t
0 through a voice filter

consisting of N formant filters, each described by a center frequency f t
i and an amplitude

ati, i = 1, 2, ..., N . The unvoice pathway generates an unvoiced component by driving a

white noise through an unvoice filter described a center frequency f t
n, bandwidth btn and

amplitude atn (in addition to the N formant filters for the voice pathway). These two

components are adaptively combined with a time-varying mixing factor αt, controlling the

relative contribution between voiced sounds (for sonorant phonemes including vowels and

nasals) and unvoiced sounds (for voiceless plosives and fricatives such as /p/, /s/). The

voiced plosives and fricatives (such as /b/, /z/) can be generated as a combination of

voiced and unvoiced components. Finally, the combined signal is amplified by a loudness

parameter Lt. In our study, we used N = 6 formants. The synthesizer is driven by a

total of 18 time-varying speech parameters, including the fundamental (or pitch) frequency

f t
0, the mixing factor between the two pathways αt, the 12 parameters for the voice filter

(f t
i , a

t
i) and the 3 parameters for the unvoice filter f t

n, b
t
n, a

t
n, and the loudness Lt. Given

the parameter values at each time sample, the synthesizer can generate a spectrogram

sample. The spectrogram is a differentiable function of the speech parameters so that we

can back-propagate the gradient of the training loss in terms of the predicted spectrogram

to the speech parameters, which can then be backpropagated to either the speech encoder

or the ECoG decoder parameters. Specifically, let the V t(f) represent the spectrogram of

the voicing component, U t(f) that of the unvoicing component, and αt ∈ [0, 1] the mixing

factor. The combined spectrogram can be written as St(f) = αtV t(f) + (1− αt)U t(f). (1)

Finally, the synthesized speech spectrogram is S̃t(f) = Lt ◦ St(f), where Lt is the loudness

that modulates the signal cross time.
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Formant filters in the voice pathway The filter in the voice pathway consists of

multiple formant filters, corresponding to the multiple formants associated with vowels.

The formant filter shape over frequency, which is related to the resonance property of the

vocal tract, is closely related to the timbre of speakers’ voice [46]. We have found that a

predefined analytic form such as generalized Gaussian cannot cover all feasible filter shapes

. Instead, we learn a speaker-dependent prototype filter for each formant based on the

speaker’s natural speech. We represent the prototype filter (Gi(f) for the i-th formant as

a piecewise linear function, linearly interpolated from g[m],m = 1...M , the amplitudes of

the filter at M uniformly sampled frequencies up to fmax. We restrict the resulting filter

Gi(f) to be unimodal (with a single peak of value 1) by properly constraining g[m]. Given

g[m],m = 1...M , the peak frequency fproto
i and the half-power bandwidth bprotoi can be

determined. The actual formant filter at any time can be written as a shifted and scaled

version of Gi(f). Specifically, at time t, given an amplitude (ati), a center frequency (f t
i ),

and a bandwidth (bti), the i-th formant filter is given by

F t
i (f) = ati ·Gi

(
bprotoi

bti
· (f − f t

i ) + fproto
i

)
(5.1)

Then the filter for the voice pathway with N formant filters can be written as F t
h(f) =∑N

i=1 F
t
i (f). We learn the parameters g[m],m = 1...M for Gi(f) during the unsupervised

pre-training of the speech encoder, which does not require neural data. Fitting such a

prototype filter is not data-hungry even with a relatively large M . We used M = 20 in

our experiment. Although two formants (N=2) have been shown to suffice for intelligible

reconstruction [11], we use N=6 in our experiments for more accurate synthesis. We denote

the parameter set for the voice filter at time t by St = {(f t
i , a

t
i, b

t
i)|i ∈ {1, · · · , N}}. As

explained later, the bandwidth bti parameters are not independent speech parameters, rather

functions of the center frequencies f t
i .

Unvoice filter For the unvoice pathway, we add a broadband filter described by {(f t
n̂, a

t
n̂, b

t
n̂)}.

The shape of this filter F t
n̂(f) follows equation 5.1 but with the filter coefficients (αt

i, f
t
i , b

t
i)

replaced by (αt
n̂, f

t
n̂, b

t
n̂). The bandwidth is constrained to satisfy btn̂ > 2000Hz, following the
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broadband nature of obstruent phonemes. We also keep the multiple formant filters in the

voice filter described by S⊔. This is motivated by the fact that human beings differentiate

consonants with similar sounds such as /p/ and /d/, not only by the immediate burst of

these sounds, but also the development of the following formant frequency until the next

vowel [49]. To encode such formant transitions, we use the same formant filter parameters

for modeling the narrow passbands in both the voiced component and the unvoiced compo-

nent. The parameter set for the unvoiced component is thus T ⊔ = S⊔ ∪ {(f t
n̂, a

t
n̂, b

t
n̂)}. The

overall filter for the unvoice pathway is: F t
n(f) = F t

n̂(f) +
∑N

i=1 F
t
i (f).

To further reduce the dimension of the parameter space, we model the bandwidth bti of

a formant filter as a piecewise linear function of the center frequency f t
i , inspired by the

statistics reported in the literature [36]. Specifically, we assume

bti =


a(f t

i − fθ) + b0, if f t
i > fθ

b0, otherwise

where threshold frequency fθ, slope a and baseline bandwidth b0, are three parameters

that can be learnt during unsupervised pre-training, shared among all formant filters.

Harmonic excitation In the voice pathway, the voice filter is applied on the harmonic

excitation. This pathway models the human production of vowels and nasals, which results

from the voice excited by the vocal cord shaped by the vocal tract. The excitation is

constructed by sinusoidal harmonic oscillations with a time varying fundamental frequency

f t
0. Inspired by the formulation in [19], we define the harmonic excitation ht as: ht =∑K
k=1 h

t
k, where K is the total number of harmonics ( K=80 in our experiment). Assuming

the initial phase is 0, each harmonic resonance htk at time step t has an instant phase that

is the accumulation of resonance frequency in the past. Specifically, the k-th resonance at

time step t is htk = sin(2π
∑t

τ=0 f
(τ)
k ), where f

(t)
k = kf

(t)
0 . Denoting the spectrogram of ht

as Ht(f), the spectrogram of the voice component is the multiplication of Ht(f) and the

voice filter, i.e., V t(f) = Ht(f) ◦ F t
h(f).
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Noise excitation The unvoice pathway models consonants like plosives and fricatives,

where the vocal tract and human mouth filter the airflow through the mouth. It follows

a similar process as in the harmonic counterpart. The major difference is that the exci-

tation being filtered becomes stationary white Gaussian distributed noise n̂(t) ∼ N (0, 1),

with a corresponding spectrogram N t(f). The filtered noise spectrogram (i.e., the unvoice

component) is U t(f) = N t(f) ◦ F t
n(f).

5.1.2 ECoG decoder and speech encoder

The ECoG decoder is constructed by a three-dimensional ResNet that treats time-

varying signals on an ECoG grid array as spatiotemporal three-dimensional tensors (width

× height × time). As is depicted in Fig. 5.1c, after an initial temporal convolutional layer

(with 128 feature map filters and kernel size of 1× 1× 9(72ms)), the signal passes through

eight residual blocks. Each block contains two three-dimensional convolutional layers (with

128 feature map filters, each has kernel size of 3× 3× 5(50ms)). The output of the residual

blocks creates a shared latent representation consisting of 128 feature maps (each is a one-

dimensional temporal signal by average pooling the two spatial dimensions), which is then

fed into different output heads (each applies one-dimensional convolution with temporal

kernel size of 1) to generate speech parameters. The overall temporal receptive field for

generating one speech parameter is 73 temporal samples of 584 ms.

The speech encoder network architecture we choose is as simple as possible to demon-

strate the effectiveness of the speech synthesizer design. In the experiment, we use three

layers of temporal convolution (we treat the frequency axis of the spectrogram as the fea-

ture dimension) to generate a latent representation (Fig. 5.1d). Each convolutional layer

has 128 feature maps and temporal kernel size of 3 frames (24ms). To output the speech

parameter, we apply the same multi-head structure to the latent representation as in the

last layer of the ECoG decoder.
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5.2 Loss and training hyper-parameters

The speech encoder is trained with a weighted average of the mixed spectral loss and

the parameter loss. The mixed spectral loss [19] is defined as:

LMSS(S̃
t(f), St(f)) = Llin(S̃

t(f), St(f)) + Lmel(S̃
t(f), St(f)),

in which,

Llin(x, y) = ∥x− y∥1 + ∥logx− logy∥1

Lmel(x, y) = ∥xmel − ymel∥1 + ∥logxmel − logymel∥1

where St(f) and S̃t(f) denote the ground truth and reconstructed spectrograms, respec-

tively, subscript lin means that the frequency is in the linear scale while the subscript mel

means the frequency is in the mel scale.

Let’s denote the j-th reconstructed speech parameter as P̃ t
j and it reference P t

j , the

overall training loss for the ECoG decoder becomes:

L = Lspectrogram + Lspeechparameters

= λ0LMSS(S̃
t(f), St(f)) +

∑
j

λj(
∥∥∥P̃ t

j − P t
j

∥∥∥
2
)

where λj balance the contribution from different loss terms since they have different

physical meanings and scales.

Both the speech encoder and ECoG decoder are fitted by Adam optimizer with hyper-

parameters: lr = 10−3, β1 = 0.9, β2 = 0.999. We train an individual ECoG decoder and

speech encoder per patient. The pre-training of the speech encoder and the training of

the ECoG decoder share the same training/testing set partition. During the training, we

augment the data by randomly selecting a one second segment from the production period

of each trial and repeating this multiple times. The segment is cropped so that it contains
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the entire vocalized word.

5.3 Produced speech decoding performance

We first demonstrate that our approach produces accurate speech decoding with de-

tailed acoustic features. The model’s decoded spectrogram preserves the spectro-temporal

structure of the original speech and reconstructs both vowels, consonants (Fig. 5.2a) as well

as the overall spectral energy distribution. These acoustic details result in a reconstruction

which preserves the speakers’ timbre and leads to naturalistic voice decoding. Our model’s

speech parameters which include loudness, formant frequency and the mixing parameter

(i.e., voiced or unvoiced) are decoded accurately with correct temporal alignment of each

word onset and offset (Fig. 5.2b, c). The overall accuracy of the fundamental frequency (i.e.,

pitch) and the first two modeled formants (i.e., F1-F2), together with other parameters,

are a major driving force for accurate speech decoding as well as naturalistic reconstruction

which mimics the patient’s voice.

In order to evaluate the performance and quality of speech we use several objective met-

rics, including the correlation coefficient (CC) between the decoded spectrogram and actual

produced speech [3,4,38], an objective measure for speech intelligibility, Short Time Objec-

tive Intelligibility (STOI) [4,73], and a measure of spectral distortion, mel-cepstral distortion

(MCD) [5, 53]. Across all participants and metrics our neural decoding results performed

much above chance (Fig. 5.2d in grey; estimated using shuffled data) and approached an up-

per bound of performance based on the unsupervised auto-encoder (i.e., speech-to-speech)

which does not use neural data. The performance range across metrics and our participants

are equal and often better than the current literature [3–5, 38]. Critically, all these models

represent the non-causal case (Fig. 5.2d) which uses data both from the past (feedforward)

and the future (feedback), which is currently a common practice [2–5,55] with the exception

of a nominal few [38].

In order to directly assess the performance of the causal (predicting using only the past)

and anti-causal (predicting using the future feedback) models and compare them with the

non-causal (using past and future) model, which is standard in the field, we trained three
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separate models varying the temporal convolution direction. Our results (Fig. 5.2e) show

a slight decrease in performance with the causal model, however it performs close to the

other models while providing a more accurate and constraint interpretation because it is

causal and only uses past signals to predict the future speech. This is encouraging, as it

suggests that, with additional improvement in the decoder design and training, it is possible

to design practically applicable neuroprosthetic speech synthesizers. Also, comparable per-

formance between causal, anticausal, and noncausal approaches indicates a similar amount

of information contained by feedforward and feedback signals, and that both causal and

anticausal models are accurate for fair feedforward-feedback analysis.
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Figure 5.2: Comparison of original and decoded speech produced by the model. (a) Spectrograms

of decoded (left) and original (right) speech exemplar words. (b) Decoded loudness parameter with

the voiced (mostly vowel) or unvoiced (mostly consonant) mixing parameter color coded over the

loudness curves. (c) Frequencies of the first two formants (F1, F2) and the pitch (F0). The matching

between decoded (dashed) curves and reference (solid) curves in both averaged frequencies during

each phoneme as well as the overall temporal dynamic leads to intelligible and naturalistic decoding

of voiced sounds. (d) Evaluation of the decoded speech quality in objective metrics. The correlation

coefficient of spectrogram (CC, left), short-time objective intelligibility (STOI, middle), and Mel

cepstral distortion (MCD, right) are used for the evaluation. Note that lower MCD values represent

better performance. Both the reconstructed speech from the speech auto-encoder (yellow boxes) and

the speech decoded by the ECoG decoder (green boxes) are reported. Besides, the performance of

a model trained on a shuffled dataset (trained by matching the decoded spectrogram from a neural

signal in a given duration to randomly selected segments of spectrograms during the entire recording

session) is also reported as a control. (e) Comparison of CC metric among noncausal (green), causal

(blue), and anticausal (red) models. Compared to the shuffled model (the same shuffled model as

in Fig. 5.2d), the close performance among noncausal, causal, and anticausal models demonstrates

adequate information for decoding speech in both feedforward and feedback signals during speech

production.
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5.4 Perceived speech decoding performance

Besides decoding produced speech, we also investigated decoding speech stimuli with

the same speech synthesizer and framework following the aforementioned network design.

The network decodes ECoG signal during perception period to generate perceived stimuli.

Figure 5.3 reports the decoded samples. The spectro-temporal structure of the original

speech are well preserved by the model and both vowels and consonants are reconstructed

(Fig. 5.3a). The speech parameters are decoded accurately (Fig. 5.3b, c). The correlation

coefficient reported in Fig. 5.3e (purple boxes) demonstrate high performance of the de-

coded stimuli in objective metrics. This result shows that our proposed speech synthesizer

is capable of decode both produced and perceived speech. Participants 4 and 5 have dam-

aged STG. The average CC among the first three participants are 0.88 (perception) and

0.84 (production). And the fact that accuracy of decoded speech for perception is higher

than production further supports that decoding produced speech is a more difficult task

than decoding perceived speech. Comparing to the results yielded by trans-GAN approach

introduced in Chapter 3 where decoding achieves 0.72 (perception) average CC and 0.59

(production) average CC, on the same dataset, the method proposed in this chapter has

a significant improved performance with 0.88 (perception) and 0.84 (production) average

CC, respectively. Since participants 4 and 5 have damage to the STG, we exclude them for

average CC computation.
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Figure 5.3: Comparison of original and decoded speech produced by the model for stimulus

decoding. (a) Spectrograms of decoded (left) and original (right) speech exemplar words.

(b) Decoded loudness parameter with the voiced (mostly vowel) or unvoiced (mostly con-

sonant) mixing parameter color coded over the loudness curves. (c) Frequencies of the

first two formants (F1, F2) and the pitch (F0). The matching between decoded (dashed)

curves and reference (solid) curves in both averaged frequencies during each phoneme as

well as the overall temporal dynamic leads to intelligible and naturalistic decoding of voiced

sounds. (d) Evaluation of the decoded speech quality in objective metrics. The correlation

coefficient of spectrogram (CC). The speech decoded by the ECoG decoder (purple boxes)

are reported. Besides, the performance of a model trained on a shuffled dataset (magenta

boxes, trained by matching the decoded spectrogram from a neural signal in a given dura-

tion to randomly selected segments of spectrograms during the entire perception period) is

also reported as a control.

5.5 Discussion

Recently, a growing number of studies have leveraged deep neural networks for cortical

speech decoding. Both convolutional neural networks (CNN) [2,4,78,79]and recurrent neu-
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ral networks (RNN) [5] have been employed to map ECoG signals into speech as well as

text [55]. However, our approach greatly diverges from these studies. Firstly, we develop

a novel differentiable speech synthesizer that can generate natural speech from a compact

set of interpretable speech parameters based on several signal processing equations. This

rule-based synthesizer allows for unsupervised pre-training of meaningful encoded represen-

tations (reference speech parameters), as well as reduces the capacity of the entire model

and increases training data efficiency. Our approach provides a direct mapping to a patient’s

voice and eliminates the need for labeled articulatory data that maps speech to articula-

tory dynamics as proposed by Anumanchcipalli et al. [5]. Also, we demonstrate that our

proposed model is capable of decoding both produced and perceived speech. Secondly,

our compact speech representation leverages an interpretable decomposition of speech into

voiced and unvoiced components. This decomposition is biologically necessary, has been

reported in neural representations across frontal and temporal cortices [12, 45] and stands

in contrast to other traditional speech synthesizing approaches [21, 22] . Lastly, the speech

neural decoding models to date mostly employ non-causal operations. Since such decoders

require both past and future information for decoding, they are not applicable for real time

speech prosthetic application. Furthermore, these mixed operations hinder disentangling

feedforward and feedback cortical contributions. In addition to providing a causal model

which directly translates to practical speech prosthetics, our approach provides one of the

first reports which can dissociate feedforward and feedback cortical contributions during

speech production (see Chapter 6).
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PART II

Interpreting Speech Cortical Networks



Chapter 6

Feedforward-Feedback Contribution Anal-

ysis for Speech Decoding Models

6.1 Background

The human neocortex is anatomically divided by the central sulcus which separates the

frontal lobe from the posterior temporal parietal and occipital cortices [50]. Traditionally,

this separation has been viewed as a functional division wherein high order planning and

feedforward motor execution lies in the frontal cortices in contrast to sensory and reaffer-

ent feedback processing across posterior cortices for the various sensory modalities (e.g.,

auditory, visual, somatosensory, etc.) [27]. High order capacities such as working memory,

cognitive control and decision making are often viewed as initiated by frontal cortices with

direct influence on sensory cortices [29,57,72].

Cardinal among human high order functions is the ability to plan and execute complex

speech sequences which carry semantic and linguistic meaning [11, 43]. Speech production

is one of the most complex of human motor behaviors which requires precise coordination

of a multitude of muscles in the mouth, larynx and respiratory systems [70]. These finely

tuned motor actions then produce reafferent self-produced feedback in the auditory, tactile

and proprioceptive domains. The dynamic interaction between feedforward commands and

the re-afferent sensory feedback is a hallmark of sensory motor systems across the animal

kingdom [15]. Prevailing models in speech motor control propose a feedforward system with

46
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causal prediction of actions and a feedback system processing the reafferent feedback and any

changes in the predicted input [34,35,40–42,44]. Despite implementational differences across

these models there is a consensus that the causal feedforward system is mainly supported by

frontal cortices, while posterior cortices support anticausal feedback processing. However,

these models do not specify the timing of recruitment for causal and anticausal processing

nor do they agree on the exact set of regions supporting each function.

A growing body of literature has leveraged unique human neurosurgical electrocorticogr-

pahic (ECoG) recordings in order to obtain a combined spatial and temporal resolution

critical for investigating speech production. Studies have detailed the organization and dy-

namics by which speech is planned [26] and executed [9, 12] in frontal cortices as well as

the auditory feedback architecture in temporal cortices [10,24,31,32]. Furthermore, the un-

precedented signal to noise ratio offered by human neurosurgical recordings has ushered deep

neural network approaches to accurately decode speech represented in auditory [2,4,78,79]

and sensorimotor [5] cortices. Despite these impressive leaps forward, approaches to date

have not been able to disentangle feedforward and feedback contributions to speech as the

causal control signals and anti-causal responses co-occur.

We directly address this issue by interpreting the produced speech decoding model

that we proposed in Chapter 5. By learning neural network architectures which apply

either casual, anticausal (or both) spatial-temporal convolutions we are able to analyze

the overall feedforward and feedback contributions, respectively, as well as elucidate the

temporal receptive fields of recruited cortical regions. Our analyses reveal a surprisingly

mixed architecture of causal and anticausal processing across cortex while achieving speech

decoding performance on-par or better than previously reported.

6.2 Method

6.2.1 Revealing delay-dependent contribution of different cortical regions

from the trained ECoG to speech model

As described in the background, the main objective of this study is to learn the contribu-

tion of different cortical regions to speech production from the developed ECoG to speech



48

decoding model. We accomplish this by examining how the input signal at a particular

electrode (the entire signal or the signal at a certain delay relative to the produced speech)

affects the accuracy of the model prediction. There are two major approaches for this pur-

pose: gradient approaches and occlusion approaches [54, 66, 71]. The gradient approaches

calculate the gradient of the network output with respect to the input. Visualization re-

sults in computer vision studies have shown that such gradients can be noisy at the pixel

level [71]. Although extensive research has been conducted to improve the robustness of

gradient-based sensitivity analysis, our experiments using such gradient approaches have

shown that they do not produce reliable results for the spatially sparse ECoG data. The

occlusion approaches investigate the changes in the network output when certain input sig-

nals or part of the signals are occluded (set to 0 or appropriate baseline). In our analysis, we

use the average value of the ECoG signal during the silent period as the baseline. We have

found that this approach produces more reliable contribution analysis. The problem with

using the occlusion approach for computer vision applications is the heavy computational

complexity, since there are typically millions of pixels in an image. This is computationally

feasible for our study, given the relatively small number of electrodes. For these reasons, we

adopt the occlusion approach for visualizing the contribution of different cortical regions.

Furthermore, we use the changes in the accuracy of the decoded spectrogram (measured in

terms of the correlation with the ground truth spectrogram) rather than the decoded spec-

trogram itself, to define the contribution. Before formally defining the various contribution

scores, we introduce the following notations: Aref [s]: the reference spectrogram or speech

parameter over a time duration S centered at time s, i.e., from s− S/2 to s+ S/2, derived

by the speech-to-speech autoencoder. Aintact[s]: the model output with “intact” input (i.e,

all ECoG signals are used). Ai
occlude[s|t]: the model output at time duration centered at s

when the ith ECoG electrode signal in the time duration centered at t from t− T
2 to t+ T

2

is occluded r(·, ·): correlation coefficient between two signals. We define the contribution

of ith electrode in time duration t (which indicates a duration from t − T/2 to t + T/2

for a given temporal scope of T) to the output over duration s (which indicates a duration

from s− S/2 to s+S/2 for a given temporal scope of S) by the reduction in the correlation

coefficient between the output signal with the reference signal over the duration s when the
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ith electrode signal in duration t is occluded. Specifically:

Ci[s, t] = Mean{(Aref [s],Aintact[s])− r(Aref [s],A
i
occlude[s|t])}

where Mean{·} denotes averaging across all testing samples.

Visualizing spatial contribution map

The contribution of the entire ith-electrode signal to the entire output signal, Ci, can

be determined by setting S and T to cover the entire input and output signal duration.

The causal and anti-causal contribution plots in Fig. 6.1 were generated by applying such

analysis to the learned anticausal model (Fig 6.1b) and causal model (Fig 3c), respectively.

The contrast of the anticausal and causal contribution (Fig 6.1e) for electrode i is the

difference between the causal and anticausal contribution. And the noise level contribution

analysis (Fig 6.1d) is generated from the shuffled model with the non-causal model (the

shuffled model is trained on an artificial dataset with temporal misaligned input-output,

models of different causality are equivalent). To generate per region feedback-feedforward

barplot (Fig 6.1f), we calculate the contrast contributions averaged over electrodes of the

same within-subject anatomical labels corresponding to each region.

Visualizing spatial-temporal contribution receptive field

When evaluating the contribution over a finite duration we use small temporal scope

S = T = 64ms. To Evaluate the contribution of an electrode signal to the output with

various delay, denoted by τ , we average Ci[s, s+ τ ] for all s in a certain duration leading to

C̃i(τ) =
1

s1 − s0

s1∑
s=s0

Ci[s, s+ τ ]

Here we assume the effect of delay is independent of actual output time s. When τ ≤ 0,

C̃i
causal(τ) = C̃i(τ)|τ≤=0 reveals the causal contribution of electrode i to the output (Fig

6.1 a,b). To investigate pre-production contribution, we restrict s+ τ and s to be no later

than the onset of production (vise-versa for during-production analysis). When τ ≥ 0 the
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C̃i
anticausal(τ) = C̃i(τ)|τ≥=0 reveals the anticausal contribution (Fig 6.1c).

Visualizing per region temporal contribution receptive field

Similar to the per region plot in Fig 6.1f, to generate a contribution temporal curve for

each region (Fig 6.3), we average the spatial-temporal receptive field data (Fig 6.2) over to

the same within-subject anatomical region labels. As a reference to the noise level, we also

generate the curve for the shuffled model (grey curves in Fig 6.3). We omit those curves

that are not significantly above noise level by Wilcoxon sign rank testing between averaged

(over time) region contribution curves and the averaged (over time) noise level curve. The

contrast of the anticausal and causal contribution of electrode i is defined as

C̃i
contrast = C̃i

anticausal − C̃i
causal

6.3 Result

6.3.1 Feedforward and feedback cortical contributions to speech produc-

tion

To elucidate the feedforward and feedback contribution of different cortical regions to

speech production, we examined the relative contribution of each electrode to decoding

speech in our models. We derived the relative contribution by quantifying how the input

signal at a particular electrode affects the overall accuracy (measured by the CC) of the

reconstructed speech in the causal and anticausal models, respectively. In both the causal

and anticausal models, peri-sylvian electrodes were important for speech decoding; how-

ever, there was a surprising recruitment of frontal regions when decoding speech based on

the feedback (anticausal model, Figure 6.1b) as well as recruitment of temporal sites when

decoding speech based on the feedforward signals (causal model, Figure 6.1c). We only

show significant contributions that are above a threshold derived from the shuffled model

(depicted in Figure 6.1d). In order to quantify the prevalence of feedforward or feedback

processing, we directly contrasted the two and projected the results onto the cortex (Figure

6.1e). To ascertain regions that contribute significantly more to feedback or feedforward
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processing, we conducted a region of interest analysis, based on within-subject anatomi-

cal labels of each electrode, testing for an increase in causal or anticausal contributions

across trials (non-parametric paired Wilcoxon test; Figure 6.1f). We found a surprisingly

mixed distribution of causal and anticausal contributions within both temporal and frontal

cortices. A majority of temporal cortex were predominantly anticausal, including caudal

superior temporal gyrus (STG; Wilcoxon sign rank, P=1.607E-15, Z=9.6234) and portions

of middle temporal gyrus (MTG; rostral MTG: Wilcoxon sign rank test P=2.5108E-04,

Z=4.9359, and middle MTG: Wilcoxon sign rank test P=1.5257E-13, Z=9.0185) as well

as supramarginal cortex (Wilcoxon sign rank test P=1.1144E-04, Z=5.3919), implicating

it in processing the auditory feedback signals for speech production. However, there was

also a significant causal contribution in rostral STG (Wilcoxon sign rank test P=0.0332,

Z=-2.9628). Similarly, the majority of sensorimotor cortex was predominantly casual, impli-

cating it in processing the motor speech commands including ventral precentral (Wilcoxon

sign rank, P=4.9511E-08, Z=-7.1409) and postcentral gyri (Wilcoxon sign rank, P=6.419E-

04, Z=-4.9612). However, the dorsal division of precentral gyrus was equally causal and

anticausal (Wilcoxon sign rank, P=0.4349, Z=0.6525), implicating it in processing both

feedforward and feedback information equally. Within the inferior frontal cortex, we found

a striking division of function wherein pars opercularis was significantly causal (Wilcoxon

sign rank test, P=8.0693E-15, Z=-9.6185) while pars triangularis was significantly anti-

causal (Wilcoxon sign rank test, P=2.6715E-06, Z=6.3518). Overall, these findings provide

evidence for a mixed feedforward and feedback processing of speech commands and their

reafference across temporal and frontal cortices, in contrast to a dichotomous view.

6.3.2 Temporal dynamics and receptive fields of speech production

Speech production includes articulatory planning and executing the motor commands,

processes that recruit distinct regions of frontal cortex [26]. However, their exact temporal

receptive fields remain poorly understood. Earlier, we examined the causal and anticausal

cortical contributions during speech articulation. Next, we examine articulatory planning

and articulation of speech production stages and derive the related temporal receptive fields

across the cortex. We leverage the receptive fields to test how cortical regions contribute
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Figure 6.1: (a) averaged signal of input ECoG projected on the standardized MNI anatom-
ical map. The colors reflect the percentage change of high gamma compared to the baseline
level during the pre-stimulus baseline period. (b) shows the anticausal contribution of dif-
ferent cortical locations (red indicates higher contribution), while (c) illustrates the causal
contribution. (d) noise level of the contribution analysis evaluated by the contributions from
the shuffled model. Contributions below noise level are not shown in (b) and (c). (e) the
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differently to speech decoding with time and how frontal cortex dynamics change when feed-

back is introduced (after articulation starts). Both feedforward and feedback information

is processed in tandem.

We employed a similar occlusion approach to derive the temporal receptive fields as

in the previous section. However, we quantified how the input signal at a particular elec-

trode affects the accuracy of the reconstructed speech across varying delays. This approach

allowed us to quantify the contribution of a specific electrode in the model as a function

of delay relative to speech decoding, similarly to classical temporal receptive fields (i.e.,

TRF). We conducted this analysis for both causal and anticausal models during two epochs

– one prior to production (-512ms ∼ 0 ms; Figure 6.2a) and the other during production,

which included both causal and anticausal components (0ms ∼ 512ms; Figure 6.2b, c).

The projection of all the temporal receptive fields onto the cortex, which were significantly

above a threshold derived from the shuffled model, are plotted in Figure 6.2 as a function

of delay. We found an increased frontal and MTG contribution prior to production (Figure

6.2a) compared with during production (Figure 6.2b). These processes are likely related to

articulatory planning and lexical retrieval prior to speech production. During production,

there was a prominent sharpening of ventral precentral gyrus receptive fields marked by a

significant increase in contribution compared with pre-production (Wilcoxon sign rank test,

P=8.3979E-05, Z=5.4203). While a majority of prefrontal regions engaged prior to produc-

tion, there was a significant decrease in contribution across pars triangularis (Wilcoxon sign

rank test, P=1.8493E-32, Z=-13.6074), middle frontal gyri (MFG; Wilcoxon sign rank test,

P=3.9177E-09, Z=-7.6103 for caudal and P=4.1581E-04, Z=-4.8311 for rostral) except for

pars opercularis (Wilcoxon sing rank test, P=0.4819, Z=0.2066). Similarly, to our previ-

ous results (Figure 6.1e,f), during production, we found a significant increase in anticausal

contribution for caudal STG (Wilcoxon sign rank test, P=2.6789E-17, Z=9.6711), pars

triangularis (Wilcoxon sign rank test, P=0.0162, Z=3.9003) and caudal MFG (Wilcoxon

sign rank test, P=0.0045, Z=3.9862) compared with causal contributions. This confirms

the anatomical-functional division of the inferior and middle frontal gyri as well as cau-

dal (Wilcoxon sign rank test, P = 2.6789E-17, Z = 9.6711) and rostral separation of STG

(Wilcoxon sign rank test, p= 0.0343, Z= -2.9457).
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Figure 6.2: Spatial-temporal receptive fields based on decoding contribution. The contri-
bution to decoding the current speech from cortical neural responses with certain temporal
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Next, we conducted a region of interest analysis, based on within-subject anatomical

labels of each electrode, in order to derive the temporal receptive curves per region (Figure

6.3). This approach provides critical insight as to the temporal tuning and peak recruitment

of various regions to feedforward processing prior to (Figure 6.3a) and during production

(Figure 6.3b) as well as feedback processing (Figure 6.3c). We found a shift in receptive

field tuning for the two subdivisions of precentral gyrus. Prior to production, dorsal and

ventral precentral gyri were not significantly different from each other (Wilcoxon sign rank

test, P=0.454, Z=-0.36103), and had close peak times (-196ms, -192ms prior to speech for

ventral and dorsal precentral gyri, respectively). However, during production, these dy-

namics shifted and we found a significant decrease in dorsal precentral causal contribution

(Wilcoxon sign rank test, P=4.7575E-05, Z=-5.6272) accompanied by a temporal separa-

tion of peaks (-208ms, -184ms for ventral and dorsal precentral gyri, respectively; Figure

6.3a,b). Within the inferior frontal gyrus, we found pars opercularis was recruited simi-

larly both prior to production and during production for feedforward processing (Wilcoxon

sign rank test, P=0.5922, Z=1.7462) at a peak delay of -248ms and -280ms, respectively.

During production, pars triangularis had a selective increase in recruitment for anticausal
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compared with causal contributions (Wilcoxon sign rank test, P=0.0162, Z=3.9003), im-

plicating it in increased feedback processing (Figure 6.2c). The anticausal receptive fields

during production provide evidence for feedback processing most strongly contributed by

caudal STG, with the earliest peak in contributions seen in dorsal precentral gyrus (144 ms)

and caudal STG (168 ms) followed by parietal (supramarginal 184ms, postcentral 192ms)

and ventral precentral (280 ms) gyri. These findings suggest a preferential recruitment of

prefrontal cortices in feedforward processing prior to production followed by a shift in dy-

namics during production when feedforward and feedback signals are jointly processed with

anatomical divisions of labor.

6.3.3 Contribution analysis for speech parameters

To evaluate the contribution of brain activities to decoded speech with a finer scope, we

investigate the contribution map for the speech parameters that are important to decoding

accurate speeches. We report contribution maps for loudness, f0 , f1 , and f2 . We observe

a similar trend as in the overall spectrogram contribution analysis, where most perisylvian

cortices process both feedback (Figure 6.4a) and feedforward (Figure 6.4b) signals for most

reported components.

6.4 Comparing feedback cortical contribution between speech

perception and production

To evaluate the function of feedback contribution, we compare contribution of feedback

production and contribution during perception periods. From Figure 6.5 (a) and (b), we ob-

serve that in both perception and production periods, the contribution map involve frontal,

central and temporal gyri. The difference between perception and production Figure 6.5

(c) shows that most covered cortices, especially STG are recruited more during perception

than production. On the other hand, although speech-motor cortex is recruited for process-

ing feedback signal during both listening and speaking, it contributes more during speech

production.

We also investigate the influence of varying tasks on the contribution during perception
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Figure 6.3: The temporal receptive field across anatomical regions. The contribution to
decoding the current speech from cortical neural responses with certain temporal delays.
(a) and (b) are the feedforward temporal receptive fields derived from the causal model by
evaluating the contribution of past (negative delays) neural signals during a period before
production onset (a) and after onset (b). (c) represents the feedback temporal receptive
fields derived from the anticausal models that evaluate the contribution of future (positive
delays) neural signals during feedback after articulation. The temporal propagation of the
shuffled model estimates the noise level dynamics (grey curves in plots). Only regions sig-
nificantly above noise level (Wilcoxon sign rank test on across-time averaged data, P<0.05)
are reported.
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Figure 6.6: Comparison of cortical contribution between different speech tasks during per-
ception period. Contribution map for (a) passive listening task, (b) imaginary speaking
task, and (c) active speaking task. The contrast contribution map (d) between imaginary
speaking and passive listening tasks, (e) between active speaking and passive listening task,
and (f) between active speaking and imaginary listening tasks.

period. We designed three different tasks to complement auditory repetition. They are pas-

sive listening (the patients are not required to respond after listening to the speech stimuli),

imaginary speaking (the patients are asked to repeat the listened word imaginarily without

actual articulation), and active speaking (the patients are asked to repeat the listened word

with actual articulation) tasks. We observe that, even though patients were listening to

the same stimuli, STG and speech-motor cortex recruitment are different depending on the

tasks (Figure 6.6 (a)-(c)). Both active and imaginary tasks recruit STG and speech-motor

cortex more than passive task (Figure 6.6 (d) and (e)), and the active task has more STG

contribution than imaginary task(Figure 6.6 (f)).

6.5 Discussion

Our study leverages a novel deep learning approach together with neurosurgical record-

ings and, to our knowledge, is the first to dissociate direct feedforward and feedback cor-

tical contributions during speech production. Our neural network architecture achieves
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state-of-the-art decoding of speech production, by tapping an interpretable compact speech

representation and can be altered to focus on causal, anticausal and non-causal decoding.

Our analyses of the cortical contributions driving the performance of these models reveal a

mixed distribution of feedforward and feedback processing during speech production. This

was prominent in inferior, middle frontal, and superior temporal gyri which exhibited an

anatomical division between feedforward and feedback processing. Lastly, we show a change

in the temporal dynamics of frontal recruitment during speech planning through produc-

tion, characterized by a shift of inferior frontal and precentral gyri recruitment, processing

both feedforward and feedback information at different time points and spatial locations.

During speech production, we process feedforward and feedback signals in tandem. It

was previously impossible to disentangle the two. Attempts have focused on experimental

manipulations which change the feedback by shifting frequency [10] or time [60]. However,

these manipulations change the cortical dynamics and introduce other cognitive processes

due to hearing one’s own voice altered as well as induced motor compensation. We applied

convolution filters with different causality to directly train models to disentangle feedforward

(i.e., causal models) and feedback (i.e., anticausal models) contributions of cortical regions.

Feedforward and feedback processes are critical for driving articulatory vocal tract move-

ment. The feedforward pathway generates an initial articulatory command and predicts

sensory (auditory and somatosensory) targets; the feedback pathway compares the targets

with the perceived sensory feedback and updates subsequent feedforward commands. The

exact mapping between anatomical regions and their contribution to specific functional

roles differ across speech motor control models ( [35], [44]). Further, these findings have

been developed based mostly on non-invasive studies which have low temporal (e.g., fMRI)

or spatial resolution (e.g., M/EEG). Our high spatio-temporal resolution ECoG data to-

gether with advanced deep neural networks provides a fine-grained mapping of the cortical

feedforward and feedback speech networks.

Consistent with the predominant speech motor control models, our results showed a

dominant feedforward process in the ventral motor and pars opercularis of the inferior frontal

gyrus, while posterior superior temporal and supramarginal gyri in the parietal lobe showed

feedback. However, in contrast to these models, we found that cortices in the frontal lobe,
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including pars triangularis and caudal middle frontal, are predominantly feedback in nature,

while rostral STG appears feedforward. This feedback processing across frontal cortices

became even stronger when we limited our analyses to the speech production epoch (Figure

6.2c). Additionally, most gyri (inferior frontal, caudal middle frontal, superior temporal,

precentral, and postcentral cortices) had both feedforward and feedback contributions above

the noise level derived from the shuffled model, suggesting the feedforward and feedback

processing can mix in these regions.

Our results highlight the anticausal feedback signature exhibited by sensorimotor and

frontal cortices. While this goes against the canonical model of the frontal cortex in an

action-perception loop [28], our findings complement a growing body of evidence showing

specific responses in the frontal cortex to auditory stimuli during perception. Cheung et

al. [13] found distinct auditory receptive fields as well as robust passive listening responses in

ventral precentral gyrus. Similarly, the dorsal division of precentral gyrus has recently been

implicated in processing auditory feedback of altered speech as well as responding robustly

during passive listening [60]. However, this begs the question as to why the speech motor

cortex is processing auditory information. Our feedback contribution analysis suggests that

the auditory processing is specifically leveraged for anticausal processing of the reafferent

signals during production. Indeed, our results show that dorsal precentral gyrus decreases

feedforward processing while engaged in actual speech production (Figure 6.3b) and is

recruited for feedback at an early time point together with temporal cortices (Figure 6.3c).

Under this view, the auditory frontal responses seen during passive listening may constitute

a representation dedicated to feedback processing when speech is produced.

To summarize, we provided a new approach to decode speech production and interro-

gate the recalcitrant problem of mixed feedforward and feedback processing during speech

production. We were able to leverage feedforward processing only in causal models to drive

neural speech prosthetics (as opposed to the literature using non-causal processing [2–5,55])

as well as provide insights into the underpinning cortical drivers. Our results suggest a mixed

cortical architecture in frontal and temporal cortices that dynamically shifts and processes

both feedforward and feedback signals across the cortex in contrast to previous views asso-

ciating feedforward or feedback processing of speech with primarily anterior and posterior
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cortices, respectively.



Chapter 7

Attention Mask Reflects Speech Cortical

Network Dynamics during Perception-Production

Task

7.1 Attention Mask Visualization

In Chapter 3, we introduced a convolutional residual ECoG decoder structure 3.4. In-

side, we designed a bypass convolution layer that generates a dynamic mask from the

backbone features and applied back to attenuate backbone features. These attention masks

help the network to focus on electrodes with useful information at each time step. Addi-

tionally, it provides a way to visualize the brain signal dynamics of different cortical areas

at different times. Ideally, as the brain state changes over time, the attention mask also

alters its attenuation pattern to emphasize more important electrodes per time step. As

an example, we visualize the dynamics of the mask for one subject of HB. The hybrid grid

provides both satisfying resolution on STG area and large span over other perisylvian cor-

tical areas related to language. Fig. 7.1 shows the averaged evolution of the attention mask

for all the test samples.
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Figure 7.1: The averaged evolution of the attention mask during active listening task. The
color in each electrode indicates the value of the attention mask, following the color bar.
The white square shows the 8×8 grid used in the experiment. Similar dynamic is also
observed in the other HB subject.

7.2 Attention Mask Reflect Perception-Production Cortical

Dynamic

By observing the attention mask as in Fig. 7.1, we notice that STG, Broca’s area and

motor cortices are attended sequentially. Accessory auditory cortex in the STG is consis-

tently attended during the perception period. Another observation is that the attention

in Broca’s area increases shortly after auditory cortex is initially activated. This suggests

that Broca’s area is active during speech perception and is likely involved in sequencing

articulatory information prior to speech articulation [26]. Moreover, motor cortex is active

during the stimuli perception and prior to speech production. Similar phenomenon has

been observed during active listening task in the literature [13]. In order to confirm that

the observation on motor area activation is related to perception rather than early articu-

latory preparation, further study is required. The fact that the attention mask generated

by the learnt network matches with recent findings in the neuroscientific literature [13, 26]

of cortical dynamics is reassuring. It also suggests that such a deep learning architecture

with an embedded attention mask can potentially help elucidate the functions of cortical

regions during different cognitive tasks.



Chapter 8

Impulse Response of Deep Speech Stimuli

Decoding Network Reflects Phoneme Se-

lectivity of STG

8.1 Impulse Response of a Deep Neural Network

Previous studies on pSTG cortex have shown selectivity to phonetic features for vowels

and consonants [56, 61]. We were interested in evaluating whether our decoding approach

also revealed similar phoneme selectivity for certain electrodes. We achieved this by inves-

tigating the “impulse response” of each electrode input for the stimuli decoding model we

build in Chapter 2 . The impulse response for a given electrode can be considered as the

stimuli speech (with its corresponding spectrogram with a certain temporal and spectral

span) that causes a short-term response in the cortex area observed by this electrode. We

generated an impulse signal for each of the 64 electrode channels. The impulse is gener-

ated between 500ms-600ms among the overall 1000ms duration. The impulse value is set

to be the highest signal value of ECoG in our dataset. The rest of the temporal samples

and electrodes are set to be zero. To generate the impulse response for a fitted model for

each electrode, we drive the fitted model with the impulse input and obtain the decoded

spectrogram for each electrode.
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Electrode No. 7 8 50 54 55

Perceived phoneme /u: /ss / @u /sh /i

Table 8.1: Discovered phonetic features for ECoG electrodes on subject S1

Electrode No. 38 39 40 47 48

Perceived phoneme /sh /i / i: /@u /u:

Table 8.2: Discovered phonetic features for ECoG electrodes on subject S2

8.2 Phonetic Feature of Model Impulse Response

Figure 8.1 shows the impulse response for all 64 channels by training the model with

all samples in the dataset. Since there exists an offset and orientation mismatch between

ECoG arrays for different subjects, spatial distribution difference of impulse response for

two models is expected. But the discovered phonetic features for both patients are robust

and mostly consistent. We generated the “speech” signal from these impulse responses and

were able to identify some of the phonemes, which are listed in Tables 8.1 and 8.2. We have

found that the impulse responses for both subjects include the common set of /sh/, /i/ ,

/u:/ and /u/.

Previous studies investigating the pSTG area have revealed that certain electrode re-

sponses are sensitive to clusters of phonemes [6]. Here we further specified which phonemes

are selected by certain electrodes. It is possible to uncover more electrodes with phonemes

sensitivity given a bigger dataset of richer speech stimuli.

The consistency between WaveNet phonetic impulse response provides evidence for the

phonetic selectivity of STG and suggests a promising direction for further study of the STG

area with the discovered phonetic impulse responses.
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Figure 8.1: Impulse response for subject S1 (a) and S2 (b). Each subfigure corresponds to
one ECoG electrode site..



Chapter 9

Summary and Future Work

9.1 Summary

In this study, we explore three approaches for decoding speech from ECoG brain activ-

ities as well as interpret the decoding networks.

In our first approach, we adapt WaveNet to decode speech from ECoG signals while

listening to word stimuli. Despite a relatively small dataset, the high parameter efficiency of

the adapted WaveNet is able to overcome the overfitting problem and generate reconstructed

spectrograms with intelligible quality. The impulse response analysis of the fitted WaveNet

model further reveals distinct phonetic encoding by some cortex areas on STG. The phonetic

features discovered by these impulse responses are consistent with previous discovers of STG

area and suggest a promising direction for further analysis of the area and other auditory

cortices.

For the second approach, we proposed a new framework containing a decoder to extract

features from and map the ECoG signals to a representation space. A generator then

converts the features to a spectrogram. The generator in our framework is pre-trained

to predict realistic spectrograms from the representation space. This approach allows us

to tackle the challenge of limited training data and achieve accurate reconstruction from

cortical areas including STG. Additionally, the temporal attention mechanism introduced in

the decoder allows for better generalization of the network and interpretation of the results

for neuroscientific discoveries. The visualization of attention mask reflects the dynamics
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among superior temporal, inferior frontal, and precentral gyri during speech perception

tasks. We also proposed attentional based model which separately operates temporal and

space dimensions with convolution and attention respectively. We augment the attention

layer by MNI coordinate features to achieve more expressive power. The preliminary results

shows similar performance of the proposed attentional model and convolutional model on

partial-grid data.

Towards decoding produced speech, in the third approach, we proposed a novel dif-

ferentiable speech synthesizer which generates speech spectrograms from a small set of

interpretible compact acoustic speech parameters. Employing the proposed speech syn-

thesizer, we construct a ECoG decoder that maps the ECoG signals to speech parameters

with high data efficiency. The ECoG decoder can use temporal convolutions with different

causalities. Analysis on the anticausal vs. causal decoders lead us towards the discovery of

a surprisingly mixed feedback-feedforward processing over frontal and posterior lobe of the

brain for speech production.

9.2 Future Work

In future work we aim to use the developed techniques to study speech processing in

human cortex in finer details. For instance, dynamics of speech perception, understanding

and production can be studied by developing not only stimulus speech decoders and response

speech decoders, but also semantic word decoders. Our developed framework might also be

useful for other medical applications where limitations in training data hinder the use of

deep learning.

We are also interested in the effect of epilepsy on speech perception and production

by studying the contrast contribution between patients with epileptic STG activity in and

without.
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Hasegawa-Johnson. Speech enhancement using bayesian wavenet. In Interspeech, pages
2013–2017, 2017.

[64] Jinfu Ren, Yang Liu, and Jiming Liu. EWGAN: Entropy-based Wasserstein GAN for
imbalanced learning. In Proceedings of the AAAI Conference on Artificial Intelligence,
volume 33, pages 10011–10012, 2019.

[65] Tim Salimans, Ian Goodfellow, Wojciech Zaremba, Vicki Cheung, Alec Radford, and
Xi Chen. Improved techniques for training gans. In Advances in Neural Information
Processing Systems, pages 2234–2242, 2016.

[66] Ramprasaath R Selvaraju, Michael Cogswell, Abhishek Das, Ramakrishna Vedantam,
Devi Parikh, and Dhruv Batra. Grad-cam: Visual explanations from deep networks
via gradient-based localization. In Proceedings of the IEEE international conference
on computer vision, pages 618–626, 2017.

[67] Peter Shaw, Jakob Uszkoreit, and Ashish Vaswani. Self-attention with relative position
representations. arXiv preprint arXiv:1803.02155, 2018.



74

[68] Jonathan Shen, Ruoming Pang, Ron J Weiss, Mike Schuster, Navdeep Jaitly, Zongheng
Yang, Zhifeng Chen, Yu Zhang, Yuxuan Wang, Rj Skerrv-Ryan, et al. Natural tts
synthesis by conditioning wavenet on mel spectrogram predictions. In 2018 IEEE
International Conference on Acoustics, Speech and Signal Processing (ICASSP), pages
4779–4783. IEEE, 2018.

[69] SHTOOKA. The shtooka project. http://shtooka.net/, 2019.

[70] Kristina Simonyan, Hermann Ackermann, Edward F Chang, and Jeremy D Green-
lee. New developments in understanding the complexity of human speech production.
Journal of Neuroscience, 36(45):11440–11448, 2016.

[71] Daniel Smilkov, Nikhil Thorat, Been Kim, Fernanda Viégas, and Martin Wattenberg.
Smoothgrad: removing noise by adding noise. arXiv preprint arXiv:1706.03825, 2017.

[72] Donald T Stuss and Robert T Knight. Principles of frontal lobe function. Oxford
University Press, 2013.

[73] Cees H Taal, Richard C Hendriks, Richard Heusdens, and Jesper Jensen. A short-
time objective intelligibility measure for time-frequency weighted noisy speech. In
2010 IEEE international conference on acoustics, speech and signal processing, pages
4214–4217. IEEE, 2010.

[74] Akira Tamamori, Tomoki Hayashi, Kazuhiro Kobayashi, Kazuya Takeda, and Tomoki
Toda. Speaker-dependent WaveNet vocoder. In Interspeech, pages 1118–1122, 2017.

[75] George Tzanetakis and Perry Cook. Musical genre classification of audio signals. IEEE
Transactions on speech and audio processing, 10(5):293–302, 2002.

[76] Ashish Vaswani, Noam Shazeer, Niki Parmar, Jakob Uszkoreit, Llion Jones, Aidan N
Gomez, Lukasz Kaiser, and Illia Polosukhin. Attention is all you need. In Advances in
neural information processing systems, pages 5998–6008, 2017.
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